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PREFACE 


This issue of the Quarterly Transactions, Number 2 of Volume 51, 
contains the'balance of the 1932 Winter Convention papers, the first of which 
were published in Number 1 of this volume. This completes the publication 
of the Winter Convention program with-the exception of two papers, viz.: 
Surge Proof Transform™ and Effect of Transient Voltages on Power Transformer 
Design—IV. The".discussions on these two papers were received too late to 
permit their inclusion in this volume. They will appear in the Number 3 
Quarterly Transactions in September, 1932. 


Equivalent Circuits-—I 

BY FRANK M. STARR* 

Associate, A.I.E.E. # 


« 

Synopsis . —Equivaleift circuits^ heme r been found valuable in 
the solution of certain problems in that they simplify the analysis. 
Furthermore , equivalent circuits provide a means of replacing mag¬ 
netic coupling with simple impedance links thereby permitting the 
use of the calculating board for solution. * 

In Part 1 of this paper , the general equivalent mesh for the n- 
winding transformer is derived, and other less rigorous transformer 
circuits are discussed and compared. 

In Part II the mesh equivalent for the general network having 
(■m + l) points of entry is derived and its application is explained. 

The generalizations of Parts I and II provide a background for 


the particular problem treated in Part III in which the study of sys¬ 
tem networks involving groups of parallel transmission lines is con- 
r sidered. r The usually difficult problem of accurately determining 
* ground fault currents in such a system is readily solved by applying 
the special equivalent circuits developed in Part III to a calculating 
board set-up of the system. These circuits are? particularly valuable 
in the solution of any problem involving an analysis of the zero phase 
impedance diagram of a system. 

The methods and circuits developed in this paper are perfectly 
general and have many evident applications other than those treated. 

* * * * 5fs 


Introduction 

ARIOUS authors have used equivalent circuits 
from time to time in analyzing certain particular 
problems. 1 The present paper presents general 
methods of attack suitable for applying equivalent cir¬ 
cuits to a great variety of problems. The particular 
problems treated here concern transformers and 
networks. 

In general, any problem which can be analyzed with* 
an equivalent circuit can be analyzed without it. How¬ 
ever, the equivalent circuit may be useful for any or all 
of the following reasons: 

1. Since the equivalent circuit represents only termi¬ 
nal conditions, it is frequently simpler than the actual 
machine or circuit. 

2. It facilitates and reduces calculation in some cases, 
and even though the amount of calculation has not been 
reduced, it will have been speeded up and systematized. 

3. The equivalent circuit aids in visualizing the 
problem. 

4. Since the equivalent circuit is made up of simple 
impedance links, it may readily be set up on the calcu¬ 
lating board,f thereby lending itself to the solution of 
complicated networks. 

The particular problem which prompted the present 
study was that of representing a system of coupled cir¬ 
cuits by an equivalent composed of simple impedance 
links. This problem arose primarily through the diffi¬ 
culty experienced .in adequately representing on the 
calculating board groups of parallel transmission lines 
in which zero phase currents were flowing. In order to 
represent such a group, it is desirable to replace it with 

^Central Station Engg. Dept., General Electric Company, 
Schenectady, N. Y. 

tThe calculating board is referred to in numerous places 
throughout the paper. It is understood that, in' general, an a-c. 
board will be required since both resistance and reactance are 
involved in the circuits developed here. If resistance may be 
neglected, the d-c. board will be adequate. 

1 . For numbered references see Bibliography. 

Presented at the Winter Convention of the A.I.E.E., New York , 
N. Y., January 25-29,1932. 


an equivalent circuit in which mutual impedances be¬ 
tween the lines are simulated by simple impedance links. 

Closely related to the problem of coupled circuits, 
and probably a broader one, is the general network 
problem. In the study of transmission and distribu¬ 
tion networks, it is often desirable to simplify and reduce 
them. One method of doing this (the method general¬ 
ized in this paper) is to replace the actual system with 
an eequivalent network having the minimum number of 
l}pks required to satisfy terminal conditions. 

In order to treat the above mentioned problems ade¬ 
quately, the present paper is divided into Part i in which 
the general mesh linkage to represent n electrically 
isolated but magnetically coupled circuits is developed, 
and the corresponding star-mesh equivalent is derived; 
Part II in which the equivalent mesh linkage to repre¬ 
sent a general network having any number of points of 
entry is derived; and *Part III in which, by means of the 
generalizations "developed in Parts I and II, a number of 
special equivalent circuits representing groups of two, 
three, and four parallel transmission lines under various 
conditions are derived.' The method of adapting these 
circuits to a calculating board set-up of the zero phase 
diagram of a system is fully explained. 

The two generalized equivalents discussed in Parts I 
and II are quite* broad and should find many applica¬ 
tions other than those cited in this paper. 

It should be pointed out here that only linear circuits 
and networks are dealt with, in the present paper. It 
should also be noted that the circuits developed here 
are, in general, equivalent .only at a single frequency, 
although certain particular ones are equivalent at all 
frequencies.} 

Part I 

The Transformer Problem 

In practise, the multi-circuit problem frequently pre¬ 
sents itself, that is, the problem of a number of circuits 
each having a self impedance and a mutual impedance 
with every other circuit. Notable examples are the 

{Circuits independent of frequency are shown in Figs. 8, 9, II, 
12,13, and 14. 
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multi-winding transformer, a group of parallel trans¬ 
mission lines, the multi-winding generator, etc. 3 The 
usual problem in such systems is to determine the cur¬ 
rent in each branch having given the voltage impressed 
across each circuit. 

The multi-circuit problem may always be'“solved 
analytically. However, it frequently happens that to 

1 Ail ,i 

A12 Ca) 

* _ a *2 i 

—o——o-^- 


in Fig. lb is shown a conventional eqftivalejit for the 
two-winding transformer. This circuit consists of the 
primary leakage impedance, Z i (resistance plus leakage 
reactance), the secondary leakage impedance, Z 2 , and 
the load impedance, Z L , all three of which must be 
expressed on a common voltage base since the same cur¬ 
rent flows in each. If a is the ratio of primary to 
secondary turns, then the values of Z x and Z% referred 
to the primary ®are in terms of the characteristic A 
coefficients, 

Z\ — An ~~ Ai^ot (1) 

Z 2 = A 22 a 2 — Ana (2) 





Fig. I—Various Equivalent Circuits bor the_Two- 

Winding Transformer 

a. "The two-winding transformer 

b. Equivalent circuit used for calculating regulation, magnetizing current 
being neglected. This circuit gives no voltage transformation 

c. Equivalent circuit which gives voltage transformation and does not 
neglect magnetizing current. This circuit must be viewed from one winding 
only, since it falls down when viewed as a 4-point network 

d. A rigorous equivalent for the two-winding transformer which cannot be 
distinguished from the actual transformer under any imposed terminal 
conditions 

e. An equivalent equally as rigorous as that of Fig. Id , but much simpler 


do so involves a prohibitive amount of labor, in which 
ease it is desirable to set up the system on the calculat¬ 
ing board for solution. If- the board is to be used, the 
system of coupled circuits must be replaced by an 
equivalent linkage, since magnetic coupling of ade¬ 
quate flexibility usually cannot be simulated on the 
calculating board. 

Before discussing the general equivalent circuit for the 
ft-winding transformer, which is derived in Appendix A, 
it seems pertinent to consider other well known equiva¬ 
lents for coupled circuits, and to point out their limita¬ 
tions as compared with the present development. 

In order to study the various types of circuits, the 
two-winding transformer shown in Fig. la will be 
analyzed. Here, A n is the primary self or magnetizing 
impedance, A 22 is the secondary impedance, and An is 
the mutual impedance between the windings. 


Note in particular that this circuit neglects magnetiz¬ 
ing current, and .that it does not simulate the voltage 
transformation of the actual transformer. The circuit 
of Fig. lb is quite useful in calculating regulation since 
magnetizing current in a loaded transformer can usually 
be neglected. This equivalent is universally used to 
represent the two-winding transformer in the single line 
diagram of a polyphase system. Similar circuits have 
been developed for the three-winding transformer* the 
double-winding generator, etc. 

1 Now consider the circuit shown in Fig. lc, which like¬ 
wise represents a two-winding transformer with loaded 
secondary. Unlike the circuit of Fig. lb, this circuit 
gives actual voltage transformation. Moreover, it does 
not neglect magnetizing current. The magnetizing 



Pig. 2 —A System op n Electrically Isolated but Mag- 
NETICALLY COUPLED CIRCUITS 

Such a system may be replaced by an equivalent mesh of n(2n - 1) 
links connecting each of the 2 n points of entry in all possible ways. For 
example of equivalent mesh when n - 2, see Fig. Id 


impedances of the primary and secondary are respec¬ 
tively An and A 22 . The short-circuit impedance of the 
primary is 


Z = 


AiiA 2 2 — Ai 2 2 
A22 



*Mr. A. Boyajian demonstrated the value of this type of circuit 
in analyzing the three-winding transformer in his paper, Theory 
of Three-Circuit Transformers , Trans. A.I.E.E., Feb. 1924. In 
the same paper, he writes the general equations for setting up a 
similar type of circuit for the ^-winding transformer. 
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Thus, it js seeffl that the circuit of Fig. lc more nearly 
represents the actual transformer. However, as a net* 
work having four points of entry (i.e., 1, V, 2, and 2'), 
the. equivalent of Fjg. lc is stiU not strictly correct. 
For example, the impedance between points 1 and 2, 
Z is is infinite on the actual transformer, whereas on the 
equivalent circuit, this impedance has a finite value. 

The General Equivalent Circuit. A true equivalent 
circuit for a transformer is one which cannot be dis¬ 
tinguished from the actual transformer by any observa- 


4 


\ 

\ 

\ 

j (a) 
/ K 



a. Diagrammatic representation of the general network composed of 
many erratic links and having (m + 1) points of entry. A general network 
of this type may be simplified by replacing it with an equivalent mesh whose 
links are easily evaluated in terms of simple impedance measurements made 
at the terminals 

b. Example of the equivalent mesh for a network having five points of 
entry, the fifth point being considered as a ground point 

tions which can be made at the terminals. Evidently 
the circuits (6) and (c) of Fig. 1 fall down in this respect. 

In Appendix A, there is derived a general equivalent 
circuit for the ^-winding transformer having 2 n points 
of entry. This circuit is a mesh composed of n (2 n — 1) 
impedance links, one connecting each point of entry 
with every other point of entry. It is shown that the 
impedance of the link connecting the two points of entry 
of some winding j , i. e., points j and j f , is the driving 
point impedance from point j; and the link connecting 
two points of entry of two different windings, say points 
y and k' of windings j and k, is equal to the transfer 
impedance between points j and k '. 



m9 * # * r 

In Appendix A, it is further shown how these link 
impedances may be measured directly or calculated 
from known transformer constants, the A coefficients. 

The general equivalent circuit for the two-winding 
transformer* is shown in Fig. Id, and is^een to consist 
r of a si^v-link mesh, the values of which are 4 ” 8 


Z 


ii' 


A11A22 — Ai 2 2 
A 22 


(4) 



A11A22 — Ai 2 2 
An 




(5) 




A11A22 ~~ Ai 2 2 
A12 

Zr? = - £ 7 / = 




( 6 ) 


Although there are six links, it is evident from the 
above equations that only three of them are indepen¬ 
dent, since four links have values differing in sign only. 




Fig. 4 —These "Diagrams are Given to Show that an 
Equivalent May Not Always be Unique 

The circuit (a) has 11 links only, 9 of which are unique and indepen¬ 
dent since, by the indicated Y-delta transformations, it may be reduced to 
circuit ( b ) which has only blinks. Note that the number of points of entry 
has not changed * 


A circuit which is much simpler than that of Fig. Id, but 
equally as rigorous and having identical properties, is 
that shown in Fig. le. This circuit is seen to be a com¬ 
bination mesh and star arrangement, and may be ar¬ 
rived at by simple reasoning from the mesh of Fig. Id. 
Since the self-impedance of any winding is independent 
of the other windings, its value need not appearin any 
of the mutual links if it be lumped as a radial link at the 
terminals of the circuit. Thus, setting Aii and A 22 
equal to zero in equations (4)r, (5), and (6), and inserting 
radial links having impedances equal to A u and A 22 in 
terminals 1 and 2 respectively, one will obtain the cir¬ 
cuit of Fig. le. This latter circuit is much more useful 
than that of Fig. Id since the mutual links ace purely 
reactive, the resistances appearing only in the terminal 
links. This arrangement avoids the possibility of nega¬ 
tive resistance appearing in any link. 

In an entirely similar manner, the mesh equivalent of 
any number of coupled circuits may be simplified and 
rendered more useful by reducing to a combination star- 

*The circuit for the two-winding transformer was given by 
Geo. A. Campbell in his paper, Cisoidal Oscillations, Pkoc. 
A.I.E.E., 1911. Equations for then-winding transformer, how¬ 
ever, have never been published. 
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mesh arrangement. A rigorous proof for this trans¬ 
formation is given in Appendix A. 

Part II 

JThe Network Problem 

In the study of the behavior of a large transmission 
and distribution system, the transmission lines and con¬ 
nected apparatus^are commonly represented by an ap¬ 
propriate single line diagram, all units of connected 
equipment being replaced with suitable impedance links. 
In most cases, no trouble is experienced in mapping out 
the single-line diagram, at least none for the positive and 

A Wam 

** A y$r WjVvV 

’ll 1*2 

.1 lo. 

I 1 I* |1 2 |3 


I 

1 2~i 

|- 

2 

*— p 1 

j i 


i 

L.\f J 1 

i 

2 

\ 2 2A 
\ I Q 

4 


1 

2 


A*r, 

nzd 

• 3 - 

S 


1 , r 

i 

• 

2 


Fig. 5 Single-Line Diagram op a System of Transmission 

Lines * 

This system is made up cS several groups of parallel lines. In Figs. 8 to 
14 is given a number of equivalent circuits to represent such groups when 
the zero-phase diagram is to be set up on the calculating board 

negative phase diagrams,* since standard methods are 
available for doing this. 9,10 

In setting up the single line diagram on the calculating 
board, for purposes of simplification, it ifiay be desirable 
to replace either the whole system or some section of it 
with an equivalent impedance mesh which has the same 
number of points of entry but a greatly reduced n um ber 
of links. 1 - For example, Fig. 3a shows a complicated 
network, of impedance links .having (m + 1) points of 
entry. It is shown in Appendix B how such a network 
may be ^replaced with an equivalent mesh having 
m (m +'l) 

2 links, one connecting each point of entry 

with every other point of entry. The equivalent mesh 
for a five-point network is shown in Fig. 3b (note that 

“ A and f ? at the m +* 1 point is considered as a 
ground point for purposes of analysis). 

setTo ifThr« h r e 8 j ng! t line diagram 0f a ****** is not so easily 
V 11 f the f J stem evolves groups of parallel transmission lines 
-i= particular problem is discussed fully in Part III of the paper.' 


The values of the links of the equivalent mesh which 
is to replace the general network may be determined 
either by direct calculation from the network constants 
or by measurements made at the J;erminal» of the net¬ 
work. It is shown in*i£ppSndix B that the impedance of 



* Fig. 6—Equivalent Circuit for the Zero-Phase Dia¬ 


gram of the System shown in Fig/5 for a Ground Fault at 
PjOINT P 



Fig. 7—Equivalent Circuit for the Zero-Phase Dia¬ 
gram of the System Shown in Fig. 5 for a Ground Fault at 
Point Q 

the link connecting any two points of entry such as j 
and k is equal to the transfer impedance between the 
points j and k, i. e., - 

Zjk = Z jk ( 7 ) 

It is further shown that the impedances of the links 
of the equivalent mesh may be calculated by determi¬ 
nants in terms of the through impedances of the net¬ 
work (by through impedance between any two points 
such as 3 and k is meant the impedance between these 
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points yith all other ppints open). In terms of the The methocls developed in Appendix B apply to any 
notation defined in Appendix E » general network provided the impedances are linear and 

# provided there* 1 are no internal voltages. Note that, 

* ^ (8) although a network is usually composed of simple 


a= 

b =■ (M 22 -M 12 ) 

C = M 12 



Fig .9 

Conditions : All Mutual Impedances 
Independent. 

Links: 

a 3 ( MH-M 12 -M 23 + M 13 ) 

M 12 M 23 

b=M 2 2 -—- 

M 13 

C=(M3 3 -Mi2-M 23 +M 13 ) 
d . (M23 +Mi2)(M23 ~ M 13 ) 

M 13 

G 3 (M23+ Mi 2 )( Mx 2 " M 13 ) 

M 13 

f=(M 2 3+Mi 2 ) 



Fig: 11 

Conditions : Mi 3 = M23 
Links : 

a = fMn-Mi2) c=fM33-Mi3) 

b = (M22” M12) d.= (Mi2-Mi 3 j 

e = M 13 


d 

0 --©AM, 


Fig. 13 

Conditions: M12 s m 23 = M13 
Links : 

0 = Mu- M 12 
b S M 22 - M12 
C = M33- M 12 
d * M12 



Fig. 10 

Conditions :All Mutual Impedances Independent. 

Links.' 

a Mj. 1 ( m 1 V m h)/M u-Mat) „ f M 12 -M 14 VM 13 M 24- M 12 




v V Mi4 A M24*M34 
h= Mi2M34 \ 

v M24-M34 ' 

j _ f Mis M 24 - M 12 M34 *j 
V M 13 - M 12 / 


, (M 24 -M 34 )(Ml 4 -Mi 2 < ) (Mi3M; 4 -Mi;M 34-M23M t4 ) 


44 ^ (Ma-Mia) 

/ M34-Mi 4 W Mi3M24-M U M 34 \ 
*1 M14 )[ M2A-Mn/i / 


m£(Mi,M 2 4-M 23 Mi4) 
M12 M 34 > 



I Conditions: = —=4— 

- Mw 

b 


r s (Mn-Mn ) 

(Mi 3 -Mi4) y 

[ M23-M24 \/ Ml2M34- Ml 3 M 2 4 \ 

° \ M24 A Mi 2 »Mi 3 J 

h ( M12 M34- M13M24 )* 
(M34-M24) 


j ... .. . (M34’M24 )(Mi 4 -Mj 3 ) :_(Mi 2 M34-M13 M24) 

d= 1»u-M' '' " (m»-m 13 ) 

23 - Mia ) j Ml?, M 34 - M13 M 24 N . 

I Ml 3 A M34-M24 ) ' 



Fig. 14 

Conditions : M 13 -M 23 . Mi4=M 2 4*M34 
Links : 

a*(Mn- M 12 ) d=( M 44 -M 14 ) 

b*(M22“Mi2) ©=(Mi2-Mi 3 ) 

C=(M 33 -Mi 3 ) f = f M 13 - M 14 ) 
g=Mi4 


Figs. 8-14 


where the characteristic coefficients of the determinants impedance links, the general network as it is considered 

A n ia 1 . * «* « «« _ 


A m c and Qc_.fi are 

C Si 

c kk 


here may involve magnetic coupling between any of its 
( 9 ) elements. In fact, the general network mesh may be 
q 0 ) applied directly in obtaining an equivalent mesh derived 
in Appendix A for the w-winding transformer is much 
rjjN simpler and more appropriate to the transformer prob- 
" lem than is the general network mesh. 
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Part III 

The Zero Phase System Diagram 
As pointed out above, the zero phase diagram of a 
system which involves parallel transmission lines does 
not lend itself sc readily to a calculating board set up. 
This is owing to the fact that, when zero phase currents 
are flowing in the parallel lines, the mutual magnetic 
coupling between them cannot be neglected; neither can 
it be adequately represented with the usual calculating 
board equipment.* 

A typical example of a system involving groups of 
parallel lines is shown in Fig. 5. The analytical deter¬ 
mination of the currents in every branch of this system 
due to a ground fault is practically impossible, but if 
each group of parallel lines is replaced with an equiva¬ 
lent linkage, the calculating board may be applied to 
obtain an exact solution. 

A group of circuits representing two, three, and four 
parallel lines under various conditions is shown in Figs. 
8 to 14 inclusive. The derivation of. these circuits is 
discussed in Appendix C. Since more than four parallel 
lines seldom exist for any great distance, equivalents for 
groups of more than four lindfe have not been derived. 
However, should a case arise in which more than four 
parallel lines do occur, appropriate circuits may be* - 
readily developed by applying the rules outlined in 
Appendix C. 

In regard to this special group, of Equivalents for 
^parallel lines, it should be noted that: r 

1. The ^values of impedance links are short usable 
expressions in terms of the self and mutual impedances 
of the lines, which are constants usually known. 

2. Negative impedance links may usualjy be avoided 
in the application of these circuits (the circuit of Fig. 10 
being excepted) thereby permitting the use of the d-c. 
calculating board where resistance may be neglected. 

3. The self-impedance of each line appears only in the 
radial link at the terminal, the mutual links being purely 
reactive. This arrangement insures that negative re¬ 
sistance will always be avoided. 

To illustrate the utility of these special circuits, the 
zero phase diagram of the system of Fig. 5 is set up for 
the solution of ground faults in Appendix D. The 
equivalent network is fully developed for two different 
fault conditions. 
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Appendix A 

The General Equivalent Circuit for the 
A'-Winding Transformer 
Consider the system of mutually coupled circuits 
shown in F ig. 2, and having 2 n points of entry. The 

*It is conceivable that actual transformers might be used for 
this purpose, but the multiplicity of windings with the highly 
flexible couplings required make such a method impracticable. 


canonical equations which completely define such a sys¬ 
tem are 17 * * 

Vi — All 1 1 + An 12 “f - • . . Ain In 


V* ~ Am I*+ Aj, 2 I 2 + . . . . Akn In (la) 


V n — Anili + A n 2 I2 + . . . . A nn I n 

in which Vk is the v*oltage impressed across the terminals 
k and k' of any circuit k y and Ik is the current flowing 
from k to k\ If A 3 -& is the characteristic impedance co¬ 
efficient, there is in a conservative system 

Ajk Akj (2a) 

Note that coefficients of the form Ajk represent mu¬ 
tual impedances (or reactances in this case) of the sys¬ 
tem, whereas coefficients of the form A 7 - ? - represent self 
of magnetizing impedances. 

Solving equation (la) for the currents 

II = Bn V1+B12V2+ . . . . Bln Vn 


I* = B il V 1 + B M V,+ . . . . BknVn (3a) 


In = B nl Vi + B n 2 V 2 + . . . .B n nV n 
in which 18 


- B u - -StA- (- iy+‘- (4.) 

Ain-* A 


where 

An-A ' ■ 

An A. 12 . . . . 

. Ain 


A n - A = 

Aki Ak2 . . . . 

Akn 

(5a) 


A n 1 A n 2 * 

A nn 


and Qa-j* is the cofactor of A jk in A„. 

-A, (i. 

e., the minor 


of A„_ a with the /’th column and k’th row deleted), the 
sign of which is (- 

'Yl ('Yi —1— 1 'j 

There are n 2 coefficients in equation (la), *---— 

of which are independent. Therefore an equivalent 
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linkage which •represents # the system must have 2 n 

• 71 (n -f- 1) . * 

points of entry and at least —— ^- independent 

• # ' 

links. A convenient equivalSitlinkage which satisfies 
these conditions is the straight mesh consisting of a sys¬ 
tem of links, one connecting each point of entry with 
every other point of entry (for example of mesh when 
n = 2, see Fig. Id). * 

Evaluation of the Links of the Equivalent Mesh . In 
order to evaluate the links of the equivalent mesh, let 
all points of entry of the actual system be grounded 
except point k of circuit k . Then all impressed voltages 
except V k will be zero and equation (3a) becomes 

h = B lk V k * 

I k = Bkk Vk (6a) 


In B nk Vk 

If the condition of grounding is likewise applied to 
the equivalent mesh, there results the analagous group^ 
of relations 

- V, V, 


* 

indicated in equation (7a), or calculated as indicated in 
equation (4a). 

The Combination Star-Mesh Equivalent . The general 
equivalent developed above for the w-winding trans¬ 
former may be reduced to a much simpler combination 
r star-m$sh equivalent, the derivation and proof of which 
* follow. 

Let equation (4a) be rewritten as 
V\ — An II — 0 + A12 I 2 + • • • • + Ai n I n 


Vk — A.kk Ik — A/cl 1 1 + A k2 L + • • • • 4“ A k n Jn* 


Vn — A nn I n — An 1 h + An2 1 2 + • • . . + 0 

(10a) 

Considering the left-hand members of equation (10a) 
as the impressed voltages,* and solving for currents as 
befoil3, one obtains 

2i = B' 11 (Vi — An Ii) + B'i 2 (V 2 — A 22 If) + . . . 

+ B' in (V n — Ann I n ) 



(7a) i k __ B'ki (y 1# — An If) + B'kz (V2 — A22 I2) + . . . 

* + B'kn (V n — A„n In) 



where Zj^ is the impedance of the link connecting any 
two points of entry j and k. The relations of equation 
(7a) follow from the fact that the link connecting point 
k with the grounded point k' carries current I k , and the 
link connecting point k with any point such as j or j' 
carries current I*. This must be true since all links be¬ 
tween pairs of grounded points can carry no current. 

From equations (6a) and (7a), the following general 
relations are evident: 

1 

Z kk ' = p (8a) 

&kk 

Zjk' = to = Zfk = Zfjp = Zjj. (8a) 

£>jk 

It may be observed that links of the equivalent mesh 
connecting the two points of entry of the same winding 
are driving point impedances, and links connecting 
points of entry of different windings are transfer im¬ 
pedances, all of which may be measured directly as 


In = An h) + B'm (V, - A 22 If) + . . . 

+ B' n n ( V n — A nn In) 

The B coefficients.are primed in this case to distin¬ 
guish them from those of equation (3a). In thte same 
manner that equation (3 a) was interpreted to represent 
a 2 n-terminal mesh (such as that of Fig. 4b fbr n = 3), 
equation (11a) may be interpreted to represent a simi¬ 
lar mesh except that the impressed voltage on circuit 
k is (Vk — Akklkk) instead of V h . The impedances of 
the links of the new mesh will be 



(12a) 



(13a) 



(14a) 
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Since /, flows into point k, and since A kk I kk is a volt¬ 
age drop due to I k alone, then this drop may be replaced 
with a senes impedance link equal to A kh in the terminal 
ot point k. It is evident that the combination star- 
mesh is exactly equivalent to the pure mesh since a volt¬ 
age V k is impressed at terminal k and a current I k flows 
into terminal k in both circuits. Note that the” radial 
impedance link may be placed in either terminal k or k' 
or may be distributed in both. 

Appendix B 

The Equivalent Mesh Linkage for a General Net¬ 
work Having any Number of Points of Entry 

. p onsider the general network shown in Fig. 3a, which 
ibis desirable to replace with an equivalent mesh link¬ 
age. Assume this network to have (m + 1) points of 
entry, where m is any number. Let the (m + 1) point 
of entry be the ground point or point of zero potential. 
If a point of zero potential does not exist, this terminal 
may be arbitrarily specified as such in order to provide 
a reference point for the voltages impressed at the other 
m terminals. 

The canonical equations which define the network at 
its terminals are 17 

Vio = Cnh + Culo + . . . . + c ln l m r 


Transactions A. I. E. E. 


r c r 

V M = C Al I 1 + C k Ji + . . . . +C km I m (lb) 


V m0 - Crnlh + C m J 2 + ....+ Cmmlm 

where V k0 is the voltage impressed from any point k to 
ground, I k is the current flowing into point k, and C jk is 
the characteristic impedance coefficient whose value is 
to be determined. 

The solution of equation (lb) for currents gives 
II = + . . . . +D lm V m0 


where 


Cll Cl2 


OTny-j: 


| Cml C m 2 .... c mm | 

r 

The relations between the C and D coefficients of 
equations (lb) and (2b) are exactly analagous to the 
relations between the A and B coefficients of equations 
(la) and (3a). .In equation (3b) above, Q C - jk is the co¬ 
actor of Cjk in A m _ c . Since a mesh composed of 

m (m AY) _ r 

2 links connecting (m + 1) points of entry 

m all possible ways may be just as completely defined by 
equations (lb) and (2b) as the network itself,, it follows 
that the network may be replaced by an equivalent mesh 

having (m + 1) points of entry and — ^ finks. 

The equivalent mesh representing a network having five 
points of entry is shown in Fig. 3a. 

- Referring to Figs. 3a and 3b, let a voltage V> 
be.impressed at point k of the network and let all other 
points of entry be grounded. Then equation (2b) 
becomes 


ii 

D lk 


1 

Ik 

B>kh 

V*6 

1 

I,n 

D m Je 


DkiV 10 + D k2 V 20 + 


* km V mO 


Im - D m lYio + D m2 V 2 Q +....+ D mm V m o 

Expressed by means of determinants as functions of 
the C coefficients, the D coefficients are 

D jk = D k j = — (- iy'+* (3b) 


Now let the same conditions obtain with the equiva¬ 
lent mesh (the five-point mesh of Fig. 3b may be used 
for reference). Current entering ground from any 
grounded point j will be negative in sign and must flow 
through the link Zj k since links connecting all grounded 
points can carry no current. In general then 

V*o „ 1 

r = — Zn- = — Z.-i = —— 


(3 b) connect i n g points k and o is not the driving 

point impedance from k to ground as might be supposed 
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by analogy with equation (8a), but rather the transfer 
impedance between points k and o. Thus, . 


Zr = 


y, On 


where 


2 '< 


The method of measuring the D coefficients is evi¬ 
dent from equation (5b). 

Evaluation of the C Coefficients. The C coefficients of 
equation (lb) may be evaluated b^ measuring volt¬ 
ages, whereas the D’s were evaluated by measuring cur¬ 
rents. In equation (lb), let all currents except I k equal 
zero (i. e., let all points of entry except k be opened up). 

Then, 

V fc0 = C kk I k (8b) 

V J0 = C ik I k (9b) 

where V,- 0 is the voltage appearing between point j and 
ground when current I k flows. By impressing a voltage 
to ground on each of the terminals in succession* and 
measuring the voltage to ground appearing on each -of 
the open terminals, equations (8b) and (9b) will suffice 
to determine all C coefficients. If it is not convenient 
to measure voltages, the following method is available. 

Referring to equation (lb), let all currents equal zero 
except Ij and I k where j and k are any two points of 
entry. Also let the condition /,• + /* = 0 be imposed. 

Then 

y 3 „ = I fin + I k C ik (10b) 

y»„ = ijCjic + i k c k ic (iib) 

which when solved for currents give 


y 3 -o— y M 
_ 


C,-j + Ckk — 2 Cjk 


where Z,- k is the through impedance between terminals 
j and k. 

Referring again to equation (lb), let V k o be impressed 
to ground at k with all other points open. Then the 
through impedance from any point k to ground is 

^ =Z k . o = C kk (13b) 


•Also Zi- o = Ci< } (14b) 

From equations (12b), (13b), and (14b) 

■ + = Cjk (15b) 

Equations (13b), (14b), and (15b) give the funda¬ 
mental relations between the C coefficients and the 


through impedance measurements (or calculations) of 
the network. 

Appendix C 

Equivalent Circuits for Two, Three, and Four 
Par alle l Transmission Lines Bussed at One 
* End 

For purposes of analysis, a group of parallel lines 
bussed at one end may be considered as a network. 
Thus, two parallel lines constitute a three-p*int net¬ 
work, three parallel lines constitute a four-point net- „ 
work, etc. Since the lines are bussed, the through 
impedance between any two points of entry of such a 
network will be finite, and therefore equations (13b), 
(14b), and (15b) may be applied. • 

As pointed out in Appendix B, a network having 
(m + 1) points of entry might be represented by the 
general mesh equivalent. However, a network may be 
represented by other equivalents having the same num¬ 
ber of independent links provided the arrangement of 
links is unique and non-reducible. Circuits of this type 
are shown in Figs. 8 to 14 inclusive, and are seen to be 
combination star-mesh arrangements. The reasons for 
adopting these particular linkage arrangements will be 
evident from the following derivations. 


Two Parallel Lines Bussed at One End, Fig. 8 

Consider the .case of two parallel lines bussed at one 
end and having sell-impedances of M n and Mm* and 
having a mutual impedance between them of M 12 . • 
The system is a three-point network, and” may be repre¬ 
sented by two voltage equations. If the bus be con¬ 
sidered as the ground or zero point, there is from equa¬ 
tions (13b), (*14b), and (15b), noting that the M coeffi¬ 
cients replace the C coefficients in this case, 



cients which describe the system, there must be a mini¬ 
mum of three links in the equivalent. Either a Y or 
a delta satisfies the necessary conditions, but a Y ‘is 
simpler and will be used here. Referring to Fig. 8,f 
one may write 

Z 1-0 = a + c (4c) 

Z 2-0 ~ k -j- c (3c) 

Z i _2 = a + b (6c) 


*By self-impedance is meant a term of the form (r + jx) where 
x is a reactance corresponding tt> self-inductance. The mutual 
coefficient Mj k is purely reactive. In some eases, resistance may 
be neglected, in which cases all coefficients are reactive. 

fThis circuit was derived by Edith Clarke in Simultaneous 
Faults, (see Bibliography 8). 
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From equations (lc) to (6c), it follows that 


a = M n -Mu r (7c) 

^ = dM 22 ~ Mn (8c) 

c = M n ( 9 C ) 

<r 

Four Parallel Lines Bussed at One End, Fig. 12 

Here the method of attack is exactly the same as in 
the previous case. In this case, 


r- 


, to (to + 1) 
w = 4, ---= io, 


and the minimum number of links is ten. The radial 
links a, b, c, and d identify the self impedance coeffi¬ 
cients, and the links in the loop identify the mut ual s. 

Link j has been included to illustrate a principle. 
Note in the simultaneous equations below that j appears 
in exactly the same manner in each equation. Hence, it 
will be automatically eliminated in the solution and can¬ 
not be considered as an independent link. The circuit 
of Fig. 12 does not have, then, the requisite ten links 
but has only nine, one mutual link being deficient. 
Since six mutual impedances are being expressed in 
terms of five links, it is necessary that one of the mutuals 
be related to the others in some manner. In general^ 
one may choose which mutual is to be independent. 

From Fig. 12, the ten circuit equations for this case 
are 


Zi-o — & + j + 


(e +f+-§ + iJh 
D 


(10c) 


Z 2-0 = b + j + 


(f + g + iUh+%) 
D 


(11c) 


where D = e + f + g ft-h + i ( „ (20c) 

r Applying the general equations (13b), (14b), and 
(15 b) simultaneously as before, and solving equations 
(10c) to (19c) simulta neou sly, one obtains for the im¬ 
pedances of the ten links, 


r 

'a = 

M n - 

r 

- M a + 

~ M 13) 

(M„ - 

(Ml 4 - 

M24) 

' M24) 

(21c) 

b = 

Mu - 

c 

M 12 -Zl^24 

Mu 




•(22c) 


M33 - 

-M34 Mi 3 





c -= 

Mu 




( 23 c) 

d = 

m 44 - 


- M 24 ) (M u - 

(Mi 2 — M13) 

Mn) 

( 24 c) 

0 — 

(M23 

— Mu) / Mj 

.2 M34 — 

M13 M"o 4 \ 

( 25 c) 

C/ — 

M u \ 

Ms 4- 

Mu 

— j 

/ = 

{Mn 

— M i3 ) 





{Mn 

- M u ) 9 




( 26 c) 

ft 

fl — 1 

( M, 

23 ~ M24 \ ( M U M34 

— Mu 

M24 \ 

( 27 c) 

y — 1 

• 

\ 

Mu / \ 

Mn 

-M l3 

- j 

h = i 

( M u 

! M ^34 M"i 3 M04 \ 





M34 — M24 

) 



( 28 c) 


t M u 

M34 — M13 M24 

\ 




* = ( 

\ 

M 12 - M n 

) 



( 29 c) 

7=0 





( 30 c) 

and the condition that 





■2^3-0 = c + j + 


(h + e + /) (g + i) 
D 


(12c) 


M* 


Mn Mja 
M u 


Zi-o = d -f- j + 
S i-2 — a -j- b -j- 

1r 

Zl -3 = a + c + 

w 

Z i_4 = a d - f~ 

Z 2 - 3 = b 4~ c -f- * 
^ 2-4 = b + d + - 
Z 3-4 = c 4“ d -f- - 


(h 4 - e 4- / 4~ g) i 
D 

# 

(/ + 9 + i + h) e 
_ 

+ i + h) (e +/) 
~D 

( e + / + g) ( h + i) 
— 

(g + i + h + <i) f 

_ 

(h + e + i) (/ -)- g) 

D ~ 
(h + e + f + i) g 


If the parallel lines are grouped at equal spacings in 
( 13 c) the same horizontal plane, the above relation is closely 
approximated, and the circuit may be used without 
great error. However, it is shown in Appendix D that 
(14c) when this circuit is used as a part of a major network, it 
may be applied without any error by shifting the un¬ 
balanced part of M 2 3 to another part of the system. 

( 15 c) The circuit which provides ten fully independent 
links for the case of four parallel lines is shown in Fig. 10. 
Preference is to be given to the circuit of Fig. 12 how- 
.( 16 c) ever, when it can be used, because of its simplicity and 
because of the absence of negative links. 

Rules for Setting Up Equivalent Circuits. From the 
(i7c) foregoing analysis and discussion, the following rules 
for setting up an arbitrary equivalent circuit to repre¬ 
sent any network having (to + 1 ) points of entry and 
( 18c ) having finite impedances between each pair of terminals, 
may be inferred: 

( 19 c) 1 ‘ ^uivalent circuit must have the same number 

of points of entry as the network. 
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2. Assjgn tlfe (m + 1), point of the network as the 
grfiund point to which all voltages may be referred. 

3. Set up an equivalent linkage having a minimum of 

-AAlt—I rememberiUg'that: 

2 


a. 


mim — 1 ) 


of these links must be mutual* with 


more than one circuit. 

b. It must not be possible to reduce the equivalent, 
by a Y-delta transformation or similar artifice, to 
one having fewer links (for example, see Fig. 4). 

c. There must be no link common to all of the m 
circuits in the same way (for example, see link j 
Fig. 12). 

d. More than the required number of links, if used 
judiciously, often simplify the result (for example, 

see link c Fig. 9). . 

e. If less than the required number of links are 
used, there will be as many coefficients which are not 
independent as there are deficient links. 

4 . Evaluate the M coefficients by measuring or cal¬ 
culating the through impedances of the network and 
applying equations (13b), (14b), and (15b). 

5. Set up the values of the through impedances of tjie 

equivalent circuit in terms of the unknown links. 

6. Solve simultaneously the m(m + 1) relations of 
items 4 and 5 above. 

Appendix D 

Application of the Special Circuits of Appendix c 
to the Zero Phase Diagram of a Transmission 
System » 

To illustrate the utility of the special circuits shown 
in Figs. 8 to 14 inclusive for representing groups of 
parallel transmission lines in the zero phase diagram of 
a system, the following typical problem and solution are 

^Problem. Map out the zero phase impedance dia¬ 
gram, in a form suitable for setting up on the calculating 
board, of the transmission system shown m 1 ig. a• 

Solution. It may be noted that this system includes 
eight buses. Four of them are connected to rotating 
machines two of which are grounded, and three are con¬ 
nected to transformers all of which are grounded J ^ 
zero phase diagram of the system Fig. 

Fig. 6 for a fault at point P, and in Fig. 7 for a fault at 

P °The^method of obtaining the equivalent dmgrams in 

Figs. 6 and 7 is evident. The group of magnetically 
coupled parallel lines emanating fromi any one bus 
(each bus is designated with a capital has bee^ 

replaced with an appropriate equivalent circ • N 
that each equivalent includes line constants up to the 

“AUTayout is that of an actual system which was receded for 
solution. 


• • # 

dotted lines shown in Fig. 5. Further note in Fig. 5 
that D and E are the same bus but are considered as 
separate circuit since the lines form no mutual with 
those from D. Circuit J is not associated with a bus, 
but merely consists of two parallel lines with four points 
of entjty. It is necessary to segregate "this portion of 
lines 1 and 4 emanating from G for the case of a fault at 
Q. For the case of the fault at P, the constants of cir¬ 
cuit J are included with those of circuit G. 

Bus G has four lines, all of which are mutuallweoupled 
for a certain distance. Space does not permit the mem- . 
sion of the circuit constants which w r ere used in the solu¬ 
tion of this particular system. However, although the 
relation M 23 = is not quite satisfied by 

the actual system constants, (the actual value of 
being slightly greater than that obtained from the above 
relation), the circuit of Fig. 12 was applied. The addi¬ 
tional impedance mutual between lines 2 and 3, which 
could not be included in this circuit, v T as added to the 
mutual link between lines 1 and 2 emanating from bus I. 

Of course this shifting of mutuals is permissible only 
provided it is not intended to examine voltage condi¬ 
tions at some point in tlje equivalent circuit between 

bus§s G and I. . „ 

In setting up the equivalent system shown m mg-b 
for a fault at point P, it was found that in no case did 
any of the circuits involve negative links. 1 he signifi¬ 
cance of this fact is that, in case resistance may be neg¬ 
lected, the lay out may be adapted to a d-c. calculating 
board. Note‘that‘the circuit shown in Fig. 6 may be. 
used without change for a number of fault conditions 

such as any bus fault for example. 

The zero phase impedances in the machines and 
transformers ‘are included in the L links shown lmFigs. 

6 and 7. Incidentally, it presumably is evident that any 
lumped reactance in a line, such as a transformer reac¬ 
tance, may be added directly to the self reactance of the 
line and the total used as a coefficient m setting up th 
equivalent circuit. 

Appendix E 

Notation 

a . —Characteristic magnetizing impedance of any- 
winding j in the multi-winding transformer. 

A , k -Characteristic mutual impedance between any 
A] * two windings, j and *, of the multi-winding 

transformer. ‘ . ,. . „ 

B .. —Characteristic admittance of any winding J' ‘ 

B ” • transform®- with all other mndnrgs short- 

circuited (also driving point impedance from 

B —Characteristic admittance of the ^^i-wrndmg 
transformer corresponding to a ^tage im 
pressed on winding; and a current mv in dm. 

' fe with all windifigs except j short-eircuite , 

-Characteristicimpedance between any point; of 
a network and ground. 


Cu 
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&n -A 
A m _o 

Qa~ ? 'K 

%Tk " 


Characteristic mutual impedance" between any 
two circuits of a network; and lo —the voltage 
appearing between point of entry; and ground 
when unit current flows from point of entry k 
to ground, and vice versa . 

—Characteristic admittance of a networks mea¬ 
sured from point; to ground with all other 
points of entry grounded (driving point 
admittance). 

Characteristic admittance of a network corre¬ 
sponding to a voltage impressed from point of 
entry ; to ground and a current flowing to 
ground from point of entry k, when all points 
except; are grounded (transfer admittance). 

—Self-impedance of any transmission line,;. 

—Mutual reactance between any two transmission 
mes,; and k, i. e., the voltage induced in one 
due to unit current in the other. 

‘ N th order determinant in A. 

~~M ’th order determinant in C. 

—Cofactor of A jk in A 

—Impedance of a link connecting any two points, 

; and k, m general mesh. 

—Through impedance measured between points j 
and A: of a system or network (assuming alf 
other points of entry open). r 

-Transfer impedance between points; and A; of a 
network or system. r 

-Driving point impedance t6 ground from any 
point; of a network or system. 

-Voltage impressed across any winding A: of a 1 
multi-winding transformer< 

-Voltage impressed from any point k to ground in ] 
a general network. 

-Current flowing in any winding A; of a multi- j 
winding transformer, or the current entering 
any point of entry k of the general network. 1 

-Any integral number referring to the number of 
points of entry of a general network (exclud¬ 
ing the ground point). 


Transactions A I. E. E. 


y n —Any integral number referring to r the number of 
^ ' windings of the multi-winding„transformer. 
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Transient Oscillations of Mutually Coupled 
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Synopsis .— The paper is a mathematical study of the oscillations *and open terminal conditions are obtained , but the general solution 
occurring in a pair of mutually coupled windings—the primary * for any impedances at the terminals is not attempted , except for 
and secondary of a transformer—when one of the terminals is the initial distribution, 
subjected to the impact of a traveling wave. Solutions for grounded 


Introduction 

N the past, the mathematical analysis of transient 
oscillations in transformer windings has been based 
upon a single winding having Self and mutual 
inductances between its turns, capacitances along the 
stack and to ground, and in one instance resistances to 
represent the losses. 1 Such a circuit ignores the 
presence of secondary circuits, but strangely enough, 
proves quite adequate to describe the internal high- 
frequency transients of the winding under considera¬ 
tion, not only qualitatively, but quantitatively as well. 
However, cathode ray oscillograms do show some differ- 


addition to the above limitation of the single winding 
theory of transformer oscillations, there was nothing 
in the equations relative to the internal oscillations of 
the secondary circuit. • 

The idealized circuit of a two-winding transformer is 
shown in Fig. 1. The primary winding, on which the 
traveling wave is assumed to impinge, is designated as 
winding No. 1 and all associated voltages and currents 
have the corresponding subscript as e u i eh in, Yi- The 
secondary winding is designated as winding No. 2. 
The terminals are shown connected to impedances 
Zi, Z 2 , Z h and the incoming surge impedance Z. Each 



Fig. 1—Complete Idealized Circuit op a Transformer to High-Frequency Transients 


ence in the characteristics of the oscillations, depending 
upon the terminal connections of the secondary circuits. 
This is particularly true in the case of an isolated neutral 
primary winding, where a change from an open-cir¬ 
cuited to. a short-circuited secondary may bring about 
considerable changes in the frequencies of oscillations. 
This shift of frequencies has been loosely attributed to 
a change in the effective inductance of the circuit, 
brought about by closing the secondary circuit; just as 
the natural frequency of a simple lumped inductance- 
capacitance series circuit is changed if the inductance 
is reduced by short-circuiting a coupled winding. In 

*Power Trans. Engg. Dept., General Electric Co., Pittsfield, 
Mass. 

1. For references see Bibliography. 

Presented at the Winter Convention of the A.I.E.E., New York, 
N. Y., January 25-29,1982. 


winding has capacitance C and K to ground and along 
the stack respectively, and an effective self-inductance 
L. The two windings are coupled magnetically by an 
effective mutual inductance M, and electrostatically 
by capacitance C s . The various circuit constants and 
variables are specifically defined in the List of Symbols. 
It is pertinent to remark at this point that the effective 
inductances of the circuit include the partial inter¬ 
linkages, on certain assumptions, and are nqt simple 
uniformly distributed constants. The necessity for 
these more complicated assumptions is responsible for 
greatly increasing the complexity of the problem. 

The application of Kirchhoff’s laws to the elements 
of the circuit shown in Fig. 1, permits the partial 
differential equations of the - *circuit to be written. A 
solution is then found such that the terminal and 
boundary conditions are satisfied. 
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The initial Sistribution caused by tlfe impact of an 
abrupt wave front depends only on the capacitance 
elements of the circuit; because the currents through the 
capacitive paths are infinite for an infinite rate of 
change of voltage, whereas the currents in the inductive 
paths are all # zero at that first instant. Thu$ Fig. 2 
shows the circuit which is effective for calculating the* 
initial distribution. 

The idealized circuit of Fig. 1 is free of losses, and 
therefct*e stabilization does not occur (theoretically) 
unless the terminal impedances have losses. For zero 
or infinite values of the terminal impedances the 
oscillations never do subside but persist forever. 
However, any actual circuit possesses some losses, and 
oonsequently the oscillations eventually die out and 
the currents reach permanent values, so that there is 
no change of flux and no induced voltages. The 
distribution of voltage in the primary winding is then 
uniform (ignoring the conductance from the winding 
to ground), and the potential of the secondary is 
constant throughout the winding. Thus while the 
realization of these final distributions is contingent 


Conclusions and Findings # 

. As far as a description of the transient in the prinfary 
winding is concerned, both qualitatively and quanti¬ 
tatively, it is not necessary to consider the* influence of 
the secondary windmgTeeyond keeping in mind that 
its terminal conditions will change the relative im¬ 
portance of the natural frequencies of oscillation. But 
the& changes in frequency can be fairly adequately 
accounted for bV changing the effective inductance in 
the equations. 

The transient in the two-winding circuit consists of 
an infinite series of space and time harmonics, oscillat¬ 
ing about the final distribution as an axes of oscillation. 
The amplitudes of these harmonic oscillations depend 
upon the initial &nd final distribution, and are in fact 
given by the Fourier analysis of the difference between 
them. 

The space harmonics which appear in the solution 
are decided by the Fourier series chosen to represent 
the initial distribution throughout the length of the 
winding. The fundamental wavelength upon which 
the Fourier analysis is made is dictated by convenience 
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Fig. 2—Circuit Determining the Initial Distribution 


upon the presence of losses, either in the circuit itself 
or in the terminal impedances, nevertheless there are 
fixed axes of oscillation about which the transient oscil¬ 
lations of the no-loss circuit take place. 

The complete solutions are not attempted, except 
for zero and infinite values of the ter minal impedance; 
that is, for grounded and isolated terminals. The 
solutions given are also restricted to rectangular applied 
waves. The response to waves of arbitrary shape can 
always be found in the usual way by an application of 
Duhamel’s Theorem. 1 The solutions are in the form 
e = (final distribution) + 2 (harmonic space and time 
. oscillations) • 

The time harmonics are always cosine functions, and 
since Duhamel’s Theorem is operative only on the 
time functions of the solution, the response to different 
arbitrary wave shapes may be written down by inspec¬ 
tion from the corresponding solutions given in a previous 
paper, 1 where the time functions were also harmonic 
cosine oscillations. By way of illustration, explicit 
solutions are worked out in detail for three different 
terminal conditions. 


in any specific case, and is therefore more or less 
arbitrary. Thus for certain terminal conditions, a 
full range cosine series may prove the most appropriate, 
while in another case a half range sine series may lead 
to the greatest simplification. 

To each space harmonic there correspond two distinct 
time harmonics; that is, each space harmonic consists 
of two components vibrating at widely different rates. 
The amplitudes of these two time harmonics are 
usually quite different, but it is possible, by a change 
of terminal conditions, to change their relative 
importance. 

The harmonic frequencies of the secondary circuit 
are the same as those of the primary winding, but the 
amplitudes bear a ratio to the corresponding amplitudes 
in the primary which depends upon the order of the 
space harmonic. In other words, there is no fixed 
proportionality between the oscillations in the two 
circuits. 

The oscillations corresponding to an infinite rectangu¬ 
lar applied wave, start simultaneously throughout the 
windings, and the time harmonics are all cosine func- 
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tions. The response to applied wave shapes of arbitrary 
sh^pe can be obtained by an application of Duhamel’s. 
Theorem. 

LftT OF S¥?£BOLS 

Ci = capacitance of primary winding to ground. 

C 2 = capacitance of secondary winding to ground. * 

C z = capacitance between primary and secondary 
windings. # 

Ki •= capacitance between ends of primary. 

K 2 = capacitance between ends of secondary. 

Li = effective self-inductance of primary (see eq. 

( 12 )). 

Lo = effective self-inductance of secondary (see 
eq. (12)). 

M = effective mutual inductance between wind¬ 
ings (see eq. (12)). 

Z = surge impedance of line at primary. 

Z 1 (p) = grounding impedance of primary neutral. 

Z 2 (p) = terminal impedance of secondary, neutral end. 

Z$ (p) = terminal impedance of secondary, line end. 

E = terminal voltage of primary due to traveling 
wave. 

i e 1 , hi, hi, ic 2 , ik 2 , h 2 , ioz = currents through Ci, K u etc.# 
e h e 2 = instantaneous voltages at any point x of 
primary and secondary respectively. 
x = fraction of total winding from neutral end. 

I = 1 = total length of winding. 
t = time. 

p = b/b £ = partial time derivative. 
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• Appendix I 

The General Differential Equation 

The idealized circuit of a transformer with two 
windings, each having ground and series capacitances 
and self-inductance, and inductively coupled electro¬ 
statically and electromagnetically, is illustrated in 
Fig. 1. The fundamental circuit equations are (see 
List of Symbols) 


b 2 ei 

lkl = Kl bxbt 



a) 

b 2 e 2 

lki = Ki bxbt 



( 2 ) 

• 

r d 64 . 

b iki 

b +1 

I __— n „ 

(3) 

lcl ~ 0l b t 

b x 

b x 


i c 2 — C 2 


b e 2 
b t 


b Ik2 i~L2 

b x b x 


+ icZ 


(4) 


Ja =C 3 -^-(e l -e 2 ) (5) 

* On the assumption of a linearly graded mutual 
inductance between points of the same winding, and 
assuming further that the comparative effectiveness of 
an ampere-turn in ’one winding in producing flux 
density at a point *in the other winding, is a fixed . 
fraction <r, there is * • 

• r r .4 7 T . . . , 

(pi = (pm i+2 (m l tfl J J («i *li + <r n 2 »ia) » V 

OX • 

• ( 6 ) 

x 1 4 ^r 

(p2 = <£>7712+2 (wi It) l ff- h ^ ni ^ L1 + 712 ^ ^ V 


These fluxes induce voltage gradients 

• 

(7) 

b 61 
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b ¥>1 

• 

( 8 ) 

• 

b x 

10 8 

bt 

b 62 
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b <pi 

(5) 

. * 

b x ~ 

. 10 8 

bt 


Then by ( 6 ) with ( 8 ), and (7) with (9) there is 


b 4 e t 
b x 4 


0.8 7 t {ml t) nil b 2 


10 s h 


b t b x 
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btbx 
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Li = 


M = 


0.8 x mi 2 (m 11 ) l 
10 Hi 

0.8 x nf- (mlt) l 

Wk 

0.8 x»i %i (ml t ) al 


10 s h 


By (1), (2), (3), and (4) 


d 2 . d 2 e-i d 2 e 2 

bTS~x lL1 = (Cl + Cs) ~ Ci 


df 2 


dt 2 Kl d x 2 d 


If cr = 1 then (Ti T 2 — M 2 ) = 0 and thembove,differen¬ 
cial equation simplifies to 

d 4 e d 4 e . 

d x 4 ~ (L x K x + U K Ui xbfr . 

. ( 12 ) . d 2 e 

• + [Li Ci + Z/2 C 2 + (-Li + i /2 — 2 M) C 3 ] ^ ~ 0 

• (18) 
which has the same form as the differential equation 
for a single circuit, but the coefficients are, of course, 
£ 4 different. 

The Initial Distribution 


d 2 . d 2 e 2 d 2 e x 

ihn = (C2 + Cz) TTT — Cz TIT — Ki 


d t 5 x 


5 f 2 


df 2 


(13) The differential* equation for the initial distribution 
can be obtained from the general differential equation 
d 4 e 2 (17), by substituting p = c° in accordance with the 


Substituting (13) and (14) into (10) and (11) respec- da: 4 
tively, there is 


b x 2 d f 2 method of operational calculus. Then 

(14) d 4 e / K\ (Ci 4- Cz) + j Ki ( Ci H~ C 3 ) \ d 2 e 

/ d x 2 


d 4 e x d 4 e x * d 4 e 2 

- LiKi - ■ -MKi - 


+ 


d a: 4 


K x Ki 

(L Ci + C 2 C 3 + Cz Ci 
K x Ki 


e = 0 (19) 


d a; 2 d f 2 


d a: 2 d t 2 


+ (Lx Ci + L1C3 — M Cz) -fjr 
+ (MCi + MCz-LiCz)-^- = 0 (15) 


Or putting i L i = i L 2 = 0 in (3) and (4), and using (1) 
and (2), there is 

5 3 ei . . ^ dei 5 

Kl ~d&Vt = icl + * c3 = Cl TT + C3 "dl (ei ~ g2) 


d 4 e 2 d 4 e 2 

dx 4 ~ 1/2 Ki d x 2 d it 2 ~ MKl 

+ (i 2 C 2 + To C 3 — Ilf C 3 ) 


d I 2 
d 4 ei* 


( 20 ) 




d x 2 d.f 2 

d 2 e 2 
d t 2 


d 3 e 2 
d x 2 d t 


— Li — fc 3 = C 5 


d e 2 d 

df ~ ° 3 Tt (6l ~ 6a) 


The solution to (19) is 

Ci = Pe“ + Q e~ ax + R e Bx + S e~ Sx 
where 


( 22 ) 


+ (MCi + MCz- L 2 C 3 ) 


d 2 e x 
d f 2 


cr 


— 0 (16) Zfi (Ci 4 - Cz) + Ki (Ci + Cz) 


Solving ^ the simultaneous equations (15) and (16), 
for either e = e x or e = e 2 , there is 

d 8 e i d s e 

dx 8 “ (Ti Zi + To Ki) ^ — 


+ y/[Ki (Ci + C 3 ) — Ki (C i + C3)] 2 + 4 ifi Tfo ( 7 ;! 


2 KiKi 

P 2 = 

Ki (Ci + C 3 ) + Z 2 (Ci + C 3 ) 


y/[Ki (Ci -|- Cz) — Ki (Ci + Cs)] 2 + 4 Ki Ki Cz 1 


+ Ki Ki (L x Li — Ilf 2 ) 


d s e- 


d 4 x d f 4 


~h [Ti Ci + To Ci + (Ti Li — 2 Hf) c 3 ] 


d 6 e 


(Lx Li-Mi)(Ki Cz+Kx Cz+K, Ci+K 2 Cz) 


d 4 x d f 2 
d 6 e 


2 KxKi 

By (20) and (22) 

e 2 = P 2 e ax + Q 2 e~ ax + R 2 e Bx + S 2 e~ Bx 
Ci + Cz Ki d 2 e x 

= c 3 61 ~ “cTaF 


(23) 


(24) 


+ (TiT 2 - M 2 ) (C x Ci +CiCz + Ci Cz) ~ = 0 

d f 4 


d 2 x d f 4 So that the set of integration constants are related by 

Pi =P (Ci + Cz — Ki a 2 )/Cz = m P ) 

Q2 = Q (Ci + Cz — Ki a 2 )/Cz = m Q 
Ri = R (Ci + C 3 - KiP 2 )/Cz =nR 
Si = S (Ci + Cz-K xP 2 )/C 3 = nS ] 


(25) 


( 17 ) 
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Thus the solutions for* the initial distributions of e 2 
and € 2 have the® same functional form, and the integra¬ 
tion constants of th^ir separate solutions are related, 
so that th5re are only four ^integration constants that 
must be determined from the boundary conditions. 
Referring to Fig. 2 , and designating by Z («) the # 
values of the terminal impedances at the first or initial* 
instant, there is: 

61 = E at x = 1 * (26) 

_ b ei 

= Z 1 (p) i kl = p Zi (p) K 1 —— at x = 0 and p = od 

o x 

(27) 


C 2 = Z 2 (p) i k2 = p Z 2 (p) K 2 


d e 2 

at,x = 0 and p 


(28) 


e 2 =— Z s (p) iki = —p Z 3 (p) x = 1 and p = » 

The employment of these four conditions will yield 
four simultaneous equations in P, Q, R, S, which will 
just suffice for their unique determination. 


The Final Distribution 


The realization of a final steady state distribution at 
t = co for an infinite rectangular applied wave, .is 
contingent upon the presence of losses, either in the 
transformer or in the terminal impedances, and the 
characteristics of such a final state will depend upon the 
nature of the losses. But in the no-loss circuit with 
zero or infinite terminal impedances, the axes of oscil¬ 
lation are determined by the electrostatic and electro¬ 
magnetic fields necessary to establish the terminal 
voltages of the windings. Possible solutions to the 
general differential equation (17) independent of t and 
which satisfy the terminal conditions are: 


Ci 6 n \ (E 6 m ) X 
c 2 = Ei' x E2 

_ Cs (ff + e„) - (C 2 + Cs ± 2 CV)ff 2 

’ 2 (C 2 + C s + Ci' + CsO +xE2 


(30) 


, * • • 

The idealized circuit of Fig. 1 does not include any 
losses, so that the complete solution will not reduce to 
(30) at t = co * £>ut will nevertheless represent sustained 
oscillations about (30) as axes. 

Solution of the Differential “Equation 

The solution must satisfy the initial and final distri¬ 
butions, the terminal conditions, and the differential 
equation. As a tentative solution suitable for zero 
and infinite values of the terminal impedances^ assume 
Ci = e n + (E — e n ) x + S A e (ax+M> (31) * 

e 2 = S A 2 t (ax+bt) +E 2 x + EA (32) 

in which A and A 2 are integration constants. Substi¬ 
tuting (31) or (32) into the differential equation (\7) 
and simplifying, there results 

(Li Li—M 2 )[Ki Ki a*- (Kx C 2 +Ki C 1 +K 1 C 3 +K 2 C 3 )a 2 
+ (Ci Co+Ci C 3 +Ci C,)] 6 4 +[—(Li Kx+Li K 2 )a 6 
C1+A2 C 2 -\-Li C%-\-Ei C 3— 2 M C 3 )a 4 ]6 2 +a 8 =0 

(33) 

This equation is a quadratic in b 2 , of which the coeffi¬ 
cients are all positive if g, is a pure imaginary ± j X; 
and.because Lx L 2 1 M 2 and (L x + L 2 ) t 2 M. More¬ 
over, upon expanding the terms under the radical of 
the solution for b 2 , it becomes evident that the radical 
is a positive re“al number, and accordingly b 2 has two 
real negative values. Corresponding to these two 

negative values, ther*e is 

• # 

f ±j M • 

b = j ' (34) 

. A j Q 

This result is # a necessary consequence of the fact that 
the circuit is a conservative non-dissipative network, 
and therefore exponential decrefnent factors cannot 
appear in its solution. The solutions may now be 
written in the form 

ei = e n +(E— e n )x-l- 2[(A cos co t+A' cos 8 f) sin X x 
+ (B sin co t + B' sin O t) sin X x 
+ (C cos co t + C' 60 s Q t) cos X x 


in which E is the primary terminal voltage, e n is the 
primary neutral voltage (e„ = 0 for grounded neutral, 
e n = E for isolated neutral), E 2 is the secondary poten¬ 
tial due* to its position in the electrostatic field, and 
CV and C 3 are the capacitances of the secondary 
terminal impedances Z 2 and Z 3 respectively. A com¬ 
parison of (30) with (87) and ( 88 ) of Appendix II 
identifies (E — e n ) x and x E 2 as the voltage components 
due to a magnetic field rising without limit at a uniform 
rate. The value of E 2 is determined from the condition 
that the total dielectric flux from the primary to the 
secondary must be equal to that from the secondary to 
ground. Thus 

f C 3 [e„ -f (E — e„) x — E 2 — x E 2 ] d x 

O 1 

= C2' Ei' + Cif (Ei' + xEi)dx + C 3 ' (Ei + E 2 ’) 


+ (D sin co f + D' sin t) cos X x] (35) 

e 2 = 2 [(As cos co f + Ai cos £2 1) sin X x • 

+ (Bi sin co t + Bi sin Q, t ) sin X x 
+ (Ci cos co t + Ci' cos 0 t) cos X x 
+ (D 2 sin cot + Di'sinQt) cos Xx] E 2 x + Ei' 

(36) 

Thus, there are two time harmonics co and if associated 
with each space harmonic X. If the coupling between 
the two windings is perfect, L x L 2 = M 2 then there will 
be only one time harmonic corresponding to a given 
space harmonic. The more nearly that M 2 ->- Lx L% 
the more closely 0 > 0. Now in a transformer co and 
0 are usually quite different (say 2:1) but the ampli¬ 
tude factors of the two frequencies are also quite 
different for given terminal conditions of the secondary. 
However, a change in the secondary terminal conditions 
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(such as switching from open circuit to short circuit) 
may cause a complete reversal in the relative importance 
of the two frequency sets. 

In (35) and (36) there are nineteen constants to be 
determined. Qf these, X is determined by a comparison 
with the initial distribution, w and then follow by 
(33) and (34), and the integration constants for the 
secondary circuit may be expressed in terms of those 
for the primary circuit through equations (15) and 
^ . . . e remain ing constants are determined from 

® 1 . distributions and the terminal conditions. 
Substituting (35) and (36) into (15), and separately 

equating the coefficients of like trigonometric terms, 
there results 


X ^_- co 2 (X 2 Ln Ki + Li Ci + Li C 3 - M C ») 

“ 2 (X 2 M Ki + M Ca -f M C 3 - L x Ca) = Ts 


- 2 (* 


. sirx ' sirx 

sin —— + V s cos- 

c c 


where X s Y s , U s and are the coefficients in the 
Fourier analysis of the difference between the initial 
mnd the final distributions, and c is the arbitrary half 
wavelength upon which the Fourier analysis is made 
Of course, the choice of c as well as the decision to 
expand, for instance, as a half-range sine or cosine 
series, is dictated by convenience in simplifying any 
particular special case of boundary conditions. 

By direct comparison of the coefficients of like 
trigonometric terms in (41) and (42) there is 

c A + A' = X s 

C + C' = Y s 

r, A + r,' A' = U s I 

r. C + r/ C' = V s \ 


A±_ = B±_ _ Cfi_ D,’ 

A' B' ~ C 1 ~ D' 

= y ~ (X 2 L x Ki -f L x C, + Li C 3 - M C 3 ) 

O 2 (X 2 M K 2 + M Ca + M C 3 — Li Ca) ~ Ts> 

Or by (16) there is " < ‘ 38 ' ) 

•^~ 2 _ p2 Da 

a ~ b = ~c~ = Id 

= - (X 3 M Ki + M Cl + M C 3 - LrC a) 

X 4 — 0)“ (X 2 La Ki-A- L -2 Ca + La Ca — M Ca) ~ 

(39) 

At' = Bfi_ _ Da' 

A' ~ B’ ~ c = ~W 

= (X 2 M Ki -v M G-l + M Ca - L,. C 3 ) 

X 4 -'fi 2 (X 2 La Ka + La Ca + Lo C 3 - M~Ca) = r ‘ 

(40) 

That (37) is equal to (39) and that (38) is equal to (40) 
f ® Vlde ? b y (33). Therefore it is immaterial whether 
(3.7) and_ (38) or (39) and (40) be used in subsequent 
substitutions. 

Equating (35) at t = 0 to (22) and (36) at t ~ 0 to 
(24), making use of (25), (37) and (38), there is 

2 [(A + A') sin X x + (C + C') cos X x] 

= (P e“* +Q e~ ax +R «**+£ e~ ffx )~[e n + (E~e n ) x] 


- 2 ( 


X s sin 


2 [(r. A + r.' A') sin X x + (r. C + r/ C') cos X x] 

= (mPe ax +mQ e “* -f nRe ex + n S e~ 0X )-E 2 x-Efi 


and solving these equations, there is 

A' = (r s X a — Ufi) /(r, - r.') ) 

A = (rs’ X s — U,)/{r,' — r e ) 

C' = (r. F s - V s ) / (r, - rfi) (44) 

C = (r/ Y a - V s )/ (r/ - r.) . 

The only conditions which remain to be satisfied are 
ihi == iL 2 = 0 at t = 0 

0*li + Ik i) Z x = d at x = 0 

(^L 2 + in 2 ) Z 2 = e 2 at x = 0 

~ (^*L 2 + iiz 2 ) Z z = e 2 at x = 1 

From (3) and (4) respectively and making use of (1) 
(4) and (5), there are 


= ( Cx + C s - Ki - C 3 — 

' b x 2 / di 3 dx 


d ^~L2 d 

d x = Ci 


- (Ca + C s - Ka~ ) (47) 

(iL1 + lK1 ^ = /[ (Cl + Ca) ~~ - Ca -|j] d * (48) 

(»L2 + i K2 ) = f [(C 2 + Ca) - Ca ] d * (49) 

Now if (35) and (36) are substituted in the above four 
equations, and each of the terminal conditions of (45) 
are imposed, it will be evident that for zero and infinite 
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values of the terminal impedance Z\, Zz and Z% that 
conditions (45) are satisfied for . 

B = B' = D = D' = 0 (50) 

In making such a c6mparisqjv,a. word of warning is 
advisable. If (35) and (36) are substituted in (46) 
and (d i L1 /d x ) placed equal to zero in conformity with 
the first condition of (45), and the coefficients of^like 
trigonometric terms are separately equated to zero, 
there results 

_B;_ZV_ _ _w_ { (Cl + Cz + Kx X 2 ) - r C 3 1 

B D Q { (Ci + C 3 + K x X 2 ) — t' Cs j 

(51) 

Now if the same procedure is followed for (47) there 
results 

B_iy_ co [ (C 2 + C 3 + K% X 2 ) r - C 3 1 
B D 0 | (Cz -f- Cs + Ka X 2 ) t' C 3 J 

(52) 

But (51) and (52) are satisfied by (50) since r ^ r'. 
The complete solutions may therefore be written (for 
zero or infinite values of the terminal impedances) 

Ci = e n +(E—e n ) z+2 [(A cos co t+A' cos Q t ) sin X x 
+ (C cos c ot + C' cos 0 f) cos X x] (53) 

e 2 = S [(r A cos co t + r' A' cos fi 1 ) sin X x 

+ r C cos co t + r' C' cos 0 t) cos X x] + E 2 x + E%’ 

(54) 

where 

X = s 7r/c from (43) 

A, A', C, C' from (44) 

r, r' from (37), (38) 

e n = 0 for a grounded neutral 

= E for an isolated neutral 

The principal conclusions which may be drawn from 
these equations are: 

(a) The space harmonics, s, depend upon the 
Fourier series chosen to represent the initial distribu¬ 
tions within the interval 0 f x - 1. 

(b) To each space harmonic there corresponds two 
distinct time harmonics co and Q whose amplitudes sum 
up at every instant to give the space harmonic distri¬ 
bution at that instant. In other words, each space 
harmonic consists of two components vibrating at 
different rates. 

(c) The amplitudes of oscillation depend upon the 
Fourier analysis of the initial distributions with respect 
to the final distributions, and therefore depend pri¬ 
marily upon the capacitances and terminal impedances 
of the circuits. 

(d) Any harmonic amplitude of oscillation of the 
secondary circuit bears a definite ratio to the corre¬ 
sponding oscillation of the primary circuit. 

(e) Identically the same frequencies of oscillation 
appear in both the primary and secondary circuits. 


(f) The transient oscillations take ptece about the 
final distributions as axes of oscillation. 

By way of illustration of the above general equations 
and procedure, a number of special cases will be worked 
out in detail. 

•I. GROUNDED NEUTRAL AND SHORT-CIRCUITED 
# SECONDARY 


The Initial Distributions 

Since Zi = Z 2 = Z z = 0 for this case, ( 26 ) \o ( 29 ) 
give 

P e a +Qe~ a +Re 8 + S = E ' 

P + Q + R + S = 0 /ggx 

m P e a + m Q + n R e 8 + n S e~ 8 = 0 * 

mP + mQ +nR + n S =0 

Solving these four simultaneous equations for the 
integration constants, there are 

P = n E/(n — m) 2 sinh a 
Q = — nE/(n— m) 2 sinh a 
R = — m E/(n — m) 2 sinh p 
S = m E/(n — m) 2 sinh /3 

TPhen by ( 22 ) and ( 24 ), the initial distributions (ex¬ 
pressed as half-r^nge sine series) are 




The Final Distributions # 

Since the neutral is grounded, e n - 0, and the final 
distribution may therefore be expressed as a half¬ 
range sine series • * 


ei 

t = co 


-* e -2 


(—2 E cos s 7r) 


Sin S 7T»X 


e 2 = 0 (60) 

t = OO 


The Complete Solution 

The difference between the initial and final distri¬ 
butions, expressed as half-range sine series, give—see 
(41) and (42) 
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2 E s 7 r f n m m—n ~j 

(to - to) La 2 + s 2 ?r 2 ~ p 2 +s 2 tt 2 "t's 2 tt 2 J cos s T 


=jq 

7T 2 J 


= o 


n s = 


2 E s 


7T 


m — n 


[ 


TO TO 


TO TO 


a 2 + s 2 7T 2 


0 2 + s 2 


7r 2 1 


(61) 

(62) 


II. GROUNDED NEUTRAL AND OPEN-CIRCUITED 
SECONDARY * , 

I* ^ 

0 

The Initial Distributions 

In this case ='Orasd Z 2 = % = ®. Hence by 
(26) to (29) there is 


y s = <f 

X = S 7T 

Then by (44) 

2 E S 7T COS S 7T 


0 

COS S T r 

P e a 

+ Qe~ a 

+ Re B 

+ S e~ s 

= E ' 


P '• 

+ Q ^ 

+ R 

+ s 

= 0 

(63) 

to a P 

— to aQ 

+ np R 

— np S 

= 0 

(64) 

m a P e a 

— to a Q e 

~ a + npRe B 

— np S e~ B 

= 0 . 


(65) 


(71) 


A' = 

[ 


(r, — r,') (to — to) 
n (r, — to) to (r, — to) 

a 2 + S 2 7T 2 ~ /S 2 + S 2 7 T 2 

2 E s ir cos s 7 r 
(to — to) (r/ - r„) 


+ 


r e (to - to) 


s 2 7 r 2 


0 


( 66 ) 


n (r/ - to) to (r/ - ra) r/ (m - to) 


r ft (r/ — n 
L a 2 — s 2 7F 


+ 


& 2 + S 2 IT 2 ' s 2 7 T 2 

C = C f = 0 

The solution, by (53) and ( 54 ), then is’ 


’] 


ei 


= ,*-+2 


s — 1 

m (r s — n) 


2 E S 7T COS S 7 T 
(n — r/) (m — w) 

(ra — n) 


r 71 

L d 


n (r s — m) 
+ s 2 7 r 2 


+ 


iz g) 1 
1 7T 2 J 


£? 2 + S 2 7T 2 

ft (r/ - ra) m (r/ - n) 


cos 12 , if 


' 2 + S 2 7T 2 /3 2 + s 2 7 T 2 


_ r — 

L oc 

y$ (m — n) 1 
* s 2 7 T 2 J 


^2 


coso>, t I sins t x 

2 E S 7T COS S 7 T 


(r s — r/) (m — n) j 

r* (ra - to) 


m (r« — n) 
ft 2 _ j _ s 2 <^2 


r n 

L a 


ft (r s — m) 

J 2 + S 2 7T 2 


+ 


S 2 7T 2 


] 


r/ cos fi, i 


r n ( Zi_ ~ m ) TO (to/ — to) 
La* ~ 


Solving for the integration constants 
P = n p E [m a (cosh a — sinh a ) 

+ (to P sinh /? — to a cosh /S)]/! 1 
Q = npE [m a (cosh a + sinh a) 

- (np sinh /? + to a cosh p)]/T 
R = m a E [n p (cosh p — sinh p) 

+ (to a sinh a — np cosh a)\/T ' (72) 

S = to a E [np (cosh p + sinh p) 

- (to a sinh a - np cosh a)]/T 
T =&pinap(l— cosh a.. cosh p) 

(67^ + 2 (to 2 cl 2 + w 2 /3 2 ) sinh a . sinh p 

The initial distributions then are 
( 68 ) ei = E 
t = 0 

mnap (cosh a — cosh p) (cosh ax — cosh3 x) 

+ (too: sinh a- np sinh/3)(TOasinhga:-n/3 sinh a x) 
2mnaP(l— cosha. cosh/3) + (TO 2 a 2 +m 2 /3 2 )sinha. sinh.S 

„ (73) 

e 2 = E 

t =0 

mnap (cosh a — cosh /3) (to cosh ax — n cosh p x ) 
+to w(ma sinh a-w/3 sinh g) (a sinh px-p sinh a x ) 

{ 2mnap (1— cosha .cosh p ) + (TO 2 a 2 +m 2 /S 2 ) sinh a.sinh,3 J 

(74) 

^ 69 ) and these can, of course, be expressed as a half-range 
sine series. 

The Final Distributions 

That of the primary is the same as in (59) but the 
secondary takes on the potential, by (30b), 

s 7T _ \ 2 

S 7T 


+ s 2 7r 2 


P 2 + S 2 7r 2 


r/ (to - to) "| ) 

+ s 2 7 r 2 J r “ C0SL 0,8 * f sin s x x 


& 2 
t — CD 

Ex’ = [ 


= 2( 2 ^' 


sm 2 


\ 2 

^2 COS S 7T )-sin S 7 T X 

/ $ 7T 

(75) 


C 3 E 


E 2 


2 (C 2 + C 3 ) 


] 


jif 7 

and E 2 --—E 

Ln 


(70) The Complete Solution then follows by the same pro- 

SoT^n^X^t 0 - “ ^ b? tte S ° ! “- ^ ££ 

an< ^ fi na l distributions have changed. The frequencies 
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of oscillation a?e the same as in the previous case- 'She Complete Solution . 

but*the relative importance of the amplitudes have been. The difference between the Fourier series ot the 

changed. * initial and final distributions gives, by (41) 

III. ISOLATED NEUTRAL AND* OPEN-CIRCUITED ® , 

SECONDARY ** = [ (78) - (80) J • 


The Initial Distributions 



+ Qe"" 

+ Re 0 

+ S e- 0 

= E 

aP 

- aQ 

ft R 

-ftS 

= 0 

to a P 

— m aQ 

+ nftR 

- nft S. 

= 0 

m ot P 

— m a Q e 

~ a + n ft R e 0 

— n ft S e~ B 

= 0 


Solving for the integration constants: 

P = - (nft E sinh ft)/T 
Q = - (nft E sinh/3)/T 

R = + (m ctE sinh a)/T ( 77 ' 

S = + (m a E sinh ot)/T 

T = 2 (to a sinh ot . cosh ft — n ft . cosh ot . sinh ft) 

The initial distributions are 

f to a sinh o: ■ cosh s - n <3 sinh cosh a: z j 
E j m a sinh a cosh ft - n ft sinh ft cosh a j 


initial and final distributions gives, by (41) 

3D X. = 0 

F* = [ (78) - (80) ] 

U s = 0 . ( 82 ) 

. V. = [ (79) - (81) ] 

?1Ve X = (2 s - 1) ir/2 J 

Appendix II 

Exact Equations for the Axes of Oscillation 
This appendix offers a more detailed consideration 

(76) of the axes of oscillation than was given in Appendix 
I; and incidentally also derives the simplified equations 
for calculating the current and voltage transmitted to 
the secondary external circuit. 

Substituting (1) and (2) into (48) and (49) respec- 

(77) tively, and integrating with respect to x there is 


i’li = h + f £ (Cl 


b X 2 c> t 


■ d x 


-2 Es 7t/2 . sins tt/2 ■ cos s tt x/2 
m ot sinh ot . cosh ft — n ft sinh ft . cosh a 


lL2 — 1 2 


KC'i + C3 ) 


t = 0 


to a sinh ot n ft sinh ft "j 

ft 2 + s 2 ir 2 /4 ~ a 2 + s 2 7r 2 /4 J 

| o: sinh a. ■ cosh <3 x - ’ft sinh ft . cosh a s 
I m ot sinh ot . cosh ft — n ft sinh ft . cosh ot 


bx 2 bt 


2 — 2 to ra E_ s 7r/2 . sin s x/2 . cos s tt s/2 
to ot sinh a . cosh ft — n ft sinh ft cosh a 

S=1 

r a sinh ot ft sinh ft ”1 

L ft 2 + s 2 7t 2 /4 ~ a 2 + s 2 x 2 /4 J 


In these equations 1 1 and /2 are integration constants 
1 with respect to x, and are therefor^possible functions of 
1 • cosh « x \ i but not of x. They therefore flow through all parts 

1 ft . cosh a J 0 f their windings, and in conjunction with the final 

electrostatic field, fix the final potentials of the wind- 

tt x/2 ings. The indefinite integral yields the space and time 

•osh a harmonics of the oscillation. 

. ‘' Substituting h and h in (&) and (7) there follows by 

1 . (8) and (9) the potential distributions caused by these 

J ' ' currents: 


currents: 

r^i dx = 
108 J bt a 


The Final Distributions Jh _ J 9^1 d x = x _J_ — 

For an isolated neutral the final distribution expressed 108 » t 

as a cosine series in the interval 0 1 x - 1 is j / x x 2 \ 1 

» . /0 [ -fc . 87 t ( mlt) t‘ (»ili + crntlt) lx - 3 / J 

2 sin s ir/2 . cos s tt s/2 L ml ^ h x ^ d 




2 sin s t/ 2 ■ cos s 7r g/2 
S 7r/2 


e 2 = ES 

t= a> 


C 3 E 

C 3 + C 2 


2 C 3 ff 
C3 + D2 


5 « d X ~ X 10 s bt 


ni + . 8 7 r (mlt) ~r (onih + W 2 I 2 


sin s t/2 . cos s 7t x/2 
s 7r/2 


( 81 ) 


( 86 ) 
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Now the mutual fluxes and <f> m2 are linear functions 
of 1 1 and 1 2 and are large compared with the other 
terms, so that to an excellent approximation, (85) and 
(86) are also linear functions of x and may therefore be 
written in the form, 

X ^ 1 — 1Q8 f ( n i ^»l) = * ^ £ (Li 11 + M' 1 2 ) 

(87) 

* E - = ~W TT (W2 ^ = X (M' U + W h) 

( 88 ) 

Thus comparing with ( 30 a) and ( 30 b), it is evident that 
x*Ei = x {E — e„) is the final potential distribution due 
to the magnetic flux, to which must be added the 
neutral voltage e n . Likewise x E-, is that part of the 
secondary final distribution due to the magnetic flux, 
to which must be added £V due to the electrostatic 
field. 

Writing x = 1 in (87) and (88), there result the 
equations for calculating the waves transmitted through 
the transformer to the secondary circuit. 

E 1 = p (LL/j + M' I t ) = E- Z l I 1 ' | ' 

Eo= p (M 1 JO + W1 2 ) = - (Z, + Z») I, I (89y 
in which Li, Li' and M' are the overall-self and mutu al 
inductances of the windings, in the conventional sense. 


For a short-circuited secondary 

Ei = 0 

E x Li't 


Ji = 


Jo = 


(Lr^s**- m /2 ) 

E x M'l 

(h'Lt'-M 1 *) 


(90) 


and the currents increase linearly with time at-a rate 
sufficient to consume the primary applied voltage E u 
For an open-circuited secondary 


Jo = O' 

1 1 = E 1 t/LL 
r Ei = E x M'/LS 

More generally, for any impedances Z-, and Z z in the 
secondary circuit, the transmitted voltage and cur¬ 
rent may be calculated from (89); for the currents h 
and 12 very soon greatly exceed in magnitude the oscilla¬ 
tory components of (83) and (84), and therefore domi¬ 
nate the situation in so far as the secondary external 
circuit is concerned. Consideration of this aspect of 
the problem is outside the scope of this paper. 



Discussion 

For discussion of this paper see page 321. 



Geopietrical Circuits of Electrical Networks 

• * . ‘ BY RONALD M. FOSTER 1 

Member, A.I.E.E. 

• f 

Synopsis.—If all the electrical properties are abstracted from a the nullity (number of branches minus number of vertexes plus 
given electrical network, there remains a geometrical circuit, com - number of separate parts') and the rank (number*of vertexes minus 
pletely characterized by the sets of branches terminating at the • number of separate parts). There is also a partial list of geo¬ 
various vertexes. In this paper, enumerations of geometrical * metrical circuits which are symmetrical with respect to all the 
circuits are given, classified according to two different parameters, branches and all the vertexes. 


Introduction 

N many problems in the theory of electrical networks 
it proves desirable to list all those networks which 
meet certain electrical conditions.. From one point 
of view this type of problem belongs to the theory of 
combinations and permutations, but it can be satis¬ 
factorily handled on that basis only when the geo¬ 
metrical form of the circuit is specified. One of the 
first attempts to solve problems of this nature was that 
of P. A. Macmahon, 2 who, in 1892, investigated the 
combinations of resistances in series and in parallel, 
excluding all bridge arrangements such as the wheat- 
stone net. These more complicated circuits, however,, 
are often of greater interest, and it is in enumerating 
them that difficulties arise. One systematic method of 
procedure is to start with the geometrical circuits which 
meet the conditions of the problem, and then assign 



C^-l Used. 3S djdwplc) 



Ejuiv*/ctdt~ by Series hiTcrcAa^gs. 

(S~- 37 Vs*<L ds 

Fig. 1—Equivalent Geometrical Circuits 

electrical elements to each branch of the geometrical 
circuit in all possible ways. At this stage of the 
investigation we can make use of the well known theory 
of combinations, taking due account of any symmetries 

1. American Tel. & Tel. Co., New York, N. Y. 

2. “The Combinations of Resistances,” P. A. Macmahon, 
# Electrician, Vol. 28, Apr. 8, 1892, pp. 601-602. 

Presented at the Winter Convention of the A.I.E.E., New York , 
N. 7., January 25-29, 1932. 


among the branches of the circuit. For a successful 9 
application of this method we thus need, to start with, 
a complete enumeration of all distinct geometrical 
circuits, classified according to certain specified proper¬ 
ties. This method has already been employed in # a 
study of telephone substation and repeater circuits, 3 



A 4-/0 ■ 4-It 4 -/ 2 . 


0 '§<90 

4 -‘ 4 4-IS- # 4-/4 

vilify Four 

Fig. 2—Geometrical Circuits of Nullity One, 

Two, Three, and Four 

using as the foundation an enumeration of all distinct 
geometrical circuits with one, two, three, and four 
degrees of freedom. 

Distinct Geometrical Circuits* 

It is assumed that the electrical networks under 
consideration are composed of two-terminal elements 
connected together in any fashion. Not all electrical 
networks are of this type, but many of them may be 
regarded as such by a suitable designation of elements. 
The corresponding geometrical circuit consists of 
branches connected together at branch-points or ver¬ 
texes, each branch corresponding to a two-terminal elec¬ 
trical element. 

Two geometrical circuits $re said to be equivalent 

3. Maximum Output Networks for Telephone Substation and 
Repeater Circuits, G. A. Campbell and R. M. Foster, Trans. 
A.I.E.E., Vol. 39, 1920, pp. 231-280. 
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if they can be brought into geometrical coincidence by 
one or more of the following procedures** 

I. By deformation: That is, if wire models of the two 
circuits have been made, the circuits are equivalent if 
the models can be made to coincide by (a) translation 
and rotation of the model, (b) bending and stretching 1 
the wires, and (c) tying or untying knots or other 
linkages in the wires (that is, the wires can be made to 
cut themselves and each other like beams of light). 
This type of equivalence is illustrated by the upper row 
of diagrams in Fig. 1. Although they differ in appear¬ 
ance all three of these circuits are equivalent. In the 
mathematical theory of linear graphs, here called 
geometrical circuits, such equivalent structures are 
usually termed congruent. The essential feature of 
a geometrical circuit is thus the relative connection 
of the branches. If the branches are numbered the 


series is inconsequential. There seems tro be r no 
corresponding term for this type of equivalence in the 
mathematical theory, although the concept might well 
prove useful, especially qn the Consideration of dual 
graphs, since series and parallel are dual concepts, and 
the interchange of branches in parallel is effected by I. 

r Classification by Nullity 

Of the possible methods of classifying geometrical 
circuits, one of the most useful for our purpose is by the 
nullity. 4 If the number of branches, of vertexes, and of 
separate parts of the circuit are designated by B, V, and 
S, respectively, then the nullity N is given by the rela- 
tion: 

r N = B — V + S. 

Thus in Fig. 1, the upper circuits are of nullity four, the 
middle circuits four, and the lower circuits five. The 






circuit.is completely described by listing the branches 
terminating at each vertex. 

II. By* separation: That is, two circuits are equiva¬ 
lent if they can be made to coincide by separating two 
portions of a circuit which have a single vertex in com¬ 
mon, and conversely, by connecting two disconnected 
portions of a circuit at a single vertex. This is illus¬ 
trated by the middle row of diagrams in Fig. 1., In the 
mathematical theory of linear graphs the term equiva¬ 
lent is used tq cover concepts I and II as defined here. 

III. By series interchange: Two circuits are equiva¬ 
lent if they can be made to coincide by the interchange 
of any branches or groups of branches which have a 
series connection. This is illustrated by the lower row 
of diagrams of Fig. 1. This extension of the concept of 
equivalence is needed to meet the conditions of the 
usual type of electrical network, where in the case of 
elements in series the order of those elements in the 



Pig. 3—Geometrical 


nullity N is sometimes called either the cyclomatic 
number or the number of degrees of freedom. It is 
important to note that a closed loop, consisting of a 
single branch with its two terminals coinciding, has one 
vertex. In this case B = V = S ='l, and So N = 1, 
as it should. Equivalent circuits have the same nullity. 
This classification by nullity seems a natural method for 
our purpose since the electrical properties of networks 
are very often specified in terms of independent meshes, 
the number of degrees of freedom of the electrical net¬ 
work corresponding to the nullity of the geometrical 
circuit. 

It is also important to note that the nullity of a 
geometrical circuit is not changed by adding or by 
taking away an isolated, open branch, or by combining 

4. This term is apparently due to Hassler Whitney; see 
“Non-Separable and Planar Graphs,” Proc. Nat . Academy 
Sciences , Vol. 17, Feb. 1931, pp. 125-127. 
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two branches in series into a single branch, or by 
separating a single branch into two branches in series.* 
Accordingly, in enumerating circuits by their nullity, 
we shall aSsume that there are no isolated, open 
branches, and that all branches in series are counted 
as a single branch. In going over to the physical 
electrical circuit, a single branch may thus be replaced 
either by a single electrical element or by two or more 
such elements in series. It is not likety that electrical 
elements would be placed in isolated, open branches; 
but that possibility must be kept in mind. 


able, that is, each one is connected in a single part, 
which cannot be, separated into two parts which have 
only a single vertex in common; and there are no pairs 
of branches connected in series. Each of the basic 
circuits of nullity N thus has 2 (N — 1) vertices and 
,3 (N —'1) branches. The number of basic circuits is 
* shown by the following table: 

Nullity N .1.. . .2. . . .3 . . 4. ... 5 ... 6 

Number of basic circuits. 1.... 1.... 1 . . 2. ... *4 ■■ ■ 14 

Total number of circuits. 1.... 2.... 5 . . 16.... 67 ... 435 


Geometrical Circuits of Nullity Not Greater 
Than Five 

All distinct geometrical circuits of nullity one, two, 
three, and four are shown in Fig. 2, and those of nullity 
five in Fig. 3. This list is complete, with the restra¬ 


in Figs. 2 and 3, the basic circuits are placed first, for 
each value of N. The 14 basic circuits for N = 6 are 
shown in Fig. 4. In view of the large number involved, 
the complete set of circuits of nullity six is not shown in 
this paper. 

The basic circuits of nullity N are found from the 




Circuits of Nullity Five 


iww 

S' ~L7 




tions mentioned in the preceding paragraph, that is, in 
any one of the circuits shown, any number of isolated, 
open branches may be added to the circuit, and any 
single branch of the circuit may be counted as two or 
more branches in - series. For use in applications, all 
branches are numbered and an arbitrary positive direc¬ 
tion marked on each. These drawings may conve¬ 
niently serve as a reference framework for all electrical 
networks with not more than five independent meshes, 
by designating the appropriate circuit number and 
specifying the particular electrical elements to be 
inserted in each of the numbered branches. 

Derivation of Circuits 

All circuits of nullity N are derived from a smaller 
group of circuits, called the basic circuits, of the same 
nullity. In these basic circuits, three branches termi¬ 
nate at each of the vertexes; the circuits are non-separ- 


basic circuits of nullity (N - 1) by adding a .branch 
joining the midpoints of a pair of branches, in all possi¬ 
ble ways, and then selecting the distinct circuits from 
the entire set of circuits obtained by this procedure. 
The fact that this method will yield the entire set of 
basic circuits of any given nullity follows from theorems 
proved by H. Whitney. 5 

Then, starting with the basic circuits, with 3 (N — 1) 
branches, all circuits with fewer branches are found 
by allowing first one and then another branch of the 
basic circuits to shorten and vanish, thus obtaining first a 
set of circuits each with (3 N — 4) branches, then from 
these the circuits with (3 N — 5) branches, and so on, 
until we eventually end witlj the single circuit with N 
branches, consisting of N separate closed loops. 

From the electrical standpoint this process seems 

5. “Basic Graphs,” Hassler Whitney,—a paper presented to 
the American Mathematical Society, New Orleans, Dec. 28, 1931, 










MI 2 


FOSTER: GEOMETRICAL CIRCUITS OF ELECTRICAL NETWORKS Transactions^. I. E. E. 


quite natural since allowing a branch to shorten and 
vanish corresponds to the insertion-of an electrical 
element of zero impedance in the branch, that is, a 
short circuit. The basic networks for any specified 
value of N taken alone thus give a complete picture 
of the entire set of circuits of nullity N, and for some* 
purposes are sufficient, since any electrical network * 
with A independent meshes can then be specified in 

c 



circuits is by the rank. 7 The rank R of a» cireujt is 
‘defined by the relation: 

r = y - a 

Thus in Fig. 1, the fipToer circuits are of rank five, the 
middle circuits two, and the lower circuits four. Equiva¬ 
lent circuits have the same rank. 
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Fig. 5—Geometrical Circuits of Rank One, Two, Three, 
and Four 
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terms of one or more basic circuits of nullity N by 
assigning the elements, including possible short circuits, 
to be distributed among the branches in a specified 
manner. 6 

Classification by Rank 

Another method of classification of geometrical 

6. Pigs. 2-4 also illustrate the wide variety of forms which, 
under certain circumstances, equivalent electrical networks may 
assume. 


Fig. 6—Geometrical 

. ^ | s important to note that the rank of a geometrical 
circuit is not changed by adding or by taking away an 
isolated closed loop consisting of a single branch with 
its two terminals coinciding, or by combining two 
branches in parallel into a single branch, or by replacing 
a single branch by two branches in parallel. Accord- 
ingly, in e numerating circuits by their rank, it is as- 


7. This term also is apparently due to Hassler 
Non-Separable and Planar Graphs,” loc cit. 


Whitney; see 


r 
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sumed that there are no isolated closed loops consisting 
of*a single branch, and*that all branches in parallel 
are counted as a single branch. In going over to the 
physical electrical circuit, a single branch may thus be 
replaced either by a single electrical element or by two 
or more such elements in parallel; also, electrical ele- ■ 
ments may be placed in isolated closed loops, a possi-.* 
bility that may actually arise, such as a short-cireuited 
winding of a transformer. • 

Geometrical Circuits of Rank Not Greater 
Than Five 

All distinct geometrical circuits of rank one, two, 
three, and four are shown in Fig. 5, and those of rank 
five in Fig. 6. This enumeration is (Complete, with the 
restrictions mentioned in the preceding paragraph, that 
is, to each of the circuits shown, any number of isolated, 
closed loops, each consisting of a single branch, may be 
added, and any single branch of any circuit may be 
replaced by two or more branches in parallel. 

All circuits of rank R are derived from the single 
circuit consisting of (R + 1) vertexes with every pair of 
vertexes connected by a single branch. Starting with 
this circuit, we allow first one and then another of the 
branches to be cut and removed entirely from the 
circuit. Eventually we end with the single circuit 
consisting of N isolated open branches. From the 
electrical standpoint this process corresponds to the 


There is an*inverse or dual relationship between the 
rank R and the nullity N. The two parameters change 
places when all series connections are changed to paral¬ 
lel and vice versa, with corresponding transformations 
in the case of bridge circuits; to every set of branches 
forming a closed path in one circuit thftre corresponds 
a set of branches in the other circuit separating the 
vertexes into two groups which are not connected by 
any other branch. H. Whitney 8 has shown that if the 
geometrical circuit is applicable to the surface of a 
sphere, there exists a dual or inverse circuit with ^ 
N' = R and R r = N, and that this does not hold for 
circuits which are not applicable to a sphere, that is, 
for circuits which cannot be drawn on a sphere or 
plane with no branches crossing one another. A$ a 
result, the enumeration by given values of R is not 
completely symmetrical with the enumeration by 
given values of N. There is complete correspondence 
through N = R = 8. For N = R = 4, however, al¬ 
though the total numbers are the same, circuits N 4-1 
and R 4-1 are not duals. For values greater than 
four the classification by rank leads to larger total 
numbers than does that by nullity. It should be 
pointed out, however, that the enumeration by R is a 
more straightforward process, since we start in each 
’case with a single circuit, each point connected with 
every other pofnt, instead of starting with a set of basic 
circuits which ipust first be derived. 
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Circuits of Rank Five 

insertion of an electrical element of infinite impedance 
in the branch which is to be cut, that is, the branch is 
open-circuited. 

The number of circuits, classified by the rank, is 
shown by the following table: 

Rank . . 1 - 2 -^ ^ ® ^ 

Total number of circuits .... 1-2-5-16-- 

In view of the large number, the circuits of rank six are 

not shown in this paper. 


Other Methods of Classification 

For some purposes neither of the above methods of 
enumeration may prove quite satisfactory in view of the 
special restrictions involved. It may be desirable to 
have a complete enumeration of circuits with B branches, 
whether or not some of these branches m.ay be arranged 
in series or parallel or left isolated. Fig. 7 shows a 

8. “Non-Separable and Planar Graphs,” Hassler Whitney, 
loc. cit .,—Theorem 15. 
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beginning of such an enumeration, the circuits being plan, perhaps, is to exclude all series and parallel 
classified according to values of both N and R. It is cpmbinations, as well as all Isolated single elements, 
to be noted that N + R = B, This enumeration may whether open or closed. Such a classification is shown 
be derived from the classification by nullity, upon insert- by Fig. 8, for values of N and R not greater than six. 
ing branches in series and adding isolated open This scheme can be obtained either from the classifica- 
branches; or it e may be derived from the classification tion by nullity or from the classification by rank, upon 



Fig. 7—Geometrical Circuits Classified by Nullity and Rank 
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Fig. 7a—Geometrical Circuits of Nullity Three and 
* Rank Three 

by rank, upon inserting branches in parallel and adding 
isolated closed branches. In either case, given the 
fundamental enumerations, by nullity or by rank, the 
problem can then be handled by the regular methods of 
the theory of combinations. - 

Such large numbers of circuits are involved in this 
scheme, however, that it does not seem worth while in 
this paper to extend it to higher values. A more useful 


excluding the circuits not desired. These excluded 
circuits can always be restored by simple means. 


Symmetrical Geometrical Circuits 

In some of the circuits shown by Figs. 2-6 all the 
branches enter symmetrically, and also all the vertexes. 
One example is the familiar Wheatstone bridge circuit 
N 3-1 of Fig. 2. In the following discussion attention is 
confined to those symmetrical circuits which are com¬ 
posed of a single non-separable part, and in which at 
least three branches terminate at each vertex. 

Nine examples of symmetrical circuits with three 
branches terminating at each vertex are shown in Fig. 9. 
The circuits formed by the edges of three of the regular 
polyhedra appear on this list, the tetrahedron III-3, the 
cube III-5, and the dodecahedron III-ll-A. Apart 
from the trivial case III-2, the other five are of con¬ 
siderable interest as generalizations, in a certain sense, 
of the regular polyhedra, or more exactly, generaliza¬ 
tions of the geometrical circuits formed by the edges of 
the regular polyhedra. The circuit III-4 has been 
used in several places 9 as an illustration of a rigid 
structure, in the theory of statics, though its symmetri¬ 
cal character has apparently not been pointed out in 
that connection. The circuit III-6 was used by J. 


y. &ect tor example, Encyklopadie der mathematiseken Wissen- 
schaften, Vol. 4, part 1, p. 403. The symmetrical character of 

pomted o' 1 * “ the 1920 paper by G. A. Campbell 
ana ft. JV1. Foster previously mentioned. 
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PetersenJ 0 in showing that Tait’s theorem on the coloring such circuits of nullity eleven, namely, III-ll-A an 
of‘graphs could not be extended to graphs which were III-ll-B. 

not applicable to a sphere, but here again the symmetri- No attempt lias yet been made to enumerate corn¬ 
eal character of th& circuit was .not mentioned. The pletely the symmetrical circuits with four or more 
three others, HI-9, III-ll-B,'and HI-13, are apparently branches terminating at each vertex, although a few 
new. It is probable that there exist other symmetrical t examples are shown in Fig. 10, including the circuits o 
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Fig. g—G eometrical Circuits Classified by Nullity and Rank Omitting Circuits 
with Branches in Series or in Parallel or Jsolated 




m-z 


A 

W-3T 



TK- 4 - 







Branches at Each Vertex 


Fig. 8a—Geometrical Circuits of Nullity Six and 
Rank Six—Omitting Circuits with Branches in Series or 
in Parallel or Isolated 

circuits of nullity greater than six and with three 
branches at each vertex, but a preliminary investigation 
has failed to disclose them. On the other hand, it 
is extremely interesting that there are at least two 

10. Julius Petersen, Intermediaire des Mathematiciens, Yol. 5, 
Oct. 1898, pp. 225-227. 


the octahedron IV-7 and the icosahedron V-19. Here 
again it is interesting to note that there are at least two 
such circuits of nullity eleven, namely, IV-ll-A and 
IV-ll-B. A complete list would include many trivial 
cases, such as, for example, the symmetrical circuits 
with four branches at each'vertex obtained by putting 
a branch in parallel with each edge of a regular polygon, 
as is illustrated by circuits N 4-9 and N 5-47 of Figs. 2 
and 3. A complete list of symmetrical circuits would 
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r f 

also include the circuits used as starting points in the 
classification by rank, that is, the circuits with every 
pair of vertexes connected by a sinfgle branch, for 
example, III-3, IV-6, and V-10. 

Geometrical Forms of Transducers 

As an illustration of one application of the method 
described in this paper, Fig. 11 shows the basic geo¬ 
metrical forms of transducers with two, three, and four 


The first of the basic three-mesh transducers is the series 
extended lattice, and the second is the series extended 
bridged-T. No one of the eight four-mesh transducers 
appears to have been investigate^ to any.extent. It 
should be noted that the assigned positive directions on 
Fig. 2 have been ignored in this enumeration; the 
number of forms given here could be approximately 
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meshes, obtained from the geometrical circuits of Fig. 
2. The transducer has two pairs of terminals; so the 
problem of enumeration reduces to the problem in 
simple combinations of picking out a pair of branches 
from the basic circuits N 2-i, N 3-1, N 4-1, and N 4-2. 
This can be done in 1, 2, 2, and 6 different ways, respec¬ 
tively, giving a total of 11 different forms. The single 
basic two-mesh transducer is the familiar T network. 


doubled by twisting one pair of terminals; and the 
number could be further increased by interchanging the 
two pairs of terminals in the dissymmetrical cases. 

Fig. 11 shows only the basic forms. Thus the 
familiar II type of network is not illustrated directly in 
this figure, although it may be obtained from either 
3-1-A or 3-1-B by allowing branches 1, 3, and 6 to 
shorten and vanish. Since such cases may be of 
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practical, interest the complete set of two- and three- 
me%h transducers is shown in Fig. 12. As before} 
however, no attempt # has been made to show the alter¬ 
native forms obtain^! by twisting one pair of terminals 
or by interchanging the two ‘pairs; nor are the limiting 
cases shown where the transducer reduces to a mere . 
series or parallel connection. In certain cases, such as * 
3-2-B, the replacement of a group of branches‘con¬ 
necting two terminals by a single branch would reduce 


• • . 

the number of meshes from three to two; but this 
cannot be done, jn general, if there is mutual inductance 
between any branch of the group and a branch outside 
the group. Accordingly, these cases are included in the 
enumeration. , 

Discussion. 

For discussion of this paper see page 321. 



Vector Theory of Circuits Involving 
Synchronous Machines 


BY I. H. SUMMERS* 


Synopsis* f —It has been shown in 'previous publications that cal¬ 
culations of the performance of a synchronous machine may be sim¬ 
plified by the use of two scalar impedance operators which apply 
separately to the component of armature current which magnetizes in 
the axisrof the poles , and to the component which magnetizes in the 
axis of the interpolar space. 

The present paper describes a method of combining these two 
scalar operators into a single vector operator which applies directly 
to the total current. With the new operator it becomes possible to 
write out the complete equations which apply to various numbers of 


interconnected machines , under various operating conditions , as 
readily as would be possible if each machine was replaced by a fixed 
source of voltage operating through a constant value of impedance . 
The effect is to simplify and thus to extend the-scope of synchronous 
machine analysis. It is believed that the theory developed will be of 
value to engineers who are working on problems such as \stability , 
hunting , and other problems of this general character which involve 
detailed analysis of the operation of two or more interconnected syn¬ 
chronous machines under transient conditions. 


Introduction! 

HE present paper deals with circuits involving syn- 
chronous machines having three armature circuits, 
salient poles, an arbitrary number of closed circuits 
on the rotor, and two rotor field circuits, one magnetiz¬ 
ing in the axis of the poles, and one magnetizing in the 
axis of the interpolar space., The performance of such a 
machine is determined by the history of the three arma¬ 
ture terminal voltages, the two field voltages, and the 
angular position of the rotor with respect to the arma¬ 
ture. Let the instantaneous values of these q uan tities 
by e a , e b , e c , e/d, e Si , 6, and let the instantaneous values of 
armature current be i a , i b , i c . 

• Then in problems which do not involve the flow of 
neutral -current, it can be shown 1 that the equations 
determining current may be written in the form 
e d = pi Pd — n d - i Pq-p 6 
e q = p^ q - ri q + i d p 6 ’ 

where n = ~— 

at 

td = g A (p) e fd - Xi (p) i d 
(P) e/a - (p) i t 

r = armature resistance 

Qd (p), g q (p), x d (p), x q (p) are operators and e d , e q , 
i d , i q are particular functions of e a , e b , e c , 6 , and i a , i b , 
ic 6, and* are referred to as the direct and quadrature 
components of voltage and current respectively. 

The operators g d (p), g„ (p), etc., may be computed 
•from design data, or determined by tests, and may be 
visualized if desired in terms of appropriate equivalent 
circuits- . 

It will be seen that the solution of the equations is 

*Deceased. Formerly with the General Eleetrie Co., Sehenec- 
tady, N. Y. 

tPrepared by R. H. Park, Stone & Webster Engg. Corp., 
Boston, Mass. 

1. Two Reaction Theory of Synchronous Machines , R. H. Park, 
A.I.E.E. Trans., Vol. 48, July 1929, p. 716-727. 

Presented at the Winter Convention of the A.I.E.E. , New York , 
N. K., January 25-29,1932. 


complicated by the fact that there is a mutual relation¬ 
ship between the direct and quadrature quantities, that 
is by the fact that direct component current gives rise 
to both direct and quadrature components of voltage, 
and conversely. Nevertheless, when the values of ter¬ 
minal voltage are definitely known, either as a function 
of time, or of angular displacement, as when only a sin¬ 
gle machine is being considered, the analysis is compara¬ 
tively simple. 

However, difficulties are encountered when it is de¬ 
sired to study several interconnected machines. These 
difficulties may be appreciated by considering the case 
of two machines connected directly together. Let sub¬ 
scripts 1 and 2 be used to designate these machines. 
Then it is known that e al = e a2 , i al = - i a2 , and simi¬ 
larly for the other phases. It does not follow, however, 
that e dl = e d2 , i d i = — id*, e qi = e q2 , i q i = — i q2 except 
in the particular case 61 = d 2 . It can be shown, how¬ 
ever, that 

ei = e 2 
ii = — i 2 

where = (e dl + j e q i) 

e 2 = ( e d2 + j e q i) \Jh 

il = (id\ + J iq l) |_^1 
*2 = (id 2 T J iqi) I th 

This suggests that the solution for current could be 
simply effected if suitable symbolic relations could be 
established between e x and i 1; and e 2 and i 2 . • 

Were it not for the salient pole construction it would 
be possible to write a relation between the current and 
voltage of any machine in the form 

e = g (p) e, - z (p) i 
where e/ = (e /d + j e fq ) \J 

and g (p) and z (p) are scalar operators which contain 
speed as a parameter. However, as previously noted, it 
is a consequence of salient pole construction that the 
component of e due to e/ need not be in phase with e f 
and the component e due to i need not be exactly 180 - 
deg. out of phase with i. 


318 



32-48 



June 1932. 


319 


VECTOR THEORY OF CIRCUITS INVOLVING SYNCHRONOUS MACHINES 


Mr. Summer^ shows in # this paper, however, that a 
relation can be written between e and i, in the form • 

e = § Op) e 7 - x (p) i 

* where g (p) and x (pf are linear vector operators which 
involve speed, armature resistance and the scalar opera¬ 
tors g d (p), g q (p) y x d (p), and x q (p). These vector 
operators effect a very great simplification of the differ¬ 
entia] equations which determine the operation of the 
machines. In the special case in which the machine 
speeds are constant, although not necessarily equal, they 
permit direct solution of the problem in operational 
form, since the operators are subject to the ordinary 
rules of the algebra of linear vector operators when they 
do not contain parameters which are 0 functions of the 
independent variable. Also, it becomes as simple to 
write out, in symbolic form, the solution of problems 
involving the performance of a number of intercon¬ 
nected machines operating at constant or nearly con¬ 
stant speed, under transient or steady load conditions, 
as it is to write out the solution of the equations which 
determine the flow of current in a d-c. network. The 
final explicit form of the result may then be obtained by 
evaluating the vector operational forms in accordance 9 
with established mathematical procedure. 

The evaluation of the linear vector operations may be 
accomplished either by means of dyadics, or by matrix 
algebra. To quote from Summers' manuscript notes: 

“Matrix algebra is of value in linear vector operations 
for the same reason that ordinary algebra is used in 
differential operations. Special rules are used in either 
case when the operations are actually performed on the 
operand, but transformations are facilitated in the 
meantime. In the case of the differential operators the 
expansion theorem is used eventually, and in the case of 
linear vector operators dyads are supplied and scalar 
products are formed. Algebra and matrix algebra are 
used previous to the final operations in the respective 
cases." 

The resultant effect is to simplify and thus to extend 
the scope of synchronous machine analysis, particularly 
in cases in which more than one machine is involved. 

This work has been taken directly from the author's 
manuscript notes, except for such minor changes as were 
considered* obviously necessary. The body of the paper 
will be seen to be incomplete, but it is believed that 
the development of the thought is adequate to permit 
any one familiar with the general subject to complete 
the unfinished portion. 

Analysis 

It has been shown* that synchronous machine elec¬ 
trical quantities are expressible in terms of linear equa¬ 
tions involving direct axis, quadrature axis, and zero 
# phase sequ ence quantities and that the coefficients of 

*R. H. Park, loc. tit. 


• * * • 

these linear equations are differential operators. Thus 
the following sets of relations are fundamental: 


id = gd (p) e fd - x d (p) i d ^ 
ii = 9 t (P) e fq - x q (p) i v * !■ 

(1) 

io X 0 to 

= p id — ri d — i„p 6 j 

e 9 = Pig - riq + id p 9 (• 

(2) 

e 0 = p io— ri 0 ^ 

• 

if* ~ V/d (p) &fd + k/d (p) id } 

(3) 

if <2 Vfq ( p ) Gfq "f" kf q (p) i q ' 



The differential operators in these equations ar& 
deducible by means of auxiliary relations, and other 
auxiliary relations enable phase quantities to be deter¬ 
mined from the direct, quadrature and zero quantities. 

For the present purpose we will’assume that the 
differential operators are known, and that the problem 
is solved when the direct, quadrature and zero quantities 
are known. 

It happens that the presence of zero phase sequence 
quantities is a fairly rare occurrence in a synchronous 
machine connected to a large power system so that a 
large class of problems occurs where the direct and quad¬ 
rature quantities^completely specify the performance. 
It is with this class of problems that the present note is 
concerned. • • 

We may define d and q as unit vectors in the direct 
and quadrature axes of the machine respectively. Fur¬ 
ther define: * * 

i = id d + i q q ) 
e —■ e d e + e Q q 

i = id e + i q q > (4) 

e / = e -f 6/, q 
i / = ifi e + ifq q 

Then neglecting zero phase sequence quantities and 
replacing p 6 by 1 — s, where s = slip with respect to 
normal speed, there is obtained: 

i = g (p) e/ r x (p) i * (5) 

e = (p + (1 - s) j) i - ri (6) 

V = Vf (P) «/ + k f (p) i (7). 

In these expressions a caret over a quantity means 
that it is’a linear vector operator, transforming a vector 
into another by extensions and rotations. It is equiva¬ 
lent to a dyadic 2 followed by a dot to indicate the dot 
(scalar) product. Inasmuch as a dyadic is a matrix 3 
and operations are wanted between scalars and linear 
vector operators it will be convenient to designate the 
operator by its matrix, the vector coordinate and the dot 

2. “Vector Analysis,” Gibbs-Wilson, Yale University Press. 

3. “Introduction to Higher Algebra,” Boeher, M., McMillan. 
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being understood. The coordinates may be stated as 
subscripts when desired. Thus: 

/N f 

a r is understood to be 


y $n dd + dq 

V + $21 qd + $22 qq 


) 


and will be characterized by the convention. 

/ &11 &12 \ 

\ $21 $22 ' 

In this way the symbolism is freed from superfluous 
unit vectors and product symbols and matrix algebra is 
available to carry out operations between scalars and 
matrices. When vector operations are to be performed 
the vector dyads and the dot may be written in at will, 4 
or may be supplied mentally. 

Thus in (5), (6) and (7): 


SUMMERS Transactions.4.1. E. E. 

The method of working may be illustrated by evaluat¬ 
ing h (p) and 2 (p). 8 

Thus, directly: • 

z ( p) = B P +*( 1 - s)/l * (P) + r 

This gives: 

x d ( V) 0 


/ V 8 - 1 W x d (p) 0 \ 
\ 1 - sp / \ 0 x q (p) ) 


+ r 


Carrying out the multiplication and adding r there is 
obtained 


2 (P) 


■( 


9 (P) 


x (p) 


Qd (p) 

g q (p) 


-( g 

\ 0 

= / x* ( P ) 

\ 0 X 

/ x d o\ 

\ 0 Xq/ 


°) 


Vi (p) 


kf (p) 


-(* 
\ 0 

-C 


Vfd (p) . 
Vft (p) 


7 

°) 


a matric explicitly as written, unit matrix. 


“■ O' ‘ 


is un¬ 


derstood. 

Equations (5) and (6) may be combined to give: 
e = h (p)"e, - z (p) i 


Zi (p) (S 1) X q (p) \ 

(1 - s) x d (p) zq(p) / 

where 

z d (p) = P x d (p) + r 
z t (p) = p x q (p) + r 

Similarly originally 

% (p) = (p + (1 - s) j) g (p) 

which gives 

VQd (p) (s - 1) g q (p) \ 

(1 - s) g d (p) pg a (p) / 


( 10 ) 


h (p) 


■( 


( 11 ) 


As an illustration of the working out of the equations, 
consider two machines connected together, 


( 8 ) 


= hi Cp) e/i - zi (p) i 

= h 2 (p) e /2 + Z 2 (p) i 


( 12 ) 


bd (p) 

kfq (p) 

Where any terms in a matrix equation do not contain 

r lo N 


Subtracting 

(zi (P) + 2:2 (p) ) = i = hi (p) e/i - (p) e/o 

Multiplying through by the inverse operator 5 
i = [zi (p) + z 2 (p) J" 1 [&i (p) e/i - h (p) e /2 ] (13) 

Now in writing equations (12) it was tacitly assumed 
that the matrix operators were expressible as vector 
dyads on the same set of axes. 

In order to carry out this requirement consider: 


(9) 


/ On ii Oi2 ij \ 

1 

\ o 2 i ji a n jj' / 

• f 


„ 4. The question of having special symbolism to indicate that a 

quantity is a scalar, a vector, a differential operator or a linear 
vector operator, should be given careful thought. It would 
facilitate^writing, typing, printing, and reading if no special sym¬ 
bolism w r ere used, the quantities being completely flexible and 
capable of taking on the proper significance at will. On the other 
hand, interpretation is facilitated by having the precise meanings 
of all symbols indicated at all times. Perhaps a compromise 
would be best in which the actual equations are written without 
special symbolism but the interpretations are carefully noted in 
the text. Special operators, £heh as synchronous reactance could 
be indicated, for example, as x{ °o) or x s and pure vectors could be 
written as a scalar with the proper unit vector, special letters 
being reserved for the unit vector to make them readily dis¬ 
tinguishable. 


Now if 


i = h f + m, g 


(14; 


(IS) 


j — k f + W‘> g 
Substitution of (15) in (14) and collecting terms gives: 


5. This implies that and are constant. For uniplannr 
matrixes the inverse operator — x~ L is 


X 2 2 

- X'i i 


x n 


x u x v: 

X-21 Xw 
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w 

• __ 11 ^12 \ 

\621gf b 2 2ggJ 


afQ It £ t 

gr 622 gg # 

where # * # 

611 = ^l 2 (111 4” ($12 4“ $2l) ^1 l ‘2 4” ^2 2 $22 

612 ==: ll VYl\ dll 4“ ll di2 4“ ^2 Wl d21 4“ ^2 tW-2 d22 
621 =: ^1 'WI'l dn 4" ^2 ^1 dl2 == ^1 ^2 d21 4“ ^2 'YW'2 d22 * 

5 2 2 = Wil 2 dn 4“ (di2 4“ $2l) m l m 2 4“ ^2 2 d 2 2 

( 16 ) 

For a set of rectangular axes rotated an angle 5 from 
the reference there is 


h = cos 8 
lo = — sin 8 


mi = sin 8 
m 2 = cos 8 


(17) 


and 


7 $11 4- d 2 2 , dll — dl2 ^ * ®12 4- $21 r| . ^ 

& 11 = o 4“ o Cos 2 5— 0 Sm 2 5 


dll d 2 2 dl 2 do 1 d 12 4“ do 1 

bn = 0 Sin 2 3 + —^- + - ■= -Cos 2 6 


dn ” d 2 2 _ _ do 1 d 12 d 1 2 4“ $21 

621 = o Sm 2 5 4” o 4~ 7) Cos 2 0 


dn 4" d ->2 dn — d 2 2 di 2 4” d 2 1 

b 22 = -o—~ - - o -Cos 2 5 +- 5 - Sin 2 5 


Discussion 

EQUIVALENT CIRCUITS—I 

(Starr) 

TRANSIENT OSCILLATIONS OF MUTUALLY COUPLED 
CIRCUITS 

(Bewley) 

GEOMETRICAL CIRCUITS OF ELECTRICAL 
NETWORKS 

(Foster) 

VECTOR THEORY OF CIRCUITS INVOLVING 
SYNCHRONOUS MACHINES 

(Summers) 

J. E. Clem: Mr. Starr’s paper presents a thorough and com¬ 
prehensive treatment of the derivation and application of equiva¬ 
lent circuits. Considerable emphasis is given to the greater utili¬ 
zation of the calculating board, by applying equivalent circuits, to 
the solution of certain problems too difficult to solve analytically. 
For example, in Part III of the paper, a number of simplified 
equivalent circuits to represent groups of parallel transmission 
lines are derived. It is shown in the paper how these circuits may 
be used to represent the zero-phase diagram of a transmission 
sys’tem on a calculating board in a very simple manner. 

It is interesting to note that the group of equivalents shown in 
Figs. 8 to 15 involve no negative resistance and in most cases 
involve no negative links of any kind. It is evident that these 
properties make these circuits of particular value in calculating 
board work. Anyone interested in system studies should find 
these circuits, as well as the generalized equivalents developed 
in Parts I and II of the paper of considerable value, whether or 
not it is intended to use the calculating board. 


• • . 

More important than the particular applications treated are, 
perhaps, the general methods and rules which are given to apply 
equivalent circuit? to any type of problem. Thus, the methods 
developed here might be applied directly to obtain equivalent 
circuits to represent various types of rotating machinery, and 
particularly certain multi-circuit motors foi* which adequate 
equivalents have not as yet been developed. Representations 
of the proposed three and four winding generators for use in a 
single-line diagram also suggest the use of circuits similar to those 
shown in Figs. 9 and 10. 

Many other circuit problems lend themselves to the # use of an 
equivalent circuit as an aid to the solution. For example, they 
are useful in analyzing any multi-circuit transformer problem • 
where each winding is loaded with a particular type of load and 
especially if the loads are interconnected electrically. Another 
suggested application is the use in analyzing the operation of 
certain types of relays involving combinations of coupled circuits. 

Although the equivalent circuit is shown to be quite useful in 
the analysis of coupled circuits, this is not the only general appli¬ 
cation. In Part II of the paper there is developed a general 
equivalent which may be used to replace any part or all of a 
general network composed of any number of erratically placed 
links and having any number of points of entry. The value of 
such an equivalent is evident. The number of links required to 
represent the network is greatly reduced by using the equivalent. 

In Mr. Summers’ paper there is presented a new variant of old 
methods of mathematical manipulation. We have had matrix 
algebra, vector analysis, and operational mathematic, for a long 
time? Here we find suggested a method of adapting and com¬ 
bining matrix algebra and vector analysis so that the work may 
be carried on in the operational form. With the aid of a few rules 
it is possible to work out the solution symbolically as easily as for 
an ordinary algebraic problem. The work to obtain this solution 
is reduced through the simplification and decrease in the number 
of terms which feiust be carried along and it is much easier to 
retain throughout the work a clear conception of the physicial 
meaning of the equations. This latter concept is oT great im¬ 
portance. # 

The method proposed has been illustrated by an application to 
an a-c. generator and this immediately suggests that it <jan be 
advantageously applied to problems of system operation such as 
stability, hunting, and synchronizing power. Design of syn¬ 
chronous apparatus can thus be studied in relation to system 
operation to the end that machines giving better system per¬ 
formance may be built. 

This method of analysis should find a broad field of application 
in all problems involving the use of vector operators. Whenever 
the reaction coefficient along one axis is different than that along 
another, as in non-isotropic substances, vector operators can be 
brought into use. Such problems may occur not only in elec¬ 
trical work, but also in the field of acoustics, mechanics, thermics, 
and hydraulics. 

The paper by Mr. Bewley makes public a mathematical solu¬ 
tion of a problem which has been recognized for some time, so 
that there is now generally available a method by which the 
internal behavior of a transformer resulting from impact of an 
impulse may be analyzed. Although the analysis has been 
worked*out on the basis of an applied rectangular waye, the solu¬ 
tion for any applied wave shape is immediately available by the 
use of the well-knowm principle of super-position. 

This paper will be of inestimable value in analyzing the insula¬ 
tion design of transformers. It makes it possible for anyone to 
evaluate the stress at various points of the windings and correlate 
■ the amount of insulation with the requirements. Further, it now 
becomes possible to insulate the%secondary windings of a trans¬ 
former not only from consideration of the overvoltages coming 
from the secondary side, but also of the overvoltages coming 
through the transformer from the primary side. In short, the 
correlation of the insulation of transformers with experience can 
now be placed upon a combined rational and empirical basis. 
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Although written primarily in consideration of transformer 
needs, this paper will be of distinct value in other fields, par¬ 
ticularly for rotating apparatus. Proper insulation of rotating 
apparatus requires a knowledge of the voltage distribution 
throughout the windings due to impact of a traveling wave. The 
method of attack^set forth by Mr. Bewley can be applied to this 
problem. With the modifications requisite for the different types 
of apparatus, distribution of the internal voltages can be analyzed 
and the insulation and protective requirements determined. 

In Mr. Foster’s paper there is given a method of enumerating 
all possible circuits having certain specified characteristics, de¬ 
fined as “nullity” and “rank.” This information is of particular 

* use to communication engineers in the study and design of maxi¬ 
mum output networks for substation and repeater circuits. 

R. D. Evans: One of the early problems in power system net¬ 
works 'was in connection with the supply systems for a-c. railways. 
Hgre the layout was determined largely because of transformer 
loading and voltage regulation which depended upon unusual 
concentrations that would occur under practical operation. A 
particular feature of this network problem is the fact that the 
loads are taken off at varying points along a network branch. 
Quite elaborate methods wore developed to take care of simul¬ 
taneous loading at different points and to take into account 
changes in circuit condition arising from the disconnection of a 
line or of a transformer. 

Following this came a very important step in network theory, 
namely, the introduction of the method of symmetrical com¬ 
ponents by Dr. Fortescue to make possible the solution qf un¬ 
balanced power system networks. In the last ten years numerous 
contributions to the theory have been made which have facili¬ 
tated its practical application to a large variety of current 
problems and it is now considered basic for relaying and other 
applications which are dependent upon unbalanced faults. 

In connection with the stability problem it was necessary to 

• develop new forms of circuit constants in order to facilitate the 
solution of^.general networks taking into account not only dis¬ 
tributed constants but also their combination with lump con¬ 
stants. These constants were also used in extensions of the power 
circle diagram to take care of the general "network. In addition 
methods for solving networks with synchronous machines in 
various branches were debased. 

The most striking development in the last few years has been 
the introduction of the a-c. calculating board which has made it 
possible to solve many problems in a more complete manner and 
in less time than was possible heretofore. The calculating board 
has been used extensively in connection with problems of power 
system stability an'd relay operation. It also has been used for 
the purpose of simplifying complicated networks of hundreds of 
branches*to the simplest possible equivalent general network for 
the smallest number of terminals permissible for the particular 
case under consideration. 

J. W. Butler: The method which Mr. Starr has developed in 
Part III of his paper for setting up his several simplified equiva¬ 
lent circuits is an interesting and useful one. For example, the 
circuit shown in Fig. 8 of the paper may be recognized as the 
equivalent linkage to represent the single-line diagram of the 
three-winding transformer. For this application, the links a , b 
and c should be expressed in terms of the Z 3 -. k coefficients rather 
than the Mj k coefficients since the through impedances, that is, 
the impedances between pairs of windings, are those generally 
known. We may of course always change any function of M co¬ 
efficients to one of the Z coefficients by using the general equa¬ 
tions (13b), (14b) and (13b) of the paper. 

Similarly, Fig. 9 may be interpreted to represent the four- 
winding transformer, Fig. 10 m£y be interpreted to represent the 
five-winding transformer, etc. 

As pointed out in the paper, the equivalent circuit used for any 
particular application may be set up to fit the application in 
question in the simplest manner. 


For example, let it be required set up an equivalent single- 
line circuit to represent a four-winding transformer whose r six 
impedances are: 

Zl_s = Zi .2 =12.0 percent f 
Z 1.4 ~ 12.53 percent 
Z 2-3 =21.0 percent 
‘ Z 2 -3 = Z'i .4 = 11.9 percent 

Since there are four independent values of impedance, the 
equivalent circuit need have only four independent links. It 
must, of course, have four points of entry and must satisfy the 
above conditions. The circuit shown below is a simple one which 
satisfies the particular conditions of this case. For example, 
one may observe at once that Zi ~s = Z L _ 2 and Z 3 . 4 = Z o_ 4 . 
The through impedances are from Fig. 1 
Zi.t = a + b + H d 
rZl -4 — a c + d 
Z 2 -z =2 b + d ’ 

Z'i-4 — b -j- c -f* */4Ab¬ 
solving for a, b, c and d. 

a - H(Zi. 4 - Zi- 4 ) - X,_ 3 +3/2Z,-* 

6-^.2 +£*-4 - Zi.i - V 2 Z2-Z 
C — }4(Zi„2 — Z 1 . 4 ) — Z 2-3 + 3 /2Z 2 ..4 
d — 2(Zi -4 + Z'i -3 —* Zi .o — Z‘>-i) 



Substituting the impedance values in the above equations 
a = - 6.32 per cent 
b = — 0.63 per cent 
c = — 4.42 per cent 
d = 25.26 per cent 

Note that the negative links appear in the terminals and that 
these may be balanced out by the positive impedance of con¬ 
nected apparatus. 

Edith Clarke: Equations corresponding to those given under 
(lb) of Appendix B of Mr. Starr’s paper, have been used to ad¬ 
vantage in the solutions of the positive sequence system, during 
simultaneous faults when the faults were on different phases and 
on lines which were not symmetrical with respect to the rest of 
the system, such as parallel lines not bussed at either end or 
bussed at one end only. Mr. Starr has expressed the C coefficients 
of these equations in terms of the “through impedances” between 
the terminal points taken two at a time, the through impedance 
being the impedance between the two points under consideration 
with all other points ungrounded. Since in transmission systems 
it is usually a simple matter to calculate the through impedance 
between any two points of the system, this method of deter¬ 
mining the numerical value of the C coefficients is a simple and 
direct one. 

Another simplification which will be found of advantage where 
an a-c. calculating table is not available or when greater accuracy 
is required than can be secured by its use, is that of placing the 
self-impedance at the terminals and not in the mesh of the equiva- 
lent circuits. The labor of numerical calculations is materially 
reduced by this procedure since the mesh will be composed of 
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ewer braAches all of which will be reactive. For example, two 
>arallel lines in the zero sequence diagram, not bussed at eithet 
nd, may be represented by equivalent circuits I(d) or I ( e ). Fig. 
e, which has* purely reactive branches in the mesh with the self- 
mpedances at the terminals, is a much fnore wieldy circuit. 

R. G- Lorraine: Mr. Starr has developed equivalent circuits 
or two, three, and four parallel transmission lines. Mutual* 
effects between lines may be represented by mutual reactors 
transformers) instead of by equivalent circuits as pointed out by 
Hr. Lewis. However, the number of mutuals frequently exceeds 
he number of mutual reactance units available on the a-c. table 
md the equivalent circuit must be used. In these circuits all 
ranches representing mutual coupling are pure reactances. For 
purposes of calculation this is, of course, desirable. However, 
Hire inductive reactances cannot be represented directly on the 
i-e. calculating table. 

The reactance units on a calculating tabte, to be of reasonable 
size, must necessarily have an appreciable amount of resistance 
issociated with the reactance. For the accuracy usually required, 
his resistance cannot be neglected when it occurs in a unit used 
o represent a pure reactance. To specify arbitrarily this re¬ 
sistance in the mutual branches of the equivalent circuit, is one 
vay of securing proper representation, but at the expense of 
ncreasing the number of branches of the equivalent circuit. A 
setter way is to change arbitrarily the impedance reference vec¬ 
tor, so that all the mutual impedance branches have a smaller 
impedance angle than that of the reactance units. This rotation 
n addition to introducing the required resistance in the mutual 
Draneh.es of the equivalent circuit, produces a different phase 
ingle relation between the currents and voltages throughout the 
network. Therefore, the resultant currents must be rotated back 
bo obtain the solution. The polar form of the expression for 
voltage drop through ari impedance may be used to find the rela¬ 
tions between the impedance and current angles. 

The rotation of impedances may produce a negative resistance 
in any capacity reactance branches which are present. Usually 
the effect of this resistance may be neglected as the capacity 
effects are generally small. If they are not the negative resistance 
may be represented by a potentiometer. 

Thus, even though Mr. Starr’s equivalent circuits contain pure 
reactance branches, means are available to represent them ade¬ 
quately on the a-c. calculating table. 

W. A. Lewis: Several of the equivalent circuits presented by 
Mr. Starr are both new and interesting, and should prove a 
valuable addition to the work on the subject. In particular the 
equivalent circuits for the transformer in Fig. le and for 0 or 
more coupled lines in Figs. 9 to 14 should prove useful. The cir¬ 
cuit of Fig. 8 for the common case of two lines is rather well 
known and has been used by others.* 

It seems desirable to point out a slight error in the statements 
that the mutual impedance between lines is purely reactive. The 
mutual impedance is due not only to inductive coupling but also 
to the common use liy all circuits of the earth and ground wires, if 
present. This resistance may often be as large a proportion of 
the mutual impedance as the combined resistances of earth cir¬ 
cuit and conductor are of the zero-phase sequence self impedance, 
and so can. seldom be neglected unless the accuracy required 
permits neglecting all resistances. 

In the footnote on page 292 it is suggested that actual trans¬ 
formers might be used to represent mutual impedance. This has 
been done with considerable success with one design of a-c. cal¬ 
culating board, where the number of mutual impedances with 
any one circuit is small. The method, suggested by Mr. C. F. 
Wagner, is shown in Fig. 2. The transformer has a 1 to 1 ratio 
and is wound with a bifilar*conduetor so that the leakage reac- 

*Tlieory and Application of Relay Systems,”Jby I. T. Monseth and P. H. 
Robinson, Elec.JL, July 1930, p, 411. 

Fundamental Basis for Distance Relaying , by W. A. Lewis and L. S. 
Tippett, A.I.E.E. paper No. 31-61. 


tance is negligible. It is seen from Fig. 2 that the mutual im¬ 
pedance, M, causes the same drop in both circuits, in one case 
directly and in the other case through the transformer. To pro¬ 
vide the proper value of self-impedance, the mutual impedance 
must be subtracted from the self-impedance to obtain the values 
of the external branches, resulting occasionally in negative 
branches when several mutuals with the same circuit must be 
represented. The most generally satisfactory method appears to 
be a judicious combination of equivalent circuits and trans¬ 
formers. 

One practical point mitigates against the general Ase of the 
rigorous transformer equivalent circuit. Reactance as set on the 
calculating board inevitably includes with it a certain small pro¬ 
portion of resistance which is usually negligible. When, however, 
the reactance is neutralized to a small value by means of ca¬ 
pacitance, the resistance may no longer be a negligible proportion 
of the resultant effective reactance. • 

George W. Hampe: It will be found that the complete or 
lattice mesh of which Fig. Id and Fig. 3b of Mr. Starr’s paper are 
examples can be handled more readily if admittances instead of 
impedances are used to express its links. A simple process for 
finding the branches of the complete mesh equivalent to the 
general concealed network was given by Mr. Campbell.* It can 
he derived without the use of determinants as follows: 



•Actual Circuit 

9 9 



Zz—Mfz M 1Z 


Equivalent Circuit 
Fig. 2 

Let Yj be the admittance from a free entry point j to ground, 
with all other points of entry grounded. Let each entry point 
function in turn as the free point. r 

Let Fj,/ C be the admittance from the entry points j and fc, which 
are joined but otherwise free, to ground, with all other points of 
entry grounded. Let each pair of points function* in the same 
manner. 

Consider both the concealed network and its equivalent com¬ 
plete mesh to be measured in the above ways. On the equiva¬ 
lent, of which Fig. 3b is an example, some links are thus placed in 
parallel and the resultant admittance can be equated to a mea¬ 
sured quantity from the concealed network. # 

Thus if YjJc is the admittance corresponding to ZJJ ( (Appendix 
E), a set of equations corresponding to each type of measurement 
can be written. For the first set, the following are instances: 

Yfa 4“ Yjb + • • . + Yji + Yjk + . . • + Yjn = Y i (*) 

Yka + YE + • • • + Ykj + Yki 4 ■ • • + YFn = Y h (2) 

From the second set: * 

Yfa 4-■ FJ5 t • • * Y Ti + Yjl -f . . . Yjn + YTa 

4- YkS + • YE 4- Yji + ... Ykn “ Yj,k (3) 

*Cisoidal Oscillations , by : G. A. Campbell, A.I.E.E. Trans., Vol. 30, 
1911, p.873. 
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Substituting from (1) and (2) into (3) yields: 

Yj + Yu - 2YJ U (or 2 Yjj) = Y&t (4) 

or Yjj z — (1 'j + Yj : — Yj,k) -t 2 (5) 

For determination of the complete mesh by direct measure¬ 
ment (for instance on the calculating table) this solution is 
sufficient and leads to easj 7 manipulation. Many other forms of 
equivalents from which mutual couplings are excluded can be 
found from the complete mesh by delta-star and star-mesh con¬ 
versions. For the four-point case there are six in the basic group 
of which Figs. Id and e are members. Star-mesh conversions on a 
general network can be used to show that the complete mesh 
equivalent of concealed positive resistance will never contain a 
negative link. 

For determination of equivalents analytically, determinants 
may be useful for the expression of driving point and transfer 
admittances. The type form equation (5) can be used as the key 
to the situation. Thus for the n winding transformer it is merely 
necessary to ascertain which driving point and transfer admit¬ 
tances apply for the measurement conditions specified. The 
general equations expressing the links of the complete mesh then 
follow. Parallel lines are coupled in the same manner as the 
windings of a transformer. 

The writer would also like to ask several questions concerning 
the paper. Why is the term “characteristic impedance’’ used in 
defining some of the symbols in Appendix C, but not others? In 
the introduction it was said that?, in general, equivalence held 
only for a single frequency. c 

In the transformer equivalent the value of some links is tho 
negative of others. Mr. W. C. Hahn ( General Elec . Rev., V. 34, 
Aug., 1931, pp. 483-489) explained a way of setting up negative 
resistance on a d-c. calculating board. I wonder if it has been 
found practical in this connection. Not all coupled lines can be 
traced to a common bus at one end. * r 

The foregoing points are mentioned to supplement, not to 
criticize, Mr. Starr’s work. Mr. Starr and I, working inde¬ 
pendently on similar problems, found similar solutions. 

Mr. Campbell’s remarkable paper had remained practically 
unused, at least in the power engineering field, r for over twenty 
years. It is to be hoped that since it has been rediscovered the 
application of other parts of it will lead to the solution of modern 
problems. 

H. L. Rordens Specific calculations based on Mr. Bewley’s 
derivations illustrate several points of interest. Table I lists the 
essential terms for three space harmonies as calculated for the 
given constants. 


c 

These calculations show: ^ <*» 

« 1. That of the two time harmonics for each space harmohid* 
only one of them is important to the primary. 

2. The two-winding theory gives practically th$ same ampli¬ 
tudes of oscillation as the^single-winding theory. 

3. For practical purposes A s ' = X s . 

4. The harmonic frequencies are substantially the same for the 
single and for the two-winding theory. 

5. Both time harmonics are of practically equal importance in 
the secondary. At r -the initial instant these time harmonics are 
of opposite sign for grounded neutral, but due to the great dif¬ 
ference in their frequencies they are quite likely to become addi¬ 
tive numerically. 

6. The first three harmonics are practically of the same im¬ 
portance in the secondary. 



7. The axes of oscillation in the secondary are quite different, 
depending upon the terminal connections. For grounded pri¬ 
mary neutral these oscillations are about the axes, 



for isolated open-circuited secondary and 
e 2 = 0 

for short-circuited, grounded secondary. 

8. Calculations made with the two-winding theory are extremely 
sensitive to error, and the computations must be carried out with 
considerable care to get accurate results. A small error in the 
calculation of frequencies may cause an enormous error in the 
amplitudes. 





TABLE 

I—CALCULATED TRANSIENTS 

Basic Constants 






K\ =1 X 10 ~ n 

Tv 2 = 1 X 10- 11 

Ci = 1 X 10~ 9 

C 2 = 2 X 10~ 9 

Ca = 1 X 10 -® 

Ll a 10 

Lo =2.5 

M = 2.5 


- 



Short-circuit and grounded secondary 


Open-circuited and isolated secondary 

s 

(T, 

1 

2 

r 3 

1 

2 

3 

co s . . . 


132,000 

500 000 

..1,140,000 . 

. 132,000 . 

. 74,500 

....500,000 

97a non 

. . .1,140,000 

■Oa.... 


. . . 74,500 

...276,000 

r s ■ ■ . • 


5.65. 

10.08 

81.3 . 


10 08 

. . . 553,000 

v.. . 


’ 0.216. 

0.308 ... 

0.88 . 

0 916 



x,... 


-0.592. 

0.252 ... 

—0.1375 . 

—0 563 


... 0.88" 

Us... 
A,,. . . 
A/ . . 


0.0114_ 

0.0254_ 

—0.617.. r . 

-0.0175 ... 
-0.00974... 
0.259 ... 

0.0181 . 

0.00173. 

-0.1394 . 

-0.2032 . 

-0.015 . 

-0.547 

- 0.123 . 

- 0.0052. 

0 2^9 

• . . —0.1126 
-0.0995 

-0.1125 

A 2s • • ■ 


0.144 _ 

-0 . 0974 ... 

0.141 . 

-0.0845 

0 05°4 

A*,'.. 


-0.133 . 

0.0798 

—0.123 

—0 118 



*A S . . . 


-0.601 _ 

0.257 ... 

-0.138 . 

-0.601 _ 

. U. U/Uo .... 

, 0.257 

—0.099 
-0.138 
. . . 563,000 

*2.t/.. . . 


.. 74,700 . 

...278,000 

. . 563,000 . 

. 74,700 . 

-278,000 . 


*Based on single winding theory. 
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It is interesting, as an analogy, to compare the general dis¬ 
tributed circuit with the lumped constant circuit shown in the* 
figure, which exhibits similar characteristics. This consists of 
two L-C circuits coupled toy a mutual inductance M. The equa¬ 
tions for the voltages across the capacitors are: 


(L\L 2 - M 2 )CiC 2 


r i - co 2 . 

h co 2 ( CO 2 — 


1 - Q 2 L 2 Co 

nnJ - if) 


EiM 

= (Urnsi)c,(«'-o* ) leos " cos 0il 


where 02 


LiCi + L t Ct ' - V (LiCt - L 2 C 2 ) 2 + 4 M*CiCs 
2 [LxU - M 2 ) CiC 2 


The comparison illustrates several points of similarity: 

A. The constant term in e\ of the lumped circuit corresponds 
to the axis of oscillation of the distributed circuit. 

B. The lumped circuit has two distinct frequencies of oscilla¬ 
tion, corresponding to two distinct fundamental frequencies in 
the distributed circuit. 

C. The two frequencies are practically of equal importance in 
the secondary of either the lumped or the distributed circuit. 

D. One of the frequencies (that nearest to the natural fre¬ 

quency of the primary alone) is the predominating component 
in the primary oscillations. * 

E. As the mutual inductance.is decreased in either circuit, the 
two frequencies approach the natural frequencies of the primary 
and secondary alone. As the mutual inductance is increased, one 
of the frequencies increases towards infinity and the other fre¬ 
quency approaches the compromise 

1/2?r y/LiC i + LoC 2 . 

These conclusions are illustrated in Fig. 3. 

Gabriel Krons For years the customary procedure has been 
to analyze the transient and steady-state behavior of rotating 
machinery in terms of currents and voltages appearing at the 
terminals. Lately a new point of view is applied to the analysis of 
salient-pole synchronous machines; it is tacitly assumed that at 
any instant the current-density wave and the actual flux-density 
wave are sinusoidally distributed in space in both field and arma¬ 
ture windings,’ hence they are replaced by two-dimensional space 
vectors and the behavior of the machine is expressed in terms of 
these space vectors instead of the terminal currents and voltages. 
Park in his classical paper “Two-Reaction Theory of Synchro¬ 
nous Machines” assumes two mutually perpendicular, stationary 
coordinates along the field poles and along the interpolar space 
and analyzes the projections of the space vectors along these co¬ 
ordinates. As a result, for each.layer of winding (the field wind¬ 
ing being one layer, the armature winding another layer) he sets 
up two scalar equations, altogether four scalar equations, as given 
in the first column of this paper. Since practically all types of 
asymmetrical rotating machines, having brushes, cr sliprings in 
any combination with any number of layers of windings on stator 
and rotor, can be assumed to have sinusoidal current-density and 
flux-density waves in space under any transient or steady-state, 
balanced or unbalanced conditions, it follows that any rotating 
machine requires for its analysis twice as many scalar equations 
as tl}ere are layers of windings on it (neglecting, for the time 
being, space-harmonics). 

The most logical step for simplification lies in the introduction 
of two-dimensional vectors for currents, fluxes, voltages and of 
dyadic operators for impedances and admittances, each operator 
, consisting of the sum of 2 X 2 = 4 dyads, as has been done by 
Summers for synchronous machines. With the use of these vec¬ 
tors and dyadics (or tensors of rank two) the number of equations 
is halved and one has to manipulate only as many tensor equa¬ 


tions as there are layers of windings. In the example used by 
Summers, the salient-pole alternator, the number of the neces¬ 
sary tensor equations is two [equations (5) and (6)]; in a repulsion 
motor with an additional squirrel-cage the number of tensor 
equations is three, etc. 

My studies of the vector currents and vector fluxes existing in 
, different types of rotating machines led me first to a graphical 
treatment of these vectors. W 7 hen a limit of their practical use 
was reached the geometrical relations existing between the dif¬ 
ferent vectors were put in the form of scalar equations. Then 
quite ignorant of the studies of Summers I also began to«nse two- 
dimensional vectors and dyadics with four dyads as being the 
most obvious tools for a simplified treatment. Soon however, I 
was led to a more simplified procedure which seemed to be a 
necessary and inevitable step forward. 

I assumed that the two stationary unit coordinates of the 
armature (rotor) d r and q r are mutually perpendicular to the two 
unit coordinates of the field (stator) d s and q s and instead of 
having a two-dimensional current vector in the field winding and 
another two-dimensional current vector in the armature winding, 

I assumed that there is only one jour-dimensional current in the 
machine with different components along the four normal co¬ 
ordinates d s , q s , d r and q r . Similarly I assumed that the terminal 
voltage consists of one four-dimensional voltage vector 
e — eas d ~r e qs q + Gdr d + e qr q . . . 
where each scalar coefficient can be any function of time, d-e., 
a-e., Heaviside unit function, etS., (also zero) or any combination 
of thesie. Corresponding to these assumptions I introduced the 
following impedance operator as a dyadic consisting of 4 X 4 = 16 
dyads which transforms a four-dimensional current vector into a 
four-dimensional vdltage vector in any machine with two layers 
of windings 

« 

0 rds + L ds p) q s q s + M d Us <!> “ Mdp9 q s d r -f 0 q s d s 
+ Mdp qr Qs + (Pdr -b LdrP) Qr Qr “ LdrpQ 4* 0 q, d s 
+ o d ? q s 4- L qr pd dr q r + ( r qT + L qr p) d, d r 4* 3/<*P d, d s 
+ 0 d s q s + M q pd d s q r -f M q p d s d r + (r qs + L qs p) d s d s 

In setting up this impedance operator the “per-unit” concepts 
have been abandoned, self and mutual inductances were used^and 
the stator was assumed to have salient poles, in order to make the 
tensor available for the transient analysis of asymmetrical com¬ 
mutator machines also. Rotating machines with three layers of 
windings have six-dimensional currents and terminal voltages and 
their impedance operator contains 6 X 6 = 36 dyads, of which 
the above 16 dyads form the inner square. With greater number 
of layers of windings proportional relations hold true. This 
operator, the “magnetic-field tensor” contains all the design con¬ 
stants, is an invariant , its value is independent of the presence of 
brushes, or sliprings and is independent of the terminal conditions. 

The presence of brushes, sliprings, taps, and the various possi¬ 
ble connections between them is represented by a transformation 
of coordinates . The transformation is made with the aid of 
another tensor, the “connection-diagram tensor” showing the 
location of brushes, sliprings, the various connections, the ratio 
of turns, etc., this tensor being a mathematical representation of 
the usual connection diagrams of different types of machines. 
While allotypes of rotating machines have the same “giagnetic- 
field tensor” containing all the design constants, each has a 
different “connection-diagram tensor.” 

With these new assumptions the transient and steady state be¬ 
havior of all types of rotating machines with any number of 
layers of windings, under balanced or unbalanced conditions can 
be expressed (assuming speed as a parameter) in terms of one 
first degree tensor equation * 

i . Z = e (2) 

from whieh the unknown current i for a given terminal voltage e 
is found 

i = e . Z-i (3) 


r 
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giving the instantaneous values of currents along each coordinate 
axis by the routine procedure of calculating the inverse of the 
impedance tensor. r > 

The "magnetic-field tensor” with any number of dyads can be 
expressed as the sum of three dvadics 

<v Z = R -f Lp + Ri-p# (4) 

where L represents all dyads containing p and R l? those containing 
pd showing that any rotating machine consists of a constant 
(tensor-) resistance and a constant (tensor-) inductance in series 
with a variable (tensor-) resistance. Also: 

e e . i = powder input (5) 

• i . R . i = copper losses inside the machine (6) 

i . L . p . i = rate of increase of stored magnetic energy (7) 

i R y . i = mechanical output (8) 

Hence 

* Torque = i . R„ . i (9) 

Dyadic operators have been set up not only for rotating ma¬ 
chines, but also for polyphase networks, vibrating systems, 
vacuum tubes, etc. One of the most valuable properties of this 
analysis is that the resultant impedance of any number of inter¬ 
connected rotating machines and stationary networks (d-c., 
induction-, synchronous-, commutator-machines, polyphase- 
networks, vacuum tubes, etc.) is the sum of the impedance of 
each machine of the interconnected system, thereby giving an 
easier procedure for the transient (and steady state) analysis of 
systems for speed-control, power-factor control, welding, etc. 

In order to have the instantaneous speed of the rotor ^lso as 
a variable, the concept of current and voltage vectors had to be 
further extended. I assumed that e represents not only the multi¬ 
dimensional impressed voltage but also the instantaneous torque 
acting along an additional dimension t in the direction of the 
axis of the rotor; similarly i represents mot only the multi¬ 
dimensional current vector, but in addition the instantaneous 

• angular velocity acting along t also. If now 6 includes in addi¬ 
tion the factional resistance dyad ptt, L includes the moment of 
inertia of the rotor Tit and L„ = — R v x t, the transient behavior 
of any machine or combination of machines is'described during 
deceleration by the following single, second degree tensor equation 

i.L„xi + i.Lp+i.R=e (10) 

By taking infinitesimal changes of vectors in this equation, 
all problems of hunting and vibration of different types of ma¬ 
chines, system stability, starting, etc., can be studied systemat¬ 
ically. 

It can be proved that this last equation also is a tensor expres¬ 
sion of the Maxwell-Lagrangian Equation of Motion for a system 
containing kinetic (mechanical) and electrokinetic (magnetic) 
energy. * 

F. M. Starr: As pointed out by Mr. Lewis, it is stated in the 
paper that JJie mutual impedance between parallel lines is purely 
reactive. I do not agree with Air. Lewis that there is the slightest 
inaccuracy in this statement. I do not see any reason why the 
connotation of the phrase ‘‘mutual impedance between the lines” 
should be construed as including “mutual resistance between 
ground return circuits.” 

However, Air. Lewis has brought up an interesting question, 
and that i§: how r may mutual resistances between ground return 
circuits be represented when the resistance is not negligible? One 
exact method of doing this w r ould be to represent the ground cir¬ 
cuit as an equivalent mesh whose links would be evaluated in 
terms of resistance measurements made between the various 
grounding points (with all lines disconnected) in accordance with 
the method outlined in Part II of the paper. The zero-phase dia¬ 
gram of the system shown in^Fig. 5, then, would consist of the 
equivalent layout shown in Pigs. 6 or 7 with the various ground¬ 
ing points connected, not to a common ground, but to the re¬ 
spective terminals of an equivalent resistance mesh representing 
the ground. Of course, in order to represent the ground circuit 


by such an equivalent, or in any manner at all, ft is necessary that 
£he resistance coefficients be known or possible of measurement, 
and this may be rather difficult or at least impracticable. 

Mr. Lewis further pointed out that r fche small amount of re¬ 
sistance associated with<reactor units On the calculating board 
might be objectionable when applied to pure reactance links of 
an equivalent circuit. Although such a condition would rarely 
r occur, if it were important in some particular case, it could he 
completely corrected by rotating all impedances through the 
proper angle before^ setting up on the board, as pointed out by 
Mr. Lorraine. 

Mr. Hampe, in his equations (4) and (5) has given an interest¬ 
ing equivalent for the general network which is somewhat 
different than my own. I do not agree with Mr. Hampe in his 
statement that the general network equivalent can be handled 
more easily if the links are expressed as admittances rather than 
impedances. It really makes very little difference whether driv¬ 
ing point impedances or driving point admittances are used since 
they are reciprocals. (See equation (6b) in the paper.) Mr. Hampe 
implies that the links of this equivalent circuit may be calculated 
without the use of determinants. I think great care should be taken 
when speaking of measured or calculated quantities. The Y coeffi¬ 
cients of Mr. Hampe’s equation (5) are entirely similar to my B or 
D coefficients in equation (9a) and (6b) respectively. In eit her case 
these coefficients may be measured directly, but if measurements 
are not possible, they must be calculated by means of determ in an Is. 
In this connection, it should be pointed out that to evaluate a 
,link in Mr. Hampe’s equivalent requires three impedance (or 
admittance) measurements or calculations as the case may be, 
whereas the circuit derived in Appendix B requires only one 
measurement or calculation. (See equation (6b).) 

The answers to Mr. Hampe’s questions are given briefly in the 
order in which they were asked: 

1. “Characteristic impedance” or “characteristic admittance” 
is used in defining symbols used in Appendixes A and B (not 
Appendix C) in accordance with standard nomenclature for 
determinantal coefficients. 

2. Mr. Hahn’s method of representing negative resistance is 
always applicable on a d-c. board, although this method would be 
unwieldy and impracticable if very many links required it. If an 
a-c. board is used, there is no reason why negative resistances 
need ever appear. Negative resistance can always be avoided by 
applying the reasoning used in Part I of the paper in deriving the 
circuit of Fig. le. That is, resistance may always be lumped in 
the terminals of a circuit leaving any negative links purely 
reactive. 

Mr. Butler’s discussion shows an interesting application of the 
method developed in Part III of the paper for setting up simple 
equivalent circuits. This type of application should prove partic¬ 
ularly valuable in mapping out the single-line positive or negative 
phase diagrams of a system involving 4- or 5-winding transformer 
banks. 

. L - v - Bewley: As pointed out by Mr. Rorden, the equations 
given in the paper are not only complicated, but extremely sensi¬ 
tive to small errors. For these reasons they are not well adapted 
to numerical calculation. The real practical utility of the analysis 
is that it suffices to establish rigorously the range of application 
and limitations of a number of simplified methods pertaining to 
certain aspects of transformer high frequency transients; such as 
the primary internal oscillations; terminal and neutral transients; 
transfer of waves to the secondary external circuit; etc. In this 
discussion I have compiled and classified the approximate equiva¬ 
lent circuits of the transformer, based upon the solution to the 
general circuit. It must not be construed, however, that these 
circuits are new. They have all been employed in the past by 
various individuals interested in some particular aspect of the 
problems. In chronological order, the solution to the general cir¬ 
cuit was the last one obtained. 

The equivalent circuits discussed here are approximate, as 
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contrasted to the® mathematically exact equivalent circuits de¬ 
scribed in Mr. Starr’s paper. It often happens in engineering 
work that approximate equivalent circuits may be substituted 
which are sufficiently accurate for certain purposes and under 
specific conditions. Thi& a wide ^ariet»y of circuits may be em¬ 
ployed to describe different aspects of a given circuit or piece of 
apparatus, depending upon the characteristic which it is desired . 
to investigate. 

In the accompanying chart a classification of transformer 
transients due to traveling waves, or high frequency, is given in 
the form of a family tree; and in Fig. 4 there are tabulated, in 
the order of their accuracy, various approximate equivalent cir¬ 



cuits which suffice, in specific cases and ranges, for engineering 
calculations. Theoretically, a solution to the general circuit with 
arbitrary terminal impedances would yield complete information 
on both the internal and external transients in both windings. 
Unfortunately, however, the mathematical difficulties are insur¬ 
mountable, and even could the general solution be obtained it 
would be too complicated to prove of much utility in practicable 
engineering calculations. But solutions have been obtained for 
zero and infinite values of the terminal impedances (short-cir¬ 
cuited or open-circuited terminals, either grounded or isolated) 
and it has been shown that: 

1. The initial distribution may be calculated for arbitrary 
terminal impedances. 

2. The transformer acts as a capacitance network at the instant 
of impact of steep waves, or when abrupt changes occur in the 
terminal voltages. The effective capacitance of this network has 
been derived. 

3. Voltages transmitted to the primary neutral and to the 
secondary terminal impedances through the capacitance network 
may be calculated. These electrostatic components are exponen¬ 
tial impulses of very short duration when the terminals are con¬ 
nected to their surge impedances; but if the terminals are isolated, 
the electrostatic potentials last as long as the applied voltage. 

4. The axes about which the oscillations of the primary and 
secondary ^ake place, are determined by the inductances of the 
winding (neglecting the losses), and the equations for these axes 
of oscillation are identical with the simple equations for two 
mutually coupled windings with arbitrarily terminal impedances. 
These equations thus suffice for calculating the purely electro¬ 
magnetic component of voltage and current at the primary 
neutral and the secondary terminals. This component is very 
slow and very long compared with the electrostatic component, 
and is limited in magnitude to a fraction of the primary applied 
voltage equal to the turn ratio. It is the dominate component of 
the external transient when the terminals are connected to surge 
impedances not exceeding a few thousand ohms; but of course 
it vanishes if the primary neutral is isolated. 

5. The internal oscillations consist of an infinite series of space 
harmonics, and each space harmonic has two components with 
different frequencies; that is, there are two time harmonics for 
each space harmonic. Only one of these two sets of time har¬ 


monics is of importance in the primary oscillations, but both sets 
are of practically equal importance in the secondary oscillations. 
Moreover, the amplitudes of the primary oscillations are almost 
identical with those given by the single-winding theory of trans¬ 
former oscillations; and the ratio of harmonic frequencies are in 
the same order, although the absolute values cf the frequencies 
may be somewhat different. In any event, if the inductances used 
in the single-winding theory are empirically changed to corre¬ 
spond to different connections of the secondary winding, the 
single-winding theory yields very good quantitative as well as 
qualitative agreement with the double-winding theory ^nd with 
test. It may also be shown that for the usual values of surge 
impedances, that the oscillatory components transmitted to the 
terminal impedances are insignificant compared with the pure 
electromagnetic component discussed under (4) above. For ob¬ 
viously, the oscillatory components of current can not exceed in 
value those which flow when the terminals are short-circuited or 
grounded (values which can be calculated) and therefore the 
voltages across any terminal impedance can not be as great as 
that given by the product of that impedance and the current 
which would flow if that impedance were reduced to zero. 

From the above facts, which have been derived from considera¬ 
tion of the general circuit with arbitrary terminal impedances, a 
table of equivalent circuits for the transformer, under traveling 
wave conditions and for different purposes, may be compiled as 
shown in Fig. 4. Starting with the two-winding circuit P, which 
is necessary for calculating the internal transient of the secondary 
it follows by (5) above that the single-winding circuit N may be 
used, fif it is only required to calculate the primary internal 
transient. Now it may be desirable to include the effect of damp¬ 
ing (for example, in investigating the possibility of cumulative 
oscillations caused*by applied waves of resonate frequency), in 
which case circuit M is appropriate. Circuit O, which neglects 



Fig. 4—Equivalent Circuits of Transformers to 
Traveling Waves and High Frequency 


the mutual inductance between parts of the same winding, has 
been used, but fails to give a correct description of the phenomena 
of transformer oscillations, because its frequency distribution is 
erroneous. 

For calculating the external transient of the secondary, when 
connected to normal impedances and when the primary neutral 
is grounded, it follows by (4) that circuit J may be employed, or 
its simplifications K and L. 

When the purpose of the calculation is to determine the neutral 
transient, or the transient of a traveling wave at the transformer 
terminal, the appropriate circuit is G; for at the first instant it 
acts as a capacitance in conformity with (2); if the neutral is 
isolated (Z n = oo) the neutral voltage oscillates at the funda¬ 
mental natural period of the isolated-neutral transformer; and 
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if the neutral is grounded (Z n = 0) the winding becomes an 
inductance to ground and eventually a short circuit. Now the 
effect of the terminal capacitance on the neutral current is quite 
small, so the circuit may be simplified to II, and here again the 
effect of the fictitious neutral capacitance is dominated by the 
neutral impedance Z n , so that circuit I is sufficient for practical 
calculations. 

If, however, the problem is to investigate the effect of an ex¬ 
ternal reactance, the relative importance of the elements of 
circuit G is completely reversed; for the external reactance (a 
choke cop, for example) enters into a very high frequency oscilla¬ 
tion with the effective capacitance of the transformer, (2), and at 
this high frequency the inductive winding of the transformer is 
practically an open circuit. Thus D or E apply. 

For calculating the transformer terminal voltage and the re¬ 
flected waves, circuit G is still the best approximation. If the 
neutral is grounded, it simplifies to A, For very short waves, or 
for isolated neutral, circuit B is sufficient. For waves of moderate 
length, and when slight depression of the wave front by the 


effective capacitance is not to be considered, thf transformer may 
i>e regarded as an open-circuit; or as a surge impedance of several 
thousand ohms if the very small negative reflection is to he 
included. • 

R. H. Parks In his discussion of M*. Summer? * paper, Mr, 
Gabriel Kron suggests a metSod of analysis which appears to 
have interesting possibilities. It is to be hoped that Mr. Kron 
I will develop his analysis more completely in the form of a paper 
for presentation before the A.I.E.E. 

Exception must l^e taken to one point in this discussion. This 
is the statement that the Summers’ vector method of analysis 
requires “as many tensor equations as there are layers of wind¬ 
ings.” From this statement, it would be concluded that the form 
of the equations given by Summer would not be adequate to in¬ 
clude synchronous machines equipped with field collars and 
amortisseurs. However, this is not found to be the case. The 
only change which is found necessary, in order to consider the 
effect of field collars 8r amortisseurs is a modification of t he scalar 
components of the characteristic vector operators. 



. Auxiliary Drive for Steam Power Stations' 

A Review of the Characteristics and Economics of 
Steam and ^Electric Drive for Steam Power Station Auxiliaries 

BY F. H. HOLLISTER 2 

Member, A.I.E.E. 

I. Steam Driven Auxiliaries for Power Plants, by W. Poole Dryer • 

II. Electrically Driven Auxiliaries for Steam Power Stations , by Lyle W. Smith. 


D URING the past few years there have been im¬ 
portant changes in power station and power 
system design that have reduced the operating 
costs and now power station designers are giving more 
attention to reducing the investment costs. A num¬ 
ber of large stations has been built recently in which 
practically all of the essential as well as the non-essential 
auxiliaries are electrically driven. Other recent stations 
have used steam-driven auxiliaries quite extensively. 
The committee felt that it would be of interest to review 
the characteristics and merits of steam and electric 
auxiliary drive in light of present conditions and past 
operating experience, and has therefore sponsored the 
papers by Messrs. Dryer and Smith. 

The central power station industry as a whole enjoys 
a well deserved reputation for continuity of service. 
The public has become accustomed to expect continuous 
service and the large investment charges of the power 
station companies and their industrial customers 
demand it. One of the most important factors in 
continuity of power service is reliability of the auxiliary 
equipment required at the power stations. Reliability, 
therefore, deserves the attention that has been given it 
in these papers. 

The value of adjustable-speed auxiliaries makes an 
interesting study in the application of auxiliary drive. 
In the past, the station designers have used adjustable- 
speed drives for fans, pulverizer mills, boiler feed pumps 
and circulating pumps quite extensively. Recently 
there have been developments in the manufacture of 
auxiliary equipment and station design that have made 
adjustable.speeds less necessary. The one exception to 
this trend is boiler feed pumps for high-pressure boilers. 

. The paper on steam-driven auxiliaries brings out very 
clearly the advantages of the steam turbine as a simple 
and efficient means for obtaining adjustable-speed drive. 

It has been shown in the papers that the type of drive 
best suited for the essential auxiliaries such as fans, 
boiler feed pumps, and circulating pumps is closely 

1. Foreword prepared under the Auspices of the Committee 
on Power Generation. 

2. Sargent & Lundy, Inc., Chicago, Illinois. 

, Presented at the Winter Convention of the A.I.E.E ., New York, 
N. Y., January 25-29, 1932. 


related to and dependent upon the general design of the 
station. The general station design in turn is influenced 
by the relation of the station to the balance of the power 
system with respect to interconnections, size, and loca¬ 
tion. For instance, it is quite apparent that a power 
station that forms the chief source of power supply for 
an area and that does not have reliable interconnections 
with other power systems warrants more reserve equip¬ 
ment and must have a greater number of steam-driven 
auxiliaries for starting up the station than a station 
forming part of a system of interconnected stations. 

Furthermore, it is apparent that if a new power 
station forms part of a large interconnected group of 
power stations, it.may be designed and built to operate 
at a better load factor and thereby reduce the need for 
adjustable-speed auxiliary drives. 

The location of the station will also affect the selec¬ 
tion of type of auxiliary drive by reason of the influence 
of location on the kind of fuel and fuel burning equip¬ 
ment used and* on tjje space limitations. Gas and oil 
fired, also pulverized fuel fired boilers are somewhat 
more flexible than stoker fired boilei^ and can therefore 
be taken out of service more readily with changes in 
load. This favors the use of constant speed electric 
drive. If, on the other hand, the bin system of pulver¬ 
ized fuel supply is used, exhaust steam is usually re¬ 
quired to dry out the coal, thus justifying the use of 
some steam-driven auxiliaries. . Furthermore, if ground 
and building costs are high and adjustable speed is 
required, the use of steam-driven auxiliaries may result 
in an appreciable saving. * 

It is interesting to note that the total auxiliary power 
used by a modern station is a relatively small part of the 
gross generated power, being approximately from 4^ to 
6 per cent; hence a radical power saving can not be 
expected»in the selection of auxiliary drive. Likewise, 
the investment cost of the auxiliary power including 
drive and control equipments is a relatively small part 
of the total station cost, being in the case cited for 
electrically driven auxiliaries approximately 7 per cent 
of the total station cost. It would appear that the 
station designer is more or less free to use either type 
of drive without seriously affecting the cost or the effi¬ 
ciency of the power station as a whole. Electric drive 
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for essential auxiliaries is favored from the standpoint of 
convenience and cleanliness in operation, also because it 
is more readily adapted to automatic and remote control 
particularly in the boiler room. 

Maintenance costs would be of interest for a compari¬ 
son between steam and electric drive; however, repre-- 
sentative figures are difficult to obtain chiefly because' 
sufficient time has not elapsed since the modern stations 
were placed in operation. In addition, the advancement 
in station design has been so rapid in the last few years 
it is difficult to. find stations of sufficient similarity to 


make a fair comparison. The subject of these papers is 
'inherently one of generalities because of the many’fac¬ 
tors that may enter in the selection of auxiliary drive. 1 
The discussion of the subject matter should; however, be 
of interest in bringing out points for consideration in 
determining the type of auxiliary drive best suited for 
a specific problem in power station design. 


Discussion 

For discussion of this paper see page 341. 
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R®QUIREIVyENT& 

HE degree of reliability required of a generating 
station is determined by the kind of community 
or business served by the station and the relation 
of the particular station to the other saurces of supply 
for the system. The activities of the downtown section 
of a large metropolis demand service reliable to a 
degree not expected in a rural district. So also in the 
industries, some metallurgical and chemical processes 
need the continuity of their power supply guaranteed to 
an extent not essential in other industries. Stations 
in those strategic situations, metropolitan and in¬ 
dustrial, must supply service reliable to the highest 
degree. Once the city station loses its network load, 
restarting is extremely difficult; once the industrial 
process stops, the product, and maybe the machinery, is 
spoiled and to restart the process takes hours. These 
are the paramount considerations determining the 
methods to be used for driving essential auxiliaries in 
power plants. Secondary considerations are simplicity, 
initial cost, maintenance expense and economy of 
power. 

Reliability of Auxiliary Service 

Inasmuch as a station’s ability to produce an uninter¬ 
rupted supply of power depends, among other things, 
on the ability of the essential auxiliaries to function 
continuously, the arrangements made for guaranteeing 
the operation of these auxiliaries should be appropriate 
to the degree of reliability of service expected from the 
station. These arrangements involve furnishing a 
reliable supply of energy, as well as turbines, motors, and 
accessory equipment which are free from physical defects 
and which possess suitable operating characteristics. 

Reliability of Auxiliary Power Supply 
The essential auxiliary driving units must be supplied 
with energy free from disturbances which would inter¬ 
rupt their operation. To the extent that the source of 
supply is exposed to those disturbances, arrangements 
must be made to limit the effect of any single dis¬ 
turbance to as few auxiliaries as possible and to provide 
a duplicate source immediately available when the 
primary source fails. Minor disturbances of the 
energy, such as slight reductions in steam pressure or 
voltage, are to be expected, and should be provided for 
in the design of the drives. To what extent is the 
provision of a duplicate source of supply advisable in 
stations, when the essential auxiliaries are steam driven, 
and to what extent when motor driven? 

1. Stone & Webster Engineering Corp., Boston, Mass. 
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Reliability of Auxiliary Steam Power 
Disturbances threatening interruption *of the auxil¬ 
iary service may originate within the station or without. 
In properly designed and operated stations, with 
turbine driven auxiliary equipment, no external circum¬ 
stances could disturb the characteristics of the«steam 
supply to such an extent as to prevent the auxiliaries 
from always having available sufficient driving power 
of suitable characteristics. The one circumstance 
which, if not anticipated and arranged for, could 
interfere with the ability of the steam power to sustain 
properly the operation of the auxiliaries, would be the 
sudden imposition on the station of an abnormally 
large block of electrical load. By overdrawing on the 
evaporating ability of the boilers this would lower the 
pressure in the steam system possibly to the point 
where some essential auxiliaries would “lie down.” 
The station then would fail to deliver not only the 
additional load required of it, but also its original load. 

, With this contingency recognized in the modern station, 
and provided for by proper schedules for holding in 
reserve banked boilers, and for accepting load at a rate 
appropriate to thfe steaming ability of the boilers, the 
operation of steanj driven auxiliary equipment remains 
immune to events occufring externally to the station. 

Troubles originating within the station and affecting 
the steam supply to the auxiliaries enough to prevent 
their operation, could be caused only by conditions 
resulting in an excessive lowering of the steam pressure 
at the throttles'of the auxiliary turbines. Then some 
of the auxiliaries might reach their»breakdown torque 
and stop running. For instance, certain types of 
pulverized fuel mills which require a substantially 
constant torque regardless of output would stop. This 
might result in the boilers, inadequately supplied with 
fuel, failing to sustain steam pressure. However, 
conditions resulting in such ah excessive decrease of 
steam pressure are preventable and not encountered 
in stations properly designed and operated^ These 
conditions are either under-boilering of the station or 
else serious damage to the steam system equipment— 
boilers or piping. Under-boilering is avoided in 
designing modem utility plants as it would deprive the 
main turbine generators of their proper capacity for 
service; however, this defect sometimes exists in small 
industrial plants. Since the failure of auxiliary power, 
due to damage to the steam system equipment, is a 
condition as likely to affect the main steam supply as 
the auxiliary system, it qualifies equally the reliability 
of all steam stations, whether the driving power for the 
auxiliaries comes directly through auxiliary turbines 
or indirectly through turbine generators and motors. 
The piping required for auxiliary turbines may be as 
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simple and reliable as the main steam piping on which 
large turbine generators in all steam ^stations have to 
depend in producing the station’s electrical output. 

Reliability of Auxiliary Electric Power 

A station with motor-driven auxiliaries supplied from, 
a single source of energy would not be as reliable, 
in so far as the supply of energy is concerned, as the 
station^ with turbine-driven auxiliaries; for once the 
steam energy destined. for auxiliaries is tr ansm uted 
into electrical energy for use in the motors, it enters an 
additional realm wherein its stability is both more 



Fig. 1—Station with All Essential Auxiliaries Turbine 

Driven 

# Lines and equipment which must function continuously to prevent 
interruptions ^ 


sensitive to disturbance and more subject to unexpected 
attack. Hence, to attain the same degree of reliability 
of the auxiliary energy supply as in the turbine-driven 
station, the station with motors must -have duplicate 
sources of energy. 

# S' 1 * 1 ™ service from the auxiliaries must be of a 
higher degree of reliability than that of the main power 
supply, the auxiliaries must be supplied with energy 
from at least one source not connected to the main 
generator or to the outgoing lines. This entails 
furnishing especially for the auxiliaries at least one 
generator which may be driven either by the main 
turbine or by a turbine introduced solely for this pur¬ 
pose. In important cases, two special generators are 
furnished- one driven by each of those turbines. This 
is frequently done in the case of the downtown stations 
of metropolitan systems, where so high a degree of 
reliability of service is expected that it is considered 
essential to keep the auxiliary system always free from 
affection by external disturbances. 

Not only is it necessary in motor-operated stations to 
provide special generators and sometimes duplicate 
distributing systems, but it is customary in the case of 
such important auxiliaries as boiler feed pumps and 
exciters, as an ultimate resource, to rely on turbines as 
the drivers. 

In Figs. 1 and 2, one referring to a station with all 
essential auxiliaries turbine driven, the other to a 
station with all essential auxiliaries motor driven with 
power taken from a shaft generator, the solid lines 


indicate the piping, wiring, and equipment which must 
•always function in order that the supply of auxiliary 
energy always be maintained. # Solid circles indicate 
auxiliary turbines or .motors that similarly must always 
function; dotted lines and circles indicate duplicate 
auxiliary energy lines and equipment. 

• Reliability of Turbines and Motors 

The ultimate reliability of the service given by 
auxiliary equipment to the main units in a station is the 
compounded reliability of the power supply furnished 
to the auxiliaries and of the performing abilities in¬ 
herent in the auxiliary apparatus itself. 

Regarding the inherent functional qualities of 
auxiliary turbines, the main parts in these machines are 
robust, and, as a concession to low initial cost, simple 
and inefficient compared with main turbine units. 
The parts most questioned are the reduction gears, 
governors, and valve mechanisms. However, the art 
of gear-cutting has been so developed that gears seldom 
give trouble without ample warning. Governors and 
valve mechanisms are less certain in operation unless 
particular skill is applied to their design. 

* As a basis for evaluating the degree of functional 
reliability of turbines, they can be compared with the 
piore usual types of motors; i. e ., the squirrel cage, and 
the adjustable-speed wound rotor types. The sim¬ 
plicity of the construction of squirrel cage motors and 
their accessories probably place them in approximately 
the same grade of inherent reliability as turbines. 



Fig. 2—Station with All Essential Auxiliaries Motor 

Driven 

—•— Lines and equipment which must function continuously to prevent 
interruptions 

Wound rotor motors and their accessories, however, 
involve parts and constructions which can be pre¬ 
ferred only from considerations of economy of power. 
It might fairly be said, regarding the qualities of 
reliability inherent in the drivers and accessories them¬ 
selves, that steam-driven auxiliaries are as .reliable as 
those electric driven, in the case of constant speed 
equipment, and are more reliable in the case of adjust¬ 
able-speed equipment. 

A further aspect of the reliability of performance 
inherent in the driving apparatus itself is the relative 
ability of turbines and motors to drive adjustable- 
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sd equipment smoothly and without transitional 
chances—particularly draft fans. On such duty, 
turbine with its infinite number of speeds performs 
nly; the wound roj;or motor, with its step action 
nsition in speeds, is more liable to cause disturbance 
>urner flames, and in the change from the motor of 
speed to that of another, further operating compli- 
ons are encountered. • 

native Efficiency of Turbine and 5/Iotor Drives 
Jespite their simplicity and reliability, turbine- 
r en auxiliaries were to a large extent displaced, when 
ras discovered that a fuel saving could be made if 
[.m for producing auxiliary power was first passed 
>ugh efficient main turbine units to produce electri- 
energy and then extracted for * water heating, 
ead of being passed through small inefficient 
)ines mechanically driving auxiliaries and then into 
1 water heaters. It was found that the additional 
trical energy thereby generated was more than 
; required for driving the auxiliaries by motors, 
n after deducting the losses in the generators, trans¬ 
fers, and motors. The fundamental reason for 
gain in economy is that the surplus energy thus 
le available is produced very much more economi- 
V than the rest of the station output energy due to 
fact that the steam required for generating the* 
>lus energy is used for heating the boiler feed water, 
i result, that steam is utilized at a station thermal 
iency between 90 per cent and 100 per cent, whereas 
steam used for generating the rest of the output 

MAIN TURBINE GENERATOR 



3—Station Efficiency Diagram with All Auxiliaries 
Turbine Driven 

Overall thermal efficiency of station 24.4 per cent 

gy is carried into the condenser, where most of 
mginal heat energy is lost, and so is used at an 
iency between 20 and 35 per cent. 

'ith regard to the economy actually effected by these 
fges the examples illustrated in Figs. 3 and 4 show 
a modem station’s net output for a given fuel 
■umption is increased about one and three-quarters 
cent at maximum load by substituting motors for 
ines on all essential auxiliaries, and by heating the 
water with extracted steam instead of auxiliary 
mst steam; the over-all thermal efficiency of the 


turbine-driven station is 24.4 per cent and of the motor- 
, driven station 24.8 per cent. In this comparison other 
conditions have *been kept similar. It should be 
observed that in Fig. 3 less steam is needed for water 
heating than in Fig. 4; this is because the auxiliary 
turbine in Fig. 3 is inefficient, or a poor^converter of 
Seat energy into mechanical energy. As a result, hot 
steam is exhausted, less of which is required for the 
water heating effect than is needed of the cooler steam 
extracted from the efficient main turbine. However, 
as will be inferred from the reasons for the economy 
explained above, the greater the percentage of the total 


WAIN TURBINE GENERATOR 



Fig, 4-^-Station Efficiency Diagram with All Auxiliaries 

* Motor Driven 

Overall thermal efficiency of station 24.8 per cent 

steam in the main turb’ine which can be extracted and 
used for heating* and *the less remaining to go into the 
condenser, the more will be the net station output for 
the same fuel consumption. 

Not as a principle ^unique to either turbine or motor 
drives, but as orffe common to both, it should be realised 
that the station efficiencies shown in»Figs. 3 and 4 could 
and should be increased by heating the feed water 
further than shown in these examples by extracting 
steam from one or two high temperature points of the 
main turbine so as to raise the water to a higher tem¬ 
perature. Moreover the 1 % per cent advantage at¬ 
tained in the station shown in Fig. 4 would have been 
slightly greater if, instead of using one point of extrac¬ 
tion, two had been used to heat the water to the same 
temperature; and due alone to the stray losses encoun¬ 
tered in actual operation, the advantage might be as 
high as 2 per cent. 

The difference in the efficiencies of the two stations 
compared above would have been very much less if, in 
the comparison, the high efficiencies now obtainable in 
auxiliary turbines had been assumed instead of the low 
efficiencies actually taken as better representing com¬ 
mon practise. However, it should be understood at 
this point that in the two stations compared, their 
relative efficiencies were estimated for only one con¬ 
dition of station load: both stations were operating at 
their maximum output and the auxiliary turbines and 
motors were performing at their maximum and most 
efficient loads. 
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Power Consumption- 

In order to ascertain the total difference in power 
consumption between steam and electric driven auxili¬ 
aries over the whole working range of the boilers and 
turbine generators, and hence the net annual saving in 
uel, it is necessary to determine the power taken at 
partial loads by both types of drives. This has been 
done by analyzing separately the power input to each 



Fig. 5 Circulating Water Pump Drive 


essential auxiliary when driven with ^turbines, squirrel 
cage, and adjustable speed wound rotor motors. The 
results of these analyses are given in Figs. 5 to 9, in 
each of which the curves are plotted -to show, at any 
gross^output of the boiler or main turbine generator, 



Fig. 6—Unit Pulverizing Mill and Exhauster Drives 

what percentage of that output is consumed by the 
particular auxiliary with each type of drive." In the 
case of those curves based on power output of the boiler, 
that output has been reckoned as the power which 
the main turbine generator would generate with the 
quantity and quality of steam delivered by the boiler at 


These curves represent the performance of.equipment 
. in stations having large boilers and turbine generators, 
where the auxiliary turbines also would be large and* 
slightly more efficient than those* # of ten used. However, 
turbines having higlier efficiencies than assumed in this* 
analysis are now in operation on auxiliary service. 

It will be seen from the curves that as the boiler and 
tufbine generator loads decrease from a maximum, the 
relative power* consumptions of steam and motor 
driven auxiliaries vary in the following m ann er: 

1. For such auxiliaries as circulating water pumps 
and fuel pulverizing equipment, for which the output is 
substantially constant throughout a wide range of load 
on the main units, and for which constant speed squirrel 
cage motor drivS is suitable, the electric drive maintains 
its relative efficiency over the turbine drive, throughout 
the whole range of load. 

2. For such auxiliaries as boiler feed pumps and 



Fig. 7- Boiler Feed Pump Drive 


forced and induced draft fans, in which the output 
varies with the load on the main uni ts: 

(a) The squirrel cage motor rapidly loses the advan¬ 
tage in power saving which electric drive gives at 
maximum load, and below about 85 per cent load on the 
main units it is less efficient than the turbine. At 
lower loads, the initial relationship between the two 
drives can be reestablished by transferring the load to 
a lower speed motor, but on reducing the load still 
iurther this motor will in turn become less efficient than 
the single turbine. 


its different loads. The power consumed by the tur¬ 
bine-driven auxiliaries in all cases has been calculated 
as the power which the quantity of steam used in these 
auxiliaries would have produced if used in the main 
turbine generators instead. 


(b) The superior economy over turbine drive which 
the adjustable speed wound rotor motor gives at 
maximum load diminishes greatly as the load decreases • 
and would vanish at low loads unless operation is 
transferred to an additional and lower speed motor. 
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, Relative Operating Costs 
These conclusions indicate that from considerations 
'of power consumption, the most favorable application 
. for turbine drive is on»equipment like draft fans which, 
having to traverse a wide range of speed and load, 
use more than one motor when electrically driven. 



POWER OUTPUT OF BOILER, PER CENT OF MAXIMUM 

Fig. 8—Forced Draft Fan Drive 
-Two squirrel cage motors 


— . — . — Two adjustable-speed wound rotor motors 

Even on this application the electric drive saves power; 
however, it involves a larger investment in both driving^ 
and generating equipment. 

Regarding the investment in driving equipment, it is 
estimated that for large boilers having a maximum 
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POWER OUTPUT OF BOILER, PER CENT OF MAXIMUM 


Fig. 9—Induced Draft Fan Drive 

--Two squirrel cage motors 

— . —. . — Two adjustable-speed wound rotor motors 

output of the order of one-half a million pounds of steam 
per hour and with two wound rotor motors per fan, the 
installed cost of motors, controllers, and wiring for 
• forced and induced draft fans would be about $10.00 
per rated fan horsepower more than for turbines with 
their valves and piping. 


Regarding the investment in generating equipment 
assessable against the fan drives, if the fans are electri¬ 
cally driven and assessment is made of all the equip¬ 
ment usually provided for normal and emergency power 
supply, it will be found that the turbine room cost 
increases about $49 per installed fan horsepower. If 
"the forced and induced draft fans are steam driven, 0.7 
per cent more total evaporating capacity is needed than 
if motor driven, as is shown in Figs. 8 and 9; as a result 
the boiler room in this case costs about $12 mdre per 
installed horsepower than in the other case. Those 
investment costs are based on a total station cost of 
$95 per kw. output. 

As determined above, the total investment incident 
to the electric driving of fans will be $47 higher per- 
installed fan horsepower than for the turbine driving. 
If the annual charges on this higher investment are less 
than the cost of fuel per installed horsepower saved by 
the electric drive, then motors would be more economi¬ 
cal than turbines; if not, not. Seldom, however, would 
motors be more economical. Even with coal at $4 
per ton and a capacity use factor of 100 per cent, the 



Fig. 10—Steam and Exhaust Connections for Auxiliary 
Turbine in High-Pressure Station 

9 

combined fuel cost and fixed charges would be less for 
the turbine drive than for the motor drive. 

In plants designed to deliver large quantities of steam 
for industrial uses, or for heating, the economic balance 
is usually in favor of turbine drive regardless of load 
factor and fuel cost. • 

Future Developments 

To fully realize the advantages obtainable by using 
auxiliary turbines in conjunction with large main units, 
more efficient designs and methods of application be¬ 
come desirable, practicable, and commercially feasible. 
With the conventional designs and applications of 
these machines, more stages and larger diameters can 
be used to raise the efficiency at maximum load; how¬ 
ever, care must be taken that the gain so obtained is 
not at the expense of inefficient partial load operation. 

Novel means for securing very high efficiency have 
been adopted in turbines recently installed in one large 
central station; there, not only have high rotative 
speeds and many stages of highly refined design been 
introduced, but the steam is passed in series through 
two turbines: first, through the induced draft fan 
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turbine and then through the forced draft fan turbine. 

For stations of high steam pressure, about 600 lb. per - 
sq. in. and over, still other means can be invoked to 
improve the efficiency of auxiliary turbine operation, 
as indicated in Fig. 10. Here the improvement is 
derived through using conventional designs of machines, 
but novel steam connections. In this case the boiler 
feed pump is shown driven by a turbine receiving steam 
from one extraction point on the main turbine and 
exhausting it to a heater connected to a lower extraction 
point. Thereby, as the pressure drop through the 
auxiliary turbine is small, this being a factor giving 
good efficiency, the machine can have relatively few 
stages and slow wheel speed; moreover, as the throttle 
.steam is of relatively low temperature and pressure, 
the construction can be simple. All these features 
contribute to giving a low initial cost of machines and 
piping, and low maintenance. In adopting systems of 
this character, much care and some ingenuity of design 
are required to protect continuity of operation without 
undue complications of piping, and to achieve the 
simplicity of operation which is quite as essential as 
simplicity of design. 

Although the gears with which turbines are equipped - 
usually perform quietly, it is desirable that still more 
attention be given in their design and manufacture so 
as to remove completely the objection to turbine aux¬ 
iliaries still offered in some quarters where objectionable 
noise has been experienced with' "eared turbines. 

While it is indicated that the immediate development 
of the auxiliary turbine will be along the lines of higher 
efficiency and greater refinement of mechanical detail, 
the development of electric drive should be directed 
toward greater simplicity and lower installation cost. 
Greater sturdinessmf adjustable-speed motors is desir¬ 
able, as well as wider speed ranges, but the greater field 
for improvement is in distributing systems and control 
equipment. It is desirable to retain the efficiency and 
convenience of motor drives, without sacrifice of reli¬ 
ability, at substantially lower cost than the systems 
now in common use require. While it is not clear at 
the moment how this end may be accomplished, the 
problem js receiving the attention which it deserves. 
The great variety of systems adopted in recently built 
stations indicates that power plant designers are far 
from satisfied with the conventional auxiliary power 


systems, and that they are striving fo produce some¬ 
thing better than has been designed before. • 

n 

Conclusions 

- • 

It will be inferred frofii the foregoing discussion that 
in the present state of the art the turbine constitutes the 
simplest and most reliable drive for steam power 
station auxiliaries. For conditions requiring extreme 
measures in the protection of auxiliary power supply 
its simplicity and reliability may warrant the selection 
of turbine drive for all essential auxiliaries. 

For maximum station load conditions there will be an 
improvement in over-all fuel economy of the order of 2 
per cent incident to the use of motor drive instead of tur¬ 
bine drive for all essential auxiliaries: with both types of 
drive, steam would be extracted from the main turbine 
for feed water heating, more being extracted in the case 
of the motor-driven station. 

For the auxiliaries taking constant power and driven 
at constant speed the economy due to motor drive is 
even greater at partial than at maximum station loads. 

For the auxiliaries driven at adjustable speed the 
advantage in economy with motor drive is slight at 
lower loads. 

Under most conditions the total annual expense for 
.forced and induced draft fans and perhaps for boiler 
feed pumps, including fuel costs, maintenance, and 
capital charges, will be less with turbine drive than with 
motor drive. 

There is an element of convenience in starting and 
stopping, which commends the motor drive to the 
average operator, when other considerations are ap¬ 
proximately equal. 

There seems to be little justification for the use of 
turbine drive for non-essential auxiliaries, (those which 
may stop for a short time without inconvenience) these 
auxiliaries being in the main driven at constant speed. 

Future developments may change the relative status 
of these two types of drives, but it would appear that 
progress in the immediate future will tend to decrease 
the advantage in fuel economy which the motor now 
possesses, and to increase the turbine’s advantage in 
reliability. 


Discussion • 

For discussion of this paper see page 341. 
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Electrically Driven Auxiliaries for Steam- Power 
' ' Stations 

BY LYLE W. SMITH 1 
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Synapsis .—T/iere is a definite trend toward the use of all gf electric drive and discusses in a general way some of the economic 
electrically driven auxiliaries for steam power stations. %his factors in the selection of an auxiliary system. A companion 
paper reviews the reasons for this trend, summarizes the advantages paper covers steam-driven auxiliaries. 


Introduction water heating, the use of higher steam pressures and 

T HIS paper reviews the advantages of electric temperatures, the development of larger boilers and 
drive for steam power station auxiliaries in light turbines with their multiplicity of similar auxiliaries, 


uiive lux ttitJaiii jjuwci slciuluju. ague - * . - .. , 

of present conditions and outlines some of the and to some extent, automatic combustion control. 

economic factors that enter into the selection of an Reliability of Steam and Electric Drive 
auxiliary system. The subject will be discussed in a Reliability has always been considered the chief 
general way because it is apparent that each problem re q U j remen t for essential auxiliaries. Steam is con- 
has to be worked out to meet the local requirements. gidered more re liable than electric drive chiefly because 
A review of the history of auxiliaries for steam power - t . g a more direct method 0 f obtaining power. Electric 
stations shows a gradual change from complete steam driye introduces additional apparatus such as genera- 
drive to the other extreme of complete electric drive torg , transformers, switching and control between the 
except for a few reserve steam driven auxiliaries such .V rg and the auxiliary to be driven. If the electrical 


tors, transformers, switching and control between the 
boilers and the auxiliary to be driven. If the electrical 


tjAcepu lux iew icscivc oucciiii. uuvou - boilers and the auxiliary to oe driven. n tut; 

as boiler feed pumps and service pumps. . During an , driven, auxiliary is connected directly or indirectly to 
intermediate period, dual steam and electric drive was ^ ma j n bus, it is also exposed to the effects of line 
used quite extensively for some of the essential auxil-^ disturbances. The performance of the intermediary 
iaries, but the number of dual drives appears to be e q U jp men t required for electric drive will now be con- 
steadily diminishing. sidered from the standpoint of reliability. 

Reasons for Trend Toward Electric Drive The main turbines .and house turbines are probably 

The higher efficiency of electrically driven auxiliaries more reliable than efficient auxiliary turbines. Further- 

efficient main turbine more, the main turbines and house turbmes reee 


ta £? lability ofWeariy forms of electric drive for ventilation 

essential auxiliaries retarded its general adoption until failure of them g ’J aux iliaries of the 


essential auxiliaries retarded its generrn aaopuuu ^ ^ associated auxi liaries of the 

more operating expenence was obtained and other ™me Auxiliary transformers have 

reasons than efficiency of the auxiliary drive app • g , record for freedom from trouble. 

The change from steam to electric drive is ^odZ Z selected and 

to an increasing feeling of confidence m the relia y ^ stalled with the”usual liberal" factors of safety, have 
electric drive, an increasing appreciation of the sim lnsta bl { t vears . a large 

plicity and flexibility of electric drive, and important ^ ^ ^ [s of 

changes in boiler and turbine practise. Confidence m pr P^ ^ induction type, which is unusually 
electric drive has been strengthened by unprovem q = permits full voltage starting with 

in the manufacture and application of electrical equip- The other types of motors 

ment, the proved value of station and sys correctly applied and maintained have given 

connections, and a record of successful operating when co "i m p rovem ents in insulation and bearings 
experience with electric drive. convenient £ve mSe moto coil failures rare. The extensive use 

flexibility of electric dnve are generally n > d f d reactors and diversity of power feeds 

ever, they will be discussed more m detail d ewh^e of bus andffieo^ ^ have all tend ed to 

in the paper. The important changes m . . t j ie effects of line disturbances. The present 

turbine practise that have influenced the o s ® 0 feed trend toward f ast er operating oil circuit breakers will 
drive are multi-stage bleeding of turbine algQ improve this situation. Jt seems apparent that 

T AsstTEleo. Engr., Sargent & Lundy, Inc., CMcago, Ill. reliable serv ice can be expected from electnc dnve 
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Simplicity of Electric Drive 

Simplicity is an important requirement for auxiliary" 
drive. It is difficult to conceive a simpler drive for 
rotating equipment than the squirrel cage motor, or a 
simpler starting operation than pushing a button. 
Developments in control have made varying and 
adjustable speed motors equally simple to operate. A 
motor can be started in a fraction of a minute whereas 
the ordinary small auxiliary turbine usually requires 
a preliminary warming up period. Convenient control 
of auxiliaries from a few central points often permits a 
reduction in the size of the operating staff and contrib¬ 
utes toward better efficiency in station operation. 

Flexibility of Electric Drive 

Flexibility is likewise an important requirement for 
auxiliary equipment, chiefly from the standpoint of 
station design. The flexibility of electric drive is 
almost unlimited as evidenced by a modern boiler 
combustion control system. The absence of steam 
piping to the turbine room and boiler room auxiliaries 
results in less congested basements, thereby facilitating 
design, operation and maintenance. Electric drive 
provides greater flexibility in obtaining the statipn heat- 
balance. 

m 

Effect of Stage Bleeding Cycle 

The general adoption of the multi-stage bleeding 
cycle for boiler feed water heating Is one of the most 
important changes in boiler and turbine practise th at 
has tended, to increase the use of electrically driven 
auxiliaries. The stage bleeding cycle, of course, does 
not require complete electric auxiliary drive. How¬ 
ever, the use of complete electric auxiliary drive does 
have the following advantages: 

1. It decreases 1 the B. t. u. per kw-hr. rate of the 
station approximately 2 per cent. 

2. It simplifies the heat balance system of a station. 

3. It simplifies operation because the steam 
extracted for feed water heating varies automatically 
with change in load. 

4. . No provisions are required for transferring 
auxiliary load to obtain a heat balance with varying 
station lead as is the case when a separate house turbine 
is used. 

Effect of Higher Pressures and Temperatures 

The increasing use of higher steam pressures and 
temperatures has made steam driven auxiliaries less 
desirable than electrically driven auxiliaries. Some 
of the more important reasons for this condition are as 
follows: 

1. The cost of small high-pressure turbines used for 
auxiliaries is considerably higher than for small low- 
pressure turbines. The initial cost of a 1,200-lb., 
750 deg. fahr. auxiliary turbine may amount to approxi¬ 
mately 40 per cent more than auxiliary turbines for 
400-lb., 750 deg. fahr. operation, with a gain in effi¬ 
ciency of but 10 per cent. 


2. The efficiency and capacity of small high-pressure 
turbines fall off more rapidly than small low-pressure 
turbines with the accumulation of a slight amount of 
scale in the steapi passage, because high pressure, 
requires smaller volumes of steam and therefore smaller 
clearances. This characteristic also results in higher 
maintenance cost. 

Effect of Larger Boilers and Turbines 

The trend toward larger boilers and turbines has 
favored the use of electrically driven auxiliaries for the 
following reasons: 

1. Large boilers and turbines permit the economic 
use of two or more similar auxiliaries per unit which 
allows diversity of auxiliary power supply, thus in¬ 
creasing the reliability of electric drive. 

2. It justifies the use of the more reliable unit 
system for auxiliary power supply in which all of the 
essential auxiliaries for a turbine generator and its 
boilers are supplied from a source connected directly 
or indirectly to the turbine generator. It also tends 
to lighten the interrupting duty of the auxiliary switch¬ 
ing equipment and therefore reduces the cost. 

Economics of Auxiliary Drive 

The selection of the type of drive for a station 
auxiliary is not usually made as a result of a direct 
comparison between the cost and performance of a 
motor and a turbine alone, but is also determined to a 
large extent by the general design of the station. 
Some of the features of station design that influence the 
type of auxiliary drive have already been mentioned. 
A comparison between steam and electric drive intro¬ 
duces two factors that are subject to considerable 
debate. One of these factors is the cost of an electric 
auxiliary power supply that can be considered equally 
reliable as steam drive, and the other is the actual 
water rate of small steam turbines. 

Some engineers feel that an electric auxiliary power 
supply equivalent in reliability to steam driven auxil¬ 
iaries should make use of auxiliary generators con¬ 
nected to the same shaft as the main generators. 
Eeserve capacity in this case would also be supplied' 
by transformers connected to the station bus and a 
separate house turbine generator. Other engineers 
feel that a sufficiently reliable auxiliary power supply 
can be obtained from transformers connected to the 
generator leads ahead of the generator oil circuit 
breaker, or connected to sections of the main bus, if 
the station forms part of an interconnected system. 
The use of bus and feeder reactors and the type of 
system interconnections influence the valuation that 
can be placed on the reliability of the various methods 
of auxiliary power supply. 

Operating experience with small steam turbines 
indicates that their efficiency falls off very rapidly 
unless they receive considerable maintenance. Cases ” 
have been reported where the efficiency of smal l 
turbines has dropped to half of the guaranteed effi- 
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ciency, because c K lack of maintenance. It is apparent 
that hny comparison between electric and steam drive 
should take this characteristic of the small turbine 
into consideration, although it may be difficult to 
evaluate it. 

Some of the factors that affect the economics of an 
electrically driven auxiliary system will now be con¬ 
sidered. " 

% 

Power Required for Electrically Driven 
Auxiliaries 

The amount of power required for an electrically 
driven auxiliary system is relatively small and depends 
to a large extent on the type of fuel-burning equipment 
used. The station load factor and nature of condensing 
water supply also affect the amount of auxiliary power 
to a lesser extent. A few typical values of auxiliary 
power with different types of fuel burning equipment 
are given below: 


Fuel burning equipment 


Pulverized coal. 

Stokers. 

Gas and oil. 


Per cent of gross 
generated 
auxiliary power 

5.5— 6.5 
4.0—5.0 

3.5— 4.0 


The subdivision of auxiliary power for a modern 
650-lb. steam generating station of approximately 
200,000-kw. capacity, entirely equipped with electri¬ 
cally driven auxiliaries and using the unit system of 
pulverized fuel equipment as expressed in per cent of 
the total auxiliary power is approximately as follows: 

Coal preparation.22.0 per cent of aux. power 

Boiler teed pumps.22.0 

Turbine auxiliaries.22.0 

Forced and induced draft 

Hns . 20.0 “ “ “ “ 

Heater dram pumps.„ ,, 

Service pumps. a „ 

Station lighting. vl « « « « 

Coal handling. 1 ■ b u a u u „ 

Miscellaneous auxiliary power 1.5“ 

Ash sluice pumps. 1-0 _ <( a „ 

Air compressor.0.7 ^ # k # 

Dust precipitators. 0 4 

5.5 per cent of gross gener- 

aterl power . = 100.0 per cent of aux. power 


A study of the above tabulation indicates that the 
possibilities of further saving in the amount of auxiliary 
power appears limited to one or two per cent of the 
gross generated power at the best. 

Distribution of Cost for Electrical Auxiliary 

System 

The following tabulation shows the major subdivision 
of investment cost for the electrical part ofthe electri¬ 
cally driven auxiliary system of the same 200,000-kw. 
• generating station for which the subdivision of auxiliary 
power has been given. This station utilizes two 4,000- 
kw. shaft generators, and two 9,000-kva. transformer 


, ' 1 

banks connected^ to the main bus for auxiliary power. 

^The main switching equipment and the 2,300-volt 
auxiliary switching equipment are of the vertical lift 
metal-clad type. Air circuit breakers and magnetic 
switches are used for 440-volt motors. The boilers 
are equipped with full automatic control. ^ The invest¬ 
ment costs given below are expressed in approximate 
percentage of the total station cost. 

Prorated share of cost for turbo-generator 

units used for auxiliary power . 0.8 per ee%t 

Auxiliary power distribution system, in¬ 
cluding transformers. 1.0 per cent 

Motors. 1.2 per cent 

Control for motors. 2.0 per cent 

Cable and conduit for motors and control . 2.0 per cent 
Total for electrical part of station auxil¬ 
iary system. ~ • 0 P er eent 

In the above tabulation only the prorated share of 
the cost of turbo-generator units used for auxiliary 
power is included, because the boilers and the balance 
of the station equipment are common to both steam 
and electrically driven auxiliary systems. No allow¬ 
ance has been made for space occupied by electrical 
auxiliary equipment because it would be approximately 
’the saihe for either type of drive. The main auxiliary 
transformers and high-tension switching in this particu- 
L ’ lar case are installed out of doors. The flexibility of 
r electrical control equipment enaDles it to use space 
. that might be otherwise.wasted. 

F A study of the* tabulation indicates that the greatest 
F possibilities of saving in the cost of an electrical auxiliary 
: system are the control and cables for motors. How¬ 
ever, it seems apparent that a radical reduction in the 
investment cost of the complete station will not be the 
result of major modifications to the electrical part of 
an auxiliary system, but will have to come from a 
series of small savings. The possibility of making 
some of these small savings in the electrical auxiliary 
system will now be discussed in a general way. 

Electric Auxiliary Power Supply 
A review of station designs with respect to source of 
electric power for auxiliaries shows quite a variety of 
systems, all of which are modifications of two funda¬ 
mental systems; power from main bus or power from a 
separate generator. The advantages-and disadvantages 
of the principal modifications of these fundamental 
6 systems are covered very completely m N.L.L.A. 

y a Publication 088, April 1930. 

It is interesting to note something of a trend back to 
the original system of supplying auxiliary power from 
,Y the main bus after passing through a cycle of house 
turbines and shaft generators. The system of taking 
m auxiliary power from the generator leads ahead of the 
i- oil circuit breaker is virtually the same as taking the 
v. auxiliary power direct from the mam bus, since the 
T generator oil circuit breakers are usually non-auto- 
0- matic except for a fault in the generator. Both of 
er these latter systems are subject to the same criticism 
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of being affected by bus voltage disturbances unless 
the station has been designed to minimize the effects 
of line disturbances. 

Operating experiences with various types of electric 
auxiliary power systems appear to justify in many 
instances the use of the simpler and more efficient 
system of obtaining the auxiliary pow T er from trans¬ 
formers connected to the generator leads, or from 
sections of the main bus, for large stations forming 
part af a large interconnected system. Power from 
the transformers connected to the generator leads is 
the least expensive of these two systems because it 
eliminates the need for auxiliary transformer high- 
tension oil circuit breakers. The disadvantages of the 
generator lead system are substantially the same as for 
an auxiliary shaft generator. Both are subject to 
interruption if the throttle of the turbine trips on over¬ 
speed, and both will cause the auxiliary system to be 
subjected to a high voltage if the throttle does not 
trip on overspeed. The shaft generator is, of course, 
free from main bus voltage disturbances. Improve¬ 
ments in turbine governors and the increasing use of 
generator voltage regulators for system stability pur¬ 
poses tend to minimize the possibilities of trouble * 
with the auxiliary power system from overspeeding^of 
the turbine. 

If an auxiliary system is being selected for an isolated 
generating station, it is apparent that a more elaborate 
system of electric auxiliary power supply will be 
required. This type of station will aiso require more 
steam-driven reserve auxiliaries for starting up purposes 
than are now considered necessary for stations forming 
part of a large interconnected group. 

The economical use of house turbine generators 
appears to be confined to the stations that used d-c. 
adjustable-speed motors or where there is use for 
exhaust steam other than for feed water heating. 
Many engineers feel that a house turbine is justified 
for use as a reserve to the other systems of power 
supply and for starting up the stations. The type of 
house^turbine generator that can be started up almost 
instantly from a remote point appears well adapted for 
a reserve power supply when local conditions justify 
its use. 

The unit system of auxiliary power supply, whether it 
be from house turbines, shaft generators, bus trans- 
formers, or transformer on generator leads, appears 
justified for all large stations. As already mentioned 

y*? advantages of the unit system are greater 
reliability and lower interrupting duty on the auxiliary 
power control equipment. 

Electric Auxiliary Power Distribution System 
The selection of the voltage of an electric auxiliary 
power distribution system is usually determined by 
the standard motor voltages available, together with a 
study of the over-all cost of the motors, cable, and 
control. In many of the earlier stations, the lengths 


of cable runs were relatively long ancf the interrupting 
- duty on the control relatively light, with a result’ that 
motors of 50 hp. and above were usually rated 2,200’ 
volts. However, with the present trend toward larger 
stations with greater concentration of auxiliary power, 
the cost of control has become a large item of the total 
cost of the electrical auxiliary system and deserves 
considerable study. The 1926 report of the A.I.E.E. 
Power Generation Committee pointed out this con¬ 
dition and suggested that a study be made of the 
possibilities of using a 440-volt auxiliary power distri¬ 
bution system with carbon air circuit breakers for 
control. It is interesting to note that a 460-volt 
auxiliary power system using carbon air circuit breakers 
was adopted for the Gould Street Generating Station 
at Baltimore as a result of a thorough study of invest¬ 
ment costs and performance of motors and control. 
The Gould Street Station is designed for four 36,000- 
kw. units. 

In the case of larger stations designed for the use of 
units with a capacity of 50,000 kw. and upwards, it 
usually works out that two or more auxiliary distribu¬ 
tion voltages are required. The common auxiliary 
- distribution voltages are 2,300 volts and 460 volts; 
however, 550 volts is being used in preference to 460 
.volts in some stations. In many instances an appreci¬ 
able saving can be made in the over-all cost of motors, 
control, and cable by extending the horsepower range 
of the low-voltage motors up to 100 hp. or more, and 
establishing low-voltage power distribution groups 
central to the group of motors fed by the distribution 
point. The performance of carbon air circuit breakers 
for low-voltage control has been very satisfactory. 

A further saving can sometimes be made in the 
auxiliary power switching and control equipment by 
diversified grouping of duplicate unit auxiliaries. For 
instance, half of the auxiliaries required for one boiler 
can be supplied from one bus section and the other half 
of the auxiliaries from another bus section. This 
not only makes a more reliable power supply, but 
eliminates the need for double buses, because it is 
usually possible to isolate at least one-half of boiler 
auxiliaries during off peak conditions for maintenance of 
the switching and control equipment. 

Auxiliary Motors and Control 

A review of motor applications for recent large 
stations indicates a decided trend toward the use of 
more squirrel cage motors and fewer slip-ring motors. 
Machinery designers are becoming reconciled to full 
voltage starting of squirrel cage motors and in many 
cases, have withdrawn their demands for slip-ring 
motors merely to obtain smooth startiny conditions 
Coal pulverizer mills are now available that do not 
require adjustable-speed motors. Satisfactory results 

motoJT , ^ m ulti-speed squiirel cage - 

motors driving fans equipped with adjustable vanes in 

the fan inlet. Station designers appear to be more 
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willing to gjve ujf small gain? in plant efficiency obtained 
by adjustable-speed motor drives, in order to reduce the » 
•investment costs for motors and control. One excep¬ 
tion to this trend toward squirrel cage motors appears 
to be boiler feed pump motors'for high-pressure boilers. 

It is apparent that if the present high investment 
cost of auxiliary motors and control is to be reduced, 
every auxiliary drive application calling for adjustable- 
speed motors must be investigated and^justified by an 
appreciable saving in over-all cost. The use of adjust¬ 
able-speed motors increases maintenance and space 
requirements and to some extent, reduces the reliability 
of the electric drive. N.E.L.A. Publication No. 088 
contains very complete data on the selection of motors 
and control for station auxiliaries. which should be 
helpful in making decisions of this kind. 

Considerable progress has been made by the manu¬ 
facturers in supplying self-contained motor control 
groups completely fabricated at the factory. In many 
cases where the field labor costs are high, a substantial 
saving can be made by using factory fabricated control 
groups. 

An appreciable saving can often be made in conduit 
work for motors and control by using armored cable 
installed in metal troughs or large pipes indoors, or 
parkway cable outdoors. This method of handling, 
cables has given satisfactory results in the middle west 
during the past few years. 

Summary 

The chief advantages of electric drive over steam 
drive for station auxiliaries are: 

1. It facilitates an efficient station design by per¬ 
mitting all of the steam required for feed water heating 
being taken from the main turbine by stage bleeding. 

2. It may be approximately twice as efficient in 
terms of B. t. u. per kw-hr. as steam drive with small 
turbines, depending upon the amount of maintenance 
received by the turbines. 

3. It is uniformly efficient, because lack of mainte¬ 
nance does not materially affect the efficiency of electri¬ 
cal equipment, although it may reduce the reliability 
of the equipment somewhat. 

4. It requires less maintenance. 

5. It is simpler to operate. 

6. It improves the physical design of a station and 
its operation by reducing the amount of auxiliary 
piping required, particularly in the basement. 

Some of the possible methods of reducing the cost 
of an electrical auxiliary system are: 

1. Obtain auxiliary power supply from transformers 
connected to the main generator leads ahead of the 
generator oil circuit breakers, and reserve supply from 
bus, if reliable interconnections are provided with 
other stations and station bus is protected by reactors 

•or the equivalent. 

2. Establish both high-voltage and low-voltage 
auxiliary power distribution groups central to location 


of auxiliaries instead of in electrical bay, thereby 

reducing length of cable and conduit runs. 

$ 

3. Increase the horsepower range of low-voltage 
motors in view of relatively high cost of high-voltage 
control equipment. , 

’ 4. Diversify feeds to all duplicate auxiliaries where 
possible, thereby permitting simpler switching layout 
for adequate maintenance. 

5. Use squirrel cage motors and full-voltage starting 
equipment wherever possible even at sacrifice of a small 
percentage of station efficiency. 

6. Use factory fabricated control equipment wher¬ 
ever possible. 

7. Use armored cable, grouped in metal troughs or 
large pipes for auxiliary power and control when 
installed indoors or parkway cable when installed out 
of doors. 
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Discussion 

AUXILIARY DRIVE FOR STEAM POWER STATIONS 

(Hollister) 

STEAM-DRIVEN AUXILIARIES FOR POWER PLANTS 

(Dryer) * 

ELECTRICALLY DRIVEN AUXILIARIES FOR STEAM 
POWER STATIONS 

(Smith) 

A. H. Kehoes The experience of the New York Edison System 
with steam and electric drives for power station auxiliaries is as 

m m 

follows: 

1. Continuity of Service. Continuity of station output with 
either steam or electric auxiliary drive has been accomplished in 
our stations by the following provisions: 

All essential steam auxiliaries are supplied from steam headers 
which are provided with sectionalizing valves and fed from two 
or more sources. 

Each essential auxiliary motor circuit has supply available 
from several sources. 

Auxiliary supply circuits and buses are so seetionalized and 
diversified that electrical trouble at any one point will not affect 
more than a portion of the auxiliary service. 
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Ibility of control In small steps 
oily for hoists and for the coal, ( 


steps partly in the increased familiarity of the (Company’s personnel 
soal, r with problems of utilization of electric service. * 

I. E. Moultrops Auxiliary power requirements of the stations 
with built in the future will probably be (Considerably in excess of t} 16 
iria- auxiliary power requirement? at presefit and in the past, 
the Boilers will be operated at much higher ratings than in the 
t- r, past, with greatly increased power requirements for forced and 
iini- induced draft fan drive. 

mit The use of higher steam pressures has materially increased the 
low power requirements of the boiler feed pumps, 
i all The radical decrease in the surface of condensers per kilowatt 
of turbine capacity has also increased the power required to pump 
ted the circulating water per million pounds of steam condensed, 
the T he use of higher steam pressures and the regenerate ve eyele have 
-rd fortunately more than offset this increase in power and have 

3nt actually resulted in a reduction in the power required for e ire li¬ 

the lating water pump^s per unit of station capacity. 

A comparatively few years ago all essential auxiliaries in our 
ten steam-electric generating stations were steam-driven. Tim do- 
;he v ® lo P meilt of the small auxiliary turbines was backward because 
of ° f the false impression that high economy was not necessarily 
dr desirable because the exhaust steam was used to boat Mm boiler 
n _ feedwater. 

The reliability and efficiency of the a-c. motor was improved 

' a !£l a J ery fe T. years we had ohttn W>d u > pnw.i mail V ftll- 

electric drive for auxiliaries with a very few nocwssirv ,stun,1-1,v 
turbine-driven auxiliaries. ' ■ 

' w In the P gllt of recent experiences it now becomes ovident that 

i » d "Zf" 7 °“ 100 «* MU 

» and electnc-dnven auxtharies have their place in the idea! 
e ° U l' N ° W ^ W6 haVS tri6d both ^femos, we will J t 
wm use both — - 

As a starter, we all seem to be agreed that rnlinhnu^ ; n 

. ..."» 

■ .. ri - 

I todly and 15 IT^no^Wet faf! ' nfi:th<) statioi i ‘hwfen"r 

nnder diseulsion " ‘ * “ ° Uf con « ida ™tion of the subject 

"™- “■ "»* 

Plicated and expensive ~f, 8 ^“Somoni. The 

generating units are neither justllted llWKl for ( ' h " n,niu 

turbines. They should hi d ? T warranted for auxiliary 
operating a T^T' 

constant increase in the output of a , W be doH1Knod u > Kivu a 
impulse from the control system The'fX*** * gW,m 
requirement has been the source to mwt thiw 

and the complicated and improper^ oporatin * m«!<.,iltios 
offered for this simple service y designed mechanisms often 
factory. Pi@ S6TOee are ™ry undesirable and „ usafis _ 

Paper, to a poK£l e w ^ lm ?? v ^ d ’ as pointod out in this 
available that will g i ve 88,7 tbat 8ui . te blo Soars are 

maintenance. K °’ serviee with, reasonable 

generating station is^h^ollerlfeed^h 811 '^ 68 in a -electric 
storage in modern boS^SSK^- ^ Sma11 ™*er ' 

feed service is a necessity. TurwII 7 ity of th» boiler 

y. urbme-drmm boiler feed pu m an . 


% •' •. •’ r xbmhy of control has been obtained either with 
’r ith electric motors equipped for speed varia- 
■ ’ “ *- k ep>. or with other types of motors where the 

**' ? •' cu?. ‘» properly* controlled by throttling the output. r 

* o nd*-:ti*y in modern boiler plant design to provide a mini- 
• e :.;;:';.; or sturage for coal, water, and steam within the boiler unit 
* * ^ : n*.*t ranee to tm desirability of so controlling the flow 

* ‘ -nr to t u furnace and of water to the boiler that at all 
» ” ! 'orreet quantities will be present. 

1 1 '“I » d and *:,r* e->peed induced draft motors are operated 

’ ‘- r - control on fans, our practise being to pass the 

P'cint- on motors by the simultaneous hand control 
yeMj arid vanes or dampers. Automatic equipment 

'. v ‘ iiccompush tnis purpose is being provided on the 

*■’ r w ring erected. 

1 " * *' *'\ L '7'*^ d-cisunge points, pulverized fuel fires have been 
J '* ar **‘ ur d* sensitive to the large increment changes in the 
•' 'kir^due to the difficulty under such conditions of 
: r ng * he mechanism causing the flow- of fuel and air 

: ,r! ; a ‘‘ > a ; !M iKJiintain the fuel-air ratios at all times con- 
o-w nt witr smblecombustion. 

1 *’* r :, . r * ^ 'rilcr- inning a. common forced draft duct for a 
^ "‘ :j r '* d:sgle->peed motors with throttling control on 

min mm n found to give smooth and efficient operation. 

1,1 ^ x b ft *ncneed serious o's'erloading of some motors driv- 
** ar ‘* , P um P s when the efficiency or discharge 

driv ™ lmit was materiall y different from that - 
'A'’ ■?*'. ; dlle to a Terence in the speed torque 

' ‘ r,a ' f n ' Ue ' 0i the motor and the driven auxiliary. 

! !:: r ‘ comparative heat consumption per- 

: '. ‘ ' :i f e availabie on steam and electric auxiliary l 

, n> ; T mDS 0t the energy by electric drive ’ 

■ • wu;i comparative ease, but the metering of the i 

‘ l r ~- '‘"f-'uiuptumof steam drive is impractical 

ibTfTf- stud i es hav ’ e bee - n ^ comparing c 

f- Ve 0lb0iIer fans -' M our Hen Gate ii 
.. J % P r m , the existing beat b «^ee w« t 

dr,, . y ..; .:b? l T ense aU the steam f »m the fan n 

' i; 1 - eM ‘ eedm S a practical back pressure. For 

ele l trie dri ^“ showed sub- ft 

' ci ,i:j^ari-un of AA Al & recent and very « 

... •**"***—»*&£«£ i 

•' ■■ • ■>* ' 1-itliIi^.^-lVTf some "Mat tm us, 

' Hill mhtTi ihr simpler tvpes of pIp f mstea<i of steam, co: 

al '«-*■ - -Tb Ji cU;ImborI ofe n H m0t0rS * are ^ ^ 

“ ;/.; r yy yy; d eonstrueSnl C0nstant speed rec 

” '• • 'xn steam and deetriThe off< 

: ;b ’ ' ” n n * ’ 'tation output eapacitv whl^ mfluenced by fac 
I 1 ’ " ' :l '.ai]aii!e capadtv , UfW II 6 ^ ere bas been a I 

*' r •-b-rr Mich tbe . m ? m toWenera- paj 

‘ ‘. ” 7"‘ n,i !iavv !" enof major importable ^ 10081 ava 

' • .ng that—other 1 

* * P^'H.ky.kctricity instead of stSm for SUPply geni 

• ! ■ >' advantage is pa „i v in f , lts °^n power st0 r 

ad\ ertismg aspeet and f 
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generally installed but they are usually used as stand-by units. 
The toiler feed pump appears to be the auxiliary where turbine 
drive for normal service seems to be most desirable. 

1 ur therm ore, suitable adjustable-speed motors for large size 
high-pressure boiler feed pumps are not ayailable. To meet this 
contingency many of these boiler feed pumps have been built to 
suit the motors available with very unsatisfactory results both 
from the standpoint of first cost and of maintenance. 

The use of turbine drive for high-pressure boiler feed pumps 
permits the use of the best pump design and tjhe horsepower of 
tiie turbines usually required permits of a highly economical 
design. They can be worked into the heat balance of the station 
in a number of ways. The turbine drive also permits of proper 
pressure control which is somewhat unsatisfactory with motor 
drive. 

Electric motor drives for station auxiliaries have many ad¬ 
vantages over turbine drives but the one serious drawback is the 
lack of satisfactory adjustable-speed a-c. motorL 

The adjustable-speed a-c. motors and controls available today 
are abnormally expensive, do not have the desirable range in 
speed control, and are inefficient when operated at speeds con¬ 
siderably below synchronous speed. 

To obtain the necessary range in speed for forced and induced 
draft fan drive it is often necessary to use two motors on the 
same shaft. 

The lack of suitable adjustable-speed a-c. motors has resulted 
in the development of a complicated vane control for forced and 
induced draft fans so that a constant-speed motor can be used. 

These makeshifts are a challenge to the motor designer but so 
far no satisfactory answer has been produced. 

It is obvious that more development work must be done on, 
adjustable-speed a-c. motors with regard to wider range of speed 
variation, particularly for stoker motors, draft fans, and boiler 
feed pumps. A possibility under consideration is a system based 
on induction frequency changer equipment in which the stator 
element is rotated at varying speeds thus controlling the fre¬ 
quency of the auxiliary motor supply. 

The application of power tubes is also being investigated. 
With increased efficiency of rectifying equipments such as phano- 
trons, rectifiers, etc., it may become practical to provide direct 
current at the individual motor or group of motors, thereby 
obtaining the recognized advantages of the adjustable-speed d-c. 
motor. Power tubes may also be found useful in providing more 
stops, more evenly graduated, for controlling speed. 

The many parts, such as rheostats, contactors, control relays, 
etc., required to control the adjustable-speed a-c. motor seriously 
reduces the reliability of the apparatus as a whole. _ ■ 

When the a-c. adjustable-speed motor is brought to approxi¬ 
mately the same degree of reliability as the constant-speed motor 
we shall still have the problem of reliable supply at the motor. 

The supply becomes less important as the unit treatment of 
turbine generator, boilers, and auxiliary equipment is approached. 
In this connection, it should be recognized that the auxiliaries 
may be the weak link,* More systematic maintenance and the 
present trend toward increase in size, making necessary the sub¬ 
division of auxiliaries into units of half the total capacity, tend 
to reduce the possibility of complete shut-down of the units. 
Unit treatment of the auxiliaries further increases reliability 
whore the station contains a number of units. 

With regard to the auxiliary buses, it may be well to consider 
the use of reactors between bus sections, to insure continuity in 
the source of supply for driving the auxiliaries. When important 
bus sections are operated together, they should have bus relay 
protection. 

In the matter of protection, surer and faster relaying systems 
are needed to insure proper selection of circuit or motor at fault. 
* Attention should also he given to time-delay features on low- 

voltage releases. _ . , 

The motors available today are really remarkable when com¬ 


pared with the motbrs available twenty years ago, but it should 
be distinctly understood that they are far from being developed 
to a point where they can be regarded as satisfactory. This is 
especially true of the adjustable-speed a-c. motor. 

It may be necessary for the station designers to swing back to 
all-turbine drive for station auxiliaries in order to spur on the 
motor designers to produce a motor that will mo!e nearly meet 
the requirements of the service. 

The designers of motors and controls and the designers of 
station auxiliaries must work together so that the motor and 
control designers will be more familiar with the present and 
future requirements, and at the same time the designers of 
equipment requiring motor drives will design with the problems 
of the motor and control designer clearly in mind. 

Francis Hodgkinson: The importance of reliability of the 
drives for the essential auxiliaries of a power station cannot be 
overemphasized. As far as possible, they should be immune 
from disturbances either within or without the power station. 
During disturbances to operation, whether they are electrical or 
otherwise, is a time when the operators are occupied with the 
difficulty. This is the one time when uninterrupted operation of 
the auxiliaries is most essential, at least until it has been con¬ 
cluded that the related main generating unit is no longer operable. 

These are reasons which, years ago, justified the separate 
steam drive for auxiliaries, and later the development of separate 
house turbines with independent electric systems for the opera¬ 
tion of motors driving the auxiliaries. It would appear nowa¬ 
days, however, that a greater degree of reliability of general 
•power station service, in some cases at least, justifies a reversion 
to the oldest practise of taking the energy from the prime mover 
either by means of the station bus or by a direct-connected 
house generator. * 

There is discussion in the papers of the relative reliability of 
steam turbines and electriq-motor drives. Considering merely 
the drive itself, ther^ woujd seem to be little to choose between 
them. Perhaps the choice depends upon the experience of the 
individual expressing an opinion. The simple and relatively 
inefficient types of turbines usually employed for auxiliary drives, 
together with reduction gjears, may be highly reliable. If, how¬ 
ever, high efficiency of the steam path is required, the gain in 
efficiency may, in instances, be secured at some sacrifice '‘of 
reliability. With the types of small-capadity turbines used for 
auxiliary drives, efficiency and reliability are sometimes incom¬ 
patible. 

Certain auxiliaries, the boiler house fans and feed pumps, 
preferably operate at variable speed, as has been pointed out in 
the papers, when the steam turbine would seem to have the 
advantage because of the ease with which automatic speed con¬ 
trols may be provided. 

Much of the benefits derived from operating the condenser 
circulating pumps at variable speed may be obtained by the 
installation of two pumps operating at constant speed? with the 
added advantage of reliability. One pump only is operated 
during cold weather, or in hot weather during an emergency, 
with a loss of about 0.2 to 0.3 in. vacuum from a normal vacuum 
of 29 in. 

The choice of the type of auxiliary drive turns more on the 
general station layout, as pointed out by Mr. L. W. Smith. The 
problem is intimately associated with the feed-heating problem, 
including the feed-heating to be done by the economizer, and 
preheating of air for combustion, besides the question of the 
desirability of variable speed in instances previously discussed. 
Years ago, steam-driven auxiliaries were regarded as imperative 
in order that their exhausts might preliminarily heat the feed 
water, before admission to the economizer, to as high a tempera¬ 
ture as possible consistent with not too great a loss of exhaust 
steam to the atmosphere during periods of light load on the main 
units. Admitting water to the economizer without this pre¬ 
liminary heating introduced difficulties with the economizer be- 
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on U tL°r.nM dep „ 0sition °! 1 f T 3 r compounds Lnd sulfurous acids 
f • ld Sllrfaees the deposition of some of the scale- 
mmg: compounds within the economizer instead of in the r 
£££. ™ ^ent of the more economic;;^ 

feed water ItT “ fr ° m 4he prfme mover for bating 

e'haulfsteam'? 60 ^ ^ gCT necessar y to employ auxiliary 
of au^lialT , 1S r^ 086 ’ and the eleCtric motor epemtion 
reason how r +1 g f‘ 3rally em P lo y ed - Just as much t 
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incidental ^to ° f 1 eam and exhau st piping, the mess 
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located basements, where the auxiliaries are generally 

feeThiaW^ 6 " 116 ^ v ® mployed ’ the greater portion of the 

mivi oidv eL a rr P 7 extraoted stea “ from the prime 

the flue e-afto ough economizer surface being installed to reduce 
the flue-gas temperature to the desired degree and provide air to 

?rT d , temPeratUre - There - to s 

bleedU-L£ feedwater heating is accomplished by 

g the prime mover, no economizer being furnished. 

More energy per unit weight of steam is to be had from steam 

Jit fo“f2dT Pr °f ess4ve P^ures from the efficient main 
urnt for feed heating than from the less efficient auxiliary steam 

J “ 4 • f furtIler advantage of the former method lies in the 
act that some 20 per cent of the steam admitted to the mS 

dense“ a TherSrif’ 4hat mueh less to g ° *> the con- 

nsei\ Thenef.ore, the steam turbine may be given a correspond 

This y £ I fmD r TT giV6n dimensions of low-pressure blading" 

b£e one considers the high capacities of tul ' 

results to * !, Speeds that are now available, which 

lo™ surest tWbine t0 Seeure sufflcie ^ 

^ Iade “ with appropriate leaving loss commensu¬ 
rate with available capacities of generators. " 
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* Sin Sl h r tin f by meaCS 0f aeir crusts. An 
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he mduced draft fans, a few miscellaneous ventilating fans and 
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used it exclusively for driving the auxiliariescin the new 60-cycle 
steam plant, known as Huntley Station No. 2. Afi boile* feed 
pumps are motor driven. The only steam . drivea aux S™ 
the plant are the small steam-driven lubricating oil pumps which' 

S.,7 by th, - tnrb ;” -“-'“"o.f«» p«'.T ;2. 

drive “nhaiiesh>. been gre.tly 

mo,% •» 

Wrn^aromnS’Zr b? 118 

^7 h I y a f epted standard commercial equipment, using 

been u se r« T n “I 8 *” 6 Pr °° f insulati on should have 
en used, and used open frame construction where totally 

enclosed motors would have better met the requirements. Most 

drinri le „ Ct ™ al aux ibary equipment in a power house should be 

bvleaks° f ’ £ 6nt f ely molsture P roof . so as not to be damaged 

oyleaks m steam aad water lines. 

ft. 3 ' l? ej ' made “adequate provision for protection of bus bars 
flu!* ? standp o mt of insulation and rupturing capacity. We 
for th 0t Pemit the use of bare bus bars or bare bus connections 

i; m«m t° rr b T- ° r , th “ ^ *««“S 

voltSe Pe SUfflci6Iltly t0 withstand the full operating 

mn 4 'J hey foU °wed the commercial practise of protecting their 

Zfc hr Sam T rl ° ad ' 14 is 4he du4y of an operator to see 
„? at bls ^equipment is not overloaded. The necessary instruments 

. l° t Uld b6 provided f or tWs purpose. It is better to burn out a 

d»m r S““S'o‘pZ t “n"“ 1 ““ * k °' * 

• J^SSSKSSS. 0 ' »' 

and f.J£ 6y ir Sed 7 the llolding eoil ^Pe of contactor for starting 
and controlling electric motors. 

powttatTon 1928 ! rnanufacturer with engineers specializing on 
p wer station controls recommended the holding coil type of 
ntaetors m the supply circuits to electric motors. The^e are 
er! y unsuitable for a service of this character. Many ento 
neers, realizing the defect of the holding eoil type of contactor 
have used oil switches on their 220- and 440-volt motor circuits’ 
gam e equivalent of the latehed-in contactor. The oil switch 

or oil are to be avoided where possible. We believe that 

rSrtZ pm “* «' *oh t «^ “ .*? 

Sffig U thfus£ 1S f USUally f qUired t0 dry 0X14 4he coa1 ’ tbus iusfr 
exbnn f + !i S ° me Steam - drive u auxiliaries. The need for 

sz.sSi dos ; “? ”T‘“ ,y in * ti,y *>“ ~ «'“•>»- 
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steam might be required. Otherwise the question of the bin 
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Mr A ry f ? ays ’ reliability is the most outstanding require- 
its ability to sustain proper operation of the steam-driven 
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auxiliaries. This i&) especially true where the steam plant is on 
peakjoad stand-by service. We"disagree with his arguments, that ^ 
a house alternator is necessary to get the proper reliability for the 
supply of electric power to.-the auxiliaries. We do agree that two 
or more separate sources qf supply are necessary. These sources, 
however, may be generators in iffie same station, or widely 
separated stations. 

In conclusion No. 1 Mr. Dryer states that “The turbine consti¬ 
tutes the simplest and most reliable drive.” Our experience at 
Huntley Stations shows that electric drives ar^ more reliable and 
easier to operate and maintain than the steam drives. The 
governors and overspeed devices of small turbines need frequent 
attention. Many of the original steam drives have been replaced 
by motors to reduce operating and maintenance expenses. 
Those adopting electric drives must realize that the class of 
service required by power house auxiliaries demands that the 
motors and their controls be built to rigid specifications, and the 
best of material and workmanship used in theii installation. 

We follow the practise of using special lock washers on all 
current, potential and control circuits, and use special insulation 
on the control wires, instead of the N.E. Code Standard. We 
thoroughly insulate all buses for the operating voltage. 

Conclusion No. 5 advocates turbine drives especially for the 
induced and forced draft fans. Comparative figures for these 
two types of drive would be of especial interest if available. We 
believe that the electric motor lends itself more readily to the 
adoption of centralized controls, which many operators feel are 
necessary in our larger plants. 

The designers of pulverized fuel plants realize the advantages 
to be gained by a system of complete interlock between the 
pulverizers, coal feeders and fans, which will prevent an operator* 
from starting or stopping his auxiliaries in the wrong sequence. 
This might produce an explosive mixture of the coal and air, 
which is not present under normal operating conditions. 

Conclusion No. 8 predicts that higher efficiency turbines may 
increase the turbine’s advantage over the electric motor drive. 
We do not think so. The higher efficiencies are obtained by 
operating with smaller clearances, and we would expect that 
such a machine would require rather more than less of the 
operator’s attention. 

Mr. Smith advises that State Line has provided two 4,000- 
kw., shaft alternators and two 9,000-kw. banks of transformers 
(26,000 kw.) for the supply of their electric-driven auxiliaries, 
for 200,000 kw., of generating capacity. We would like to ask 
how much additional mechanical power is being supplied by the 
steam, drives of the steam-driven auxiliaries. 

At Huntley Station No. 2, there are seven 3,750-kva. trans¬ 
formers (26,250 kva. total) for supplying all the auxiliaries of 
this 160,000-kw. plant. 

I would like to ask whether the percentage figures in Table I 
of Mr. Smith’s paper are in per cent of installed horsepower 
capacity, or in per cent of their power consumption for a certain 
station loading, and if the latter, for what loading? Also, whether 
the figures include the spare equipment or just that which is 
necessary to carry the load? 

The designer who believes in centralized control quite naturally 
turns to electric drive in preference to steam. With the large 
units, turbines and boilers which are going into our new power 
plants, it is not practical for the operator to go around to the 
different auxiliaries to determine how they are operating, so the 
designer has to bring the information which is required for suc¬ 
cessful operation of the equipment to some central point. It is 
then a very natural development to bring the controls to this 
same po in t. Having gone to the expense of bringing the boiler 
controls to a central point, it becomes a rather simple and 
inexpensive step to provide automatic control for the boilers. 
m Several features regarding the auxiliary drives at Huntley 
Station No. 2, may be of interest in this connection. The sub¬ 
station supplying the power house auxiliaries is placed at the 


center of the load, between the boilers and turbines. The 
auxiliaries for each unit are split into two sections one-half 
being supplied from, one bus and the other half from another. 
Either bus may be interrupted without reducing the output of 
the unit more than 30 per cent even if the boilers in service are 
carrying maximum load at the time. The transformers serving 
these two supplies are connected to the generator leads between 
’the generator and its main oil switch. These supplies are backed 
"up by the auxiliary bus, which is supplied from the main bus 
bars. These main bars are connected to the outside system by 
means of two 110-kv. transmission lines and to the adjacent 25- 
eyele station, by means of a 20,000-kw. frequency changer set. 

All auxiliaries in Huntley Station No. 2, are electric-driven 
except for the two auxiliary oil pumps, 'which were furnished by 
the turbine manufacturer as part of his equipment. All auxiliary 
motors of 15 hp., or larger, are supplied with 550-volt, three- 
phase 60-cycle current through air break circuit breakers and 
latehed-in contactors. 

The adjustable-speed drives for the coal feeders are supplied 
by Ward-Leonard sets. Miscellaneous small motors are supplied, 
at lower voltages with their stepdown transformers, of the dry 
type, located near the motors. 

F. C. Hankers The discussion of the relative merits of steam- 
driven and electrically-driven auxiliaries has continued for a 
number of years. A review of the conditions as presented in the 
group of papers discussing the various types of drive is timely 
and will give the different groups of engineers the opportunity 
to analyze carefully the characteristics of the available types of 
% apparatus and adopt those most suitable for the conditions 
exiting on the various applications. 

The requirements of the different auxiliaries vary from con¬ 
stant-speed operation to adjustable-speed conditions with ratios 
ranging fro m 2 to 1 for some applications to 5 to 1 for others and 
from a service that requires the highest order of reliability to 
that of the less essential n#eds. 

For the constant speed applications all will agr$e that suitable 
designs of motors can be obtained. The development of the 
squirrel cage induction motor to its present state of efficiency, 
reliability and simplicity makes it well fitted for the most im¬ 
portant applications. The use of full voltage starting has greatly 
simplified the control problem and made it possible to fulfill any 
specification that operating conditions impose. 

When it comes to adjustable-speed drives the problem is not 
so simple. The simplest type of a-c. motor is inherently constant 
speed and a change from this characteristic necessitates the 
introduction of wound rotors with secondary control, the use 
of commutator type a-e. motors on some form of mechanical 
speed changing device where the a-c. power supply is adopted. 
The use of direct current enables the designer to take advantage 
of varying speed control through the use of this type of motor. 
This necessitates the use of commutators with the resultant 
maintenance of brush rigging and current collecting parts to 
which some operating engineers sire opposed. The d-c. motor, 
however, has likewise been developed to a high degree of re¬ 
liability but will usually be found to be higher in cost and difficult 
to justify economically. Any one of these alternates introduces 
complications that may be classed as undesirable but neverthe¬ 
less can he made dependable. Close cooperation between the 
station designer and the designers of motors and control can 
greatly simplify the combined equipment over that installed in 
the past. A corresponding cooperation would be of advantage 
between the mechanical and electrical equipment designers to 
secure the best compromise in the inherent characteristics of each 
type. 

I feel that a great deal of the criticism of electric drive is 
undoubtedly due to the effort to apply motors and control 
developed for industrial applications to the more rigorous duties 
imposed by central station conditions. In industrial work there 
is usually frequent opportunities for minor adjustment of control 
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devices and current collecting parts. Tiie motors are installed 
where the operating conditions are more suitable and the source 
ot supply usually of smaller capacity. These conditions result 
m materially lower rupturing duties on the contact devices so 
that less sturdy equipment is needed to give successful service. 

In comparing the industrial requirements with those found in 
the central station held, it will be found that the motors and 
control are required to function for weeks or even months at al 
tune without a shutdown. For instance consider the auxiliaries 
of a large turbine unit; it will be found that such a unit may be 
in continuous service and obviously it would be undesirable to 
operate' the control equipment at frequent intervals and inter- 
tere with the service of, for example, a 60,000-kw. prime mover. 
This condition is being rapidly improved by developments in 
contact details. It is also frequently desirable to provide special 
treatment for the winding insulation to make the equipments 
suitable for operation in places where coal dust or moisture 
results in more difficult operating conditions. The specifications 
ror the equipment should be carefully reviewed by engineers 
familiar with the electrical conditions to insure satisfactory 
apparatus. 

A great deal of attention has been given to the power supply for 
auxiliary drives. These have frequently been considered in con¬ 
nection with the heat balance of the station and have resulted in 
the installation of various schemes for controlling the demand on 
the main unit or some auxiliary source. Many operating engi¬ 
neers have required undue insurance in the question of power 
supply and this has necessitated complicated control layouts 
that have increased the cost of electrically-driven auxiliaries as 
compared with steam. The trend toward the unit sy sterna of 
operation should permit of simplification of both the power 
su PP 1 y &nd the auxiliary drive as it will avoid complication in 
the sources of supply and thus simplify the control for the auxil¬ 
iaries as well as minimize the duplication of auxiliaries as is 
frequently done in practise. © 0 

Robert Raker: In the papers by Messrs. Dryer and Smith 
it is brought out that for the plants on which they base their con¬ 
clusions, and under maximum load conditions, an improvement in 
overall fuel economy of the order of 2 wer cent will result inci¬ 
dental to the use of motor drive instead of turbine drive for all 
essential auxiliaries. As plants operate under maximum load 
conditions for a very small portion of the time, it would seem that 
comparisons should be made on the basis of between 30 and 40 
per cent capacity factor, which would represent more nearly the 
actual operating conditions met by most generating plants. A * 
comparison on this basis would probably show a reduced saving. ] 
In Mr. Smith s paper there is a tabulation showing the approxi- < 
mate per cent of total station cost for the electric equipment to 1 
drive the auxiliaries in a modern station. No figures, however, 1 
are given as to the cost of the steam-driven equipment required i 
for a station using steam-driven auxiliaries. Without these 1 
figures comparisons can only be made between steam and elec- i 
trie drive on the basis of fuel cost. Comparisons of this nature c 
give only half the picture as an analysis of the overall operating s 
costs of the average plant shows^that the cost of fixed charges is l 
approximately equal to the fuel cost. It is also obvious that the i 
capital cost of steam drive for auxiliaries is less than the cost of j 
an equivalent electric drive, when all factors are taken into e 
account. The ease then becomes one of balancing the saving in 
fuel cost obtained with electric drive, against the saving in fixed s 
charges secured with steam drive. a 

Table II in Mr. Smith’s paper gives the cost of electric equip- n 
ment to drive auxiliaries as 7 per cent of the total station cost, c 
On the basis of a 2 per cent saving in fuel when operating with s- 
this type of drive under maximum load conditions, which per- ft 
centage would probably decrease when corrected to cover aver- e; 
age operating conditions, and assuming that the cost of fixed ii 
charges on capital investment is about equal to the fuel cost, it is 
can be seen that if the cost of steam equipment to drive auxiliaries a' 


id is such that it reduces the station cost by 2 p^r cent, the savings 
3e ^ in fuel realized by the more efficient electric drive are^eaten i*p by 
It a like increase in fixed charges. In fact a thorough study of a 
>o particular case might show that thg saving in fixed charges 
realized with steam drive would amourjjb to more than the saving 
n in fuel with electric drive. Off the basis, however, of a balance in 
d overall operating cost between steam and electric drive the 
al decision should be made in favor of the less costly installation as 
*s ^erp would be no increase in economy to justify an additional 
e capital outlay. 

o In order to compete with steam drive, the first cost of systems 
... of electric drive must be reduced, and this can only be accom- 
\ plished by a simplification of such systems, 
a Due to inexperience with electric drive, the earlier systems of 
I auxiliary drive were necessarily complicated, having reserves 
s Pyramided on reserves, and still further complicated by auto- 
3 matie throw-overs, interlocking relays, dual drives and what not, 
s ru the name of reliability. Experience has shown, however, 

3 that equal reliability could be obtained with a much simpler sys- 
r tern of supply. I would point out, however, that the pendulum 
should not swing too far toward simplification as to affect re- 
- liability. In fact an auxiliary system should never be simplified 
. t0 the P°iut where it becomes less reliable than the station bus, 

L hut should be in every case of somewhat greater reliability, the 
degree to which it approaches this condition being controlled by 
the importance of that particular station with relation to the 
, system as a whole. 

„ Philip Sporn: To my mind the aim in auxiliary layouts for 
future power plants should be towards further simplification of 
the power supply and control equipment. When designers first 
went to electrical drives, it was natural to feel some hesitancy 
about their use and to resort to elaborate interconnections and 
steam stand-by drives. With increased confidence in this type 
of equipment, fully justified by experience, and with the relia¬ 
bility of supply due to interconnection of large systems, a great 
deal of this elaboration can be dispensed with. Interconnection 
particularly has not been taken full advantage of and many 
station designers are still thinking of individual power stations as 
if they were the lone forts in a deserted area which have to be 
capable of being self-sustaining under all conditions of system 
disturbances. As soon as we get away from that standpoint a 
great deal of duplication of facilities can be done away with to 
the ultimate advantage of the system. 

. There are certain fundamental considerations to be kept in 
view in making an auxiliary layout, and it seems to me that the 
requirements in most power plants are sufficiently similar so that 
only a very limited number of systems need be considered. In 
looking over various auxiliary layouts, one is struck by the fact 
that in a dozen different stations there are almost that many 
methods of providing for the auxiliary supply. Perhaps this has 
been due to the rapid development of electrical auxiliary systems 
in the past few years. The merits of the systems are now, how¬ 
ever, fairly well recognized so that further standardization and 
simplification can take place. Designers have perhaps too often 
been tempted to make their layouts a little different from exist¬ 
ing ones. In many instances this has resulted in marked im¬ 
provement but very often originality was all that could be 
claimed for this procedure. 

. A £ reat deal remains to be done toward the development of a 
simple sturdy adjustable-speed a-c. drive for those few station 
auxiliaries which require speed variation. Multispeed or double 
motor drives, adjustable-speed wound rotor motors and special 
combinations all have disadvantages due to elaborate special 
switching, poor efficiency, maintenance expense, and entirely too 
frequent breakdowns due to difficulty with the insulation. For 
example, when thirty breakdowns are experienced on six motors 
in a single plant in two years it surely indicates that something * 
is still to be desired in the art of motor insulation. As regards the 
attainment of a simple and sturdy adjustable-speed a-c. motor, 
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great hope is beingpplaeed now in the possibilities of development 
of vacuum tube devices, but of course it is too soon to tell whether 
the successful development of what appears a theoretical possi¬ 
bility will actually materialize. 

The difficulties with insulation have s without a doubt, been 
brought about primarily by the fadt that not rigid enough atten¬ 
tion has been paid by the designers to the problem and by the 
fact that they have all too frequently been satisfied with making 
a design without being fully familiar with the conditions of 
service that the equipment had to encounter. More familiarity 
with true operating conditions would go a long way toward 
eliminating many of the difficulties. 

It is interesting to note that while the electrical auxiliary drive 
started originally in low voltages and was gradually pushed up 
to the point where the great majority of the auxiliaries in large 
stations were being served at 2,300 or 4,000 volts, there has been 
a definite swing toward the lower voltages within the last few 
years in American practise. From studies we have made it 
appears that the horsepower limit for 440-volt auxiliary motors 
can be considerably raised over that now considered good prac¬ 
tise. We have found that 500-hp. motors, for example, may be 
economically used at this voltage and only at /50 hp. is the use 
of 2,200 volts definitely indicated. The reason for that, of course, 


on the generator terminals would probably go* so low that the 
induction motors driving the essential auxiliaries would slow 

down. But if the switching and relaying were of such character 
that a fault would be removed from the system in 15 to 20 cycles, 
the motors would probably come up to speed with sufficient 
promptness so that the operation of the main turbine unit would 
not be impaired. Of course, one would have to i> very sure that 
1 disturbances on a given generator occasioned by troubles on the 
' electrical section connected to its neighbors would not pull the 
voltage low enough to affect the auxiliaries. 

It seems to me that such a method of attack shows distinct 
possibilities from the point of view of low first cost and acceptable 
operation. At least, that is the first attack that I should make 
on the problem. 

I should also like to point out that while the papers are con¬ 
fined to steam and a-c. drives the possibilities in d-c. drives 
should not be overlooked. When account is taken of the extent 
to which the station rating is reduced (some 5 per cent), the 
smoothness and ease of operation, the absence of serious, short- 
circuit problems, etc., it does not compare unfavorable with the 
other methods. 

F. H. Hollister: Mr. Dryer has shown some interesting 
curves comparing the performance of steam turbines and induc¬ 
tion motors when driving various types of auxiliaries. He has 
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is primarily the increase in cost of the high-voltage motors We 
have recently looked into the question of higher voltage ifor• steaun 
station auxiliary motors, considermg voltages as high as 6 600 
volts, but the price of motors for this voltage is so much m excess 
of that for the lower voltage motors that for the present at least 
it does not appear that any economies can be eflected by th 
use. It is interesting, however, that in Europe 6,000 v^olts for 
the larger motors is quite standard practise and the engineers 
IJgKrvo.«« claim that Ha™ b~ 

M. Dean: It seems to me that in attacking the problem of 
developing a low-cost, sufficiently reliable 
would be well to look first to the source of power. If thei rnai 
generating station switch-house electrical layout were such *h 
each generator section was fairly well protected agams; voltage 
disturbances caused by major faults occurring m "the^see- 
tions, and there were fortunately high-speed relay a tial 

mg, very serious thought should be given to feetransformers 

IfThe generator that the voltage 


also pointed out the objection of transitional disturbances which 
accompany the use of slip-ring motors for driving draft- fans. 

There are, of course, efficient types of electric drive ivhieh do 
not have this objection, such as the d-c. motors, the a-c. brush 
shifting motor and the Rossman drive. The use of d-c. motors 
for fans is largely confined to stations having a d-c. auxiliary 
power system. Where such is the case the d-c, motor provides a 
satisfactory method of operating fans. The a-e. brush shifting 
motor has” likewise given satisfactory sendee in a number of 
stations, but is limiJed in size to approximately 25 hp. per pole 
which would mean.200 hp. at 900 r.p.rn. 

The Rossman drive, which is a combination of a-c. and d-c. 
drive * has been in successful operation driving fans at the 
Powe'rton Station for the past year. This drive has also recently 
been placed in service at the Philo and Sheboygan stations. Two 
2,500-hp. Rossma^n drive units are now under construction tor 

boiler feed pumps. , . _ 

Fig 1 has been prepared from Fig. 9 ci Mr. Dryer s paper on 
which the performance of the Rossman drive has been super¬ 
imposed. The performance of d-c. motors and a-c. brush shitting 

motors would be similar to the Rossman drive. 

Fan power data have recently been received from the Operating 
Department of the Powerton Station, which may be of interest 
in view of the Rossman drive being relatively new. A compari¬ 
son has been made between the power input to the tans tor tw o 
similar boilers, one equipped with two-speed squirrel eage-motor. 
and the other with Rossman drives. For a run or o0 da>s the 
boiler equipped with two-speed squirrel eage motojs avera cd 
639 lb. of steam for one kilowatt-hour fan input, and tae boiler 
equipped with Rossman drives for the same period averted 
lb of steam for one kilowatt-hour fan input. Tm® represents a 
savL of approximately 33 percent power input to tie tan, with 
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faults^ 7 h 5 °T " a T' mi0n of bus voltage from external 

auxiliaries! k Wh ° le ’ * 6 operation of electrically driven 
auxiliaries has been very satisfactory. r 

The use of electrically driven auxiliaries'faeilitates onerati™ 
of a power station in the following manner: opezation 

place. 1 *' Pr ° Vide -- S COmrenient control °f borers from one central 

n ?' 11 pro J ldes a simple and convenient method of interlocking 

sr.S£Sr ipmen ' tor ^ 

Steaift provides a somewhat more reliable power sunnlv 
particularly for isolated stations. A station using ah steam* 
dnve a auxiliaries would require a separate turbine-driv7 
hghtmg generator to be consistent. 

H ‘ Colburns Probably no part of a steam generating 
station is so subject to difference of opinion, or open to Suss Z 
and variation in design, as the auxiliary drive. Both comn 17 
f S n “', T Pl6te 6leCtri0 driv6 ’ aS weU as a 'wide range of com! 

eieetitoTuDnlvh?’ a t 7 SeV6raI methods of Providing steam and 
eiectne supply have their protagonists. 

As Mr. Hollister mentions, too little is known about relative 
maintenance costs of the various schemes but as pointed 0 7 

laTntenf 1 t0 g6t ° n a compa rable basis. However 
maintenance costs are not all and data on overall operating costs 

7777 y - Tf 16 6qUally difflcult to obtain °n fcom- 

SeS Se^irawr °° mprehe ™ Costs a * d ^ detail of their 

auxmarie^T, ? ak6S ^ attraotive case f° r “all turbine drive” of " 
xilianeb but appears to over-emphasize the importance 

stations'onlv U / e . ss his W is to apply to isolated ! 
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$100 per kw. is chargeable against increased cost of the turbine 
room and electrical gallery with equipment. ' , 

Deducting the 3^ per cent excess cost of boiler plant with 
steam drive, the excess first cost of an electric drive station is 
2 M per cent iftore than a?steam drive station. 

With equally good designs of the two systems, I do not believe 
the efficiency of the electric drive can be improved to an extent, 
that this extra cost can be justified unless the capacity factor is • 
higher than usually found in a central station. * 

H. L. Wallau: The Ashtabula Plant of The Cleveland Elec¬ 
tric Illuminating Company exemplifies the use of both steam and 
electric drive for the power supply to station auxiliaries. 

Referring at this time, only to those auxiliaries which are 
directly linked with the operation of the boilers and turbines, the 
drives used are as follows: 

Boiler feed pumps, steam turbine drive. 

Primary air fans, squirrel-cage induction motor drive. 

Induced draft fans, two-speed induction motor drive. 

Fuel feeders, adjustable-speed d-c. motor drive. 

House service pumps, two turbine drive and two induction 
motor drive. 

Circulating pumps, two per unit, induction motor drive sup¬ 
plemented by steam turbine (dual) drive on one unit of each pair. 

Condensate pumps—two per unit, same types of drives as 
circulators. 

Exciters, (steam) shaft drive from main unit. 

Spare exciter, dual turbine—induction motor drive. 

Fuel feeder motor supply, two generators, induction mo to? 
drive, one supplemented by steam turbine (dual) drive. 

All dual-driven apparatus is set to cause the turbine to pick 
up the load on the equipment at a 3 per cent reduction in speed. 
Electric power for the motor drives is obtained from bus trans¬ 
formers. 

Boiler feed pumps are steam turbine driven to obtain maximum 
reliability of power supply, regulation being accomplished by 
excess pressure governors. All of the other essential auxiliaries 
are normally motor driven. However, as noted, the next most 
essential auxiliaries have been partially provided with ancillary 
steam drives, so that failure of electrical supply will not result 
in total loss of load. 

The relatively small amount of steam taken by the feed pumps, 
neglecting radiation losses, is used at 100 per cent thermal effi¬ 
ciency, the exhaust being used to heat the feed water by means 
of a jet type barometric heater condenser. Except for the addi¬ 
tional heat furnished the condensate by the generator air coolers 
and steam air ejectors, the balance of the heat supplied (about 
75 per cent at full load) is obtained by bleeding at the 13th and 
15th turbine stages. This combination of drives is a compromise 
between Figs. 3 and 4 of Mr. Dryer’s paper, more nearly ap¬ 
proaching Fig. 4, and has yielded a net annual overall thermal 
efficiency somewhat in excess of that set up by him. The total 
use of electricity for all plant purposes was 4.2 per cent of the 
amount generated. * 

In our plants the turbine-driven and dual-driven pumps and 
d-c. generators are all located in the turbine room basement. 
This simplifies the piping and facilitates operation. If the second 
set of condensate and circulating pumps connected with each 
generator had been equipped with steam instead of motor drive, 
the heat balance would be upset when these pumps are operated 
on account of the additional exhaust steam supplied to the heater 
condenser. 

Since draft fans cannot be efficiently grouped at one location, 
piping for these, if steam driven, would have to be carried to 
many points. This diversity of location is disadvantageous to 
steam drive as compared with electric drive. Another disad- 
* vantage of steam drive, though not a major one, is the necessity 
of using reduction gearing. Reliability is of less importance for 
draft fans than for boiler feed pumps, because the loss of a draft 
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fan, while possibly jeopardizing service, does not threaten the 
destruction of expensive equipment as well. 

In our newer plants, the reliability of any given draft fan is 
of lesser importance than that of a condenser pump, because 
either of the two boilers associated with a given generator can 
furnish steam enough to carry 80 per cent of full load on that 
unit. 

The use of turbo-vane draft fans coupled to two-speed pole¬ 
changing induction motors furnishes all necessary variations in 
draft and permits the use of the low-speed low-power rating of 
the motors for the greatest percentage of the operating time at 
good efficiencies. The simplicity of full-voltage starting, in¬ 
duction motor drive for the primary air supply is an obvious 
advantage. Steam drive for the pulverized fuel feeders was at 
no time considered. 

The turbine auxiliaries have been referred to previously. Ex¬ 
cept at high loading coupled with high summer temperatures of 
condensing water one set of pumps only is needed, and the dual- 
driven one employed. Our operating experience over many years 
has proved that constant-speed equipment is entirely satis¬ 
factory for this service. 

Of the four house service pumps, two are steam driven for 
maximum reliability. Had dual-drive been used on all or part 
of these, the first cost would have been higher, and if only three 
pumps had been installed, the reserve less. 

Mr. Smith has pointed out the relatively small percentage of 
total investment involved in the cost of electric equipment for 
auxiliary drive and outlines some of the possible methods for 
reduckig these costs still further. 

^One of these is the use of house transformers connected to the 
generator leads ahead of the generator breakers. This does away 
with breakers on the high side of the transformer and also lends 
itself admirably to the strictly unit method of operation of main 
units and their auxiliaries. A supply from another source is, of 
course, necessary*at thq time of starting a unit. This method 
requires one bank per generator and hence more space than if a 
smaller number of banks of larger individual capacity is used, 
which latter scheme requires bus transformers and consequently 
breakers. % ^ 

At Ashtabula ojie transformer bank, bus connected, is used to 
supply the auxiliaries for two turbines and four boilers. Normally 
each bank feeds an independent sectiofi of truck type board. 
These sections, four in ultimate number, are physically separated 
one from another and adjacent ones may be electrically joined 
through two-section tie breakers, one on each board, connected 
together by a relatively short cable run. Thus the failure of a tie 
breaker cannot involve more than one section of board. No 
provision has been made to ring the bus by connections between 
the first and fourth sections. Spare trucks are provided for all 
positions so that maintenance or repair work does not Interfere 
with the functioning of any group of auxiliaries. 

A transformer bank connected to a given bus sectlbn normally 
supplies the dual-driven condensate and circulating pumps of 
each of the two turbo-generators associated with it, while the 
straight motor-driven sets of pumps are supplied from another 
section. Hence, even when both sets of pumps are in use, a 
failure of electric supply results in the loss of but one set on each 
generator* * 

The four boilers associated with a group of two generators have 
their primary air fans and induced draft fans fed from a section- 
alized 2,300-volt truck type boiler supply board, with two boilers 
fed from each section. Each section is fed by means of one circuit 
capable of carrying the load of the four boilers. One of these cir¬ 
cuits issues from the section of main supply board associated with 
the turbines of this group, and ths other from another section. 
Normally both circuits are energized and the tie breaker open. 
In ease of deenergization of a circuit, it is cleared and the tie 
breaker closed automatically, thus maintaining continuity. In¬ 
terlocks prevent more breakers from being closed at one time. 
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AnotHer 2,300-volt truck board, not section&lized but having 
duplicate feeds from two independent sections of the main board, 
supplies the coal handling and preparation equipment. Normally 
one circuit is open at the receiving end, and loss of the other 
results in a temporary interruption of power supply to these non¬ 
es sentia.1 auxiliaries until manual throw-over is accomplished. 
Xne supply breakers on this board are adjacent and interlocked 
so that font one may be closed at any time. 

Motors Mow 40 hp. are supplied at 440 volts and distribution 
centers adjacent to the groups so supplied are established. This 
is also done witlh respect to the d-c. fuel feeder motors. 

Circuit breaker and stop-valve motor control is obtained from 
. a d-c. 120-volt control bus on which two batteries (46S ampere- 
hours each at one hour rate) float, trickle-charged through di¬ 
verter-pole generators. 

_ - Nomia [ lighting service is alternating circuit three-wire. In 
case of failure, a number of key circuits is automatically thrown 
over to. d-e. supply, a neutral for the 230-volt d-c. system being 
at all times maintained through balancer-sets. A further auto¬ 
matic thrower to battery supply keeps one-half of these key- 
eu-cmts operative in case of simultaneous or subsequent failure 
or tire no armal cl—*c. source, (d-e. dual-driven generators). 

The alDove methods of auxiliary supply have been in use for 
several years at the Avon Plant, Ashtabula including some re- 
hnements, providing greater flexibility for inspection and 
mainteiisbn.ce. 

Note tlie Moving points: 

The seotionalized operation of both the main, 2,300-volt supply 
andL the "boilergroup boards. r 

The use of a single bus in all boards. 

The use of faetory fabricated switching equipment, truck type 
boards for 2,300 volts and Urelite factory built board for 440 
volts. Tliis too is sectionalized. 

The availability of spare trucks for any position. 

The physical isolation of the various sections pf the main 2,300- 
• volt supply hoard, and of the boiler group supply boards. 

The use of tvb section-tie breakers in series in connection with 
the main "boardsections. 

Th.e flexibility and reliability obtained |or both operation and 
maintenance by.the interlacing of supply circuits and the use of 
dual-ariven equipment at critical locations. 

Wtith a few exrceptiohs, use full voltage starting for all a-c 
motors. 

W"e believe that the supply scheme used results in a high degree 
of reliability, operating flexibility, and low installation and 
maintenance costs. 

C. Powvell: In the matter of reliability, the writer’s experi¬ 
ence has shown that the reliability of electric drive depends 
almost entirely upon the reliability of the auxiliary power source. 

A house generator* is impracticable in a station operating at 1,250 
lb. steam pressure where all the boilers are reheat boilers, that is, 
a plant of -finit power design, and for such a plant the most 
reliable auxiliary supply is the ‘shaft-driven auxiliary generator. 
This would he very reliable were it not that the main turbine is 
very liable to go out on overspeed following a heavy disturbance. 
Prevention, of tripping on overspeed is a matter of such im¬ 
portance both iu the matter of main and auxiliary power supply 
that manufacturers and operators of steam turbines should make 
every effort} to corr ect this defect. 

The electric drive has considerable advantage in steam plants 
operated as part of a system which at certain seasons is supplied 
principally from water power plants, but when even during the 
plentiful water season most of the steam units are floated on the 
line to insure seme e. In such older plants with several boilers per 
turbine, it is possible to practically shut down the boilers and 
operate the auxiliaries from water power. In the newer plants 
with very large boilers and larger turbines, a minimum load of 
6 °r 7 per cent of maximum must be carried per turbine unit in 
order to insure safe operation and a fast pick-np of load. At 


certain times, then, more steam power is generated than is 
actually required and water that could otherwise fie used is 
wasted. In this case the electric drive is preferable to steam 
since about one-third of this minimum^ steam power will be re¬ 
quired to operate the auxiliaries, with *n appreciable saving in 
fuel as against steam drive. 

As mentioned in the papers, most of the drives may now be at 
^ constant speed. This will enable the station designer to use 
synchronous motors and make some savings in cost with a gain 
in efficiency. 

There is no doubt that the steam drive has attractive features, 
but the writer agrees with Mr. Smith that the electric drive has 
on the whole inherent advantages even if there is much to be 
desired in the matter of cost. 

F. W. Gay; The impression left from the papers relating to 
station auxiliaries is that steam-driven auxiliaries have a more 
reliable source of power than electric-driven auxiliaries. It would 
appear that insufficient stress has been laid on the fact that elec¬ 
tric-driven auxiliaries may receive power from their own generat¬ 
ing station or from electric networks having in themselves great 
inherent reliability. On the other hand, it is very seldom possible 
for steam-driven auxiliaries to receive steam from any other 
station and the transfer of a steam-driven auxiliary from one 
steam service to another in the same station is not generally so 
conveniently accomplished as with electric drive. 

Supplementing this inherent advantage peculiar to electric 
drive is the additional advantage with the unit system of supply 
that upon a prolonged failure of any one generator the auxiliaries 
lor that unit are no longer required. The point has been raised 
by inference that short circuits on generator buses or feeders, 
especially in the case of the unit system, may reduce the voltage 
on the auxiliaries for that unit so as to require their being thrown 
over to another source of power. No mention has been made of 
the fact that systems have been devised whereby auxiliary power 
may be taken from a generator and the voltage of the auxiliary 
source of supply may be maintained at substantially 100 per 
cent, while the voltage on the station bus is dragged down to 
zero by a short circuit. Such a system was thoroughly investi¬ 
gated by Professor Nims and described in the Electrical World for 
April 25, 1931. In the system described by Professor Nims, it is 
necessary to employ a large amount of transformer capacity and 
since, this transformer capacity is a substantial item for electric 
auxiliary drive this system is expensive, although probably not 
as expensive as a shaft end generator. On the other hand, if the 
umt system of auxiliary drive is employed and the generator 
supplies its power to a high-voltage bus through a direct-con¬ 
nected transformer it becomes possible to take the auxiliary 
power from tertiary windings on the main transformer bank. 

With substantially no additional expense it is possible to 
assemble the secondary winding and the tertiary, each in separate 
inductive relation with respect to the primary, so that the pri¬ 
mary has a high equivalent negative impedance with respect to 
the tertiary for loads on the secondary. Under these conditions 
the tertiary voltage is over compound, that Is, it rises with heavy 
inductive loads, on the secondary and with primary voltage 
maintained. With a proper design the rise on the tertiary wind¬ 
ings may be made to compensate for the drop in generator voltage 
so that for all loads on the transformer secondary windings up to 
and including a dead three-phase short circuit on the secondary 
windings, the voltage on the tertiary winding will be maintained 
at a serviceable value. 

While such a transformer design will not seriously affect the 
straight through impedance between primary and secondary, it 
wifl. give a relatively high impedance between primary and 
tertiary windings and it may be found desirable to equip the 
tertiary windings with induction voltage regulators and control 
equipment to maintain a substantiaHy constant voltage on the 
auxiliary supply bus for all loads on the transformer secondary 
windings up to and including a dead three-phase short circuit 
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While induction Voltage regulators will not be fast enough to 
avoid lamp flicker on auxiliary’power circuits for sudden changes 
in generator loading, they should be able to correct for minor 
changes in the auxiliary supply voltage so fast that the speed of 
auxiliaries even when driven by slip-ring motors with control 
resistance in circuit should not vahy much over a fraction of one 
per cent. 

A. T- Browns The writer believes that greater progress could 
be made if instead of dealing in generalities, careful and derailed 
studies could be made. After proper reliability has been secured, 
choice as to the type of drive to be selected for various auxiliaries 
in a power station, which are intimately connected with the main 
units, should be determined from the overall costs of operation, 
including all factors. 

It is obvious, if cost is not considered, that from an operating 
point of view electric drives present many advantages. How¬ 
ever, the writer believes that it would be a great advantage to 
the art of designing power stations if someohb would undertake a 
complete and detailed study covering all-electric, part-steam and 
part-electric direct steam drive, and great steam drive for 
auxiliaries for, say, stations of 400 lb., 650 lb., and 1,500 lb. of 
steam. I have never seen such a detailed study, and it would 
not be an easy thing for busy engineers to prepare, as it would 
require practically the designing and plotting performance curves 
for several entire power stations. 

If such data can be secured, I believe points at issue between 
the advocates of electric and steam-driven auxiliaries can be 
reduced. & 

In the last part of Mr. L. W. Smith’s paper, it is apparent that 
he realizes the great cost of motor drives. This is apparent from 
an inspection of the table on page 393 where it is stated that of the 
total station cost, the motors are 1.2 per cent of the total, and 
this appears at the site of the auxiliary drive application. What 
does not appear at the site is the 5.8 per cent and this apparently 
does not include the cost of the building space occupied by the 
control panels, switches, etc., which is often considerable. 

If the building cost mentioned above is included, it is safe to 
say that each motor carries behind the scenes approximately 
five times its cost in equipment to serve it. 

In a large modern power station, which burns, say, $2,000,000 
worth of coal annually, a fuel saving of 1 per cent is well worth 
accomplishing. 

If the fixed charges on the capital invested in a power station 
may be taken as roughly of the order of 90 per cent of the fuel 
cost, a saving in capital cost of the order of 1.10 per cent will 
accomplish the same saving as a 1 per cent fuel saving. 

If then we take the table referred to above as a fair statement 
of the cost of electric auxiliary drive, we can see that in order to 
accomplish this result we must reduce the cost of the behind-the- 
scenes auxiliary electric equipment in the neighborhood of 18 
per cent. 

It seems as though this could be done by careful planning ana 
we urge electrical engineers to see what can be done in this 
direction. ' 

In ]y[ r> w. p. Dryer’s paper, the statement is made that it the 
draft fans are steam driven the boiler evaporating capacity must 
be increased 0.7 per cent over electric drive. Was this figure ob- 
tained from a carefully calculated heat balance, carried all the 
way through? For unless the loss of heat to the circulating water 
was increased in the ease of steam-driven draft fans, as com¬ 
pared with electric drive, it seems that this figure of 0.7 per cent 
may give us an erroneous impression. 

George A. Orroks Early practise in this country has always 
inclined towards the steam auxiliary, while European practise 
has been always along the lines of bus-driven auxiliaries. The 
middle ground between the two systems where the auxiliary 
power is furnished by an auxiliary turbine not connected to the 
main bus except in emergency was developed to attain the ad- 
vantages of both systems. 


The introduction and development of the regenerative system 
with its almost universal adoption at the present time has again 
emphasized the essential differences of the two types of drive. 
We must also differentiate between types of plant such as the 
larger industrial installations, with the demand for process 
steam at low pressures and the central station plant where, due 
to the regenerative system, no large use of exhaust steam is 
* possible. 

The question of reliability is so intimately bound up with the 
operating policy of the plant, the size and character of the load, 
the outside interconnections, and the number of units in the 
plant that it is impossible to give any general solutiof? for the 
question. The difference in economy between the two types of 
auxiliary apparatus is not large, possibly of the order of one-half 
per cent on the overall thermal efficiency of the station, and it 
has become increasingly evident that all of these factors must be 
taken into consideration, and the solution for any given plant will 
not necessarily be a general answer in any sense. 

It is of course evident that the smaller number of links between 
the coal pile and the user represents the most reliable operation, 
and it is also evident that no solution in which the operation of 
the auxiliaries is likely to be upset by a short circuit on the out¬ 
side system is of advantage to a central station. 

Modern auxiliary units have been developed to such a state 
that their reliability in all eases is equally good and the task of 
the designer has been to use the smallest number of links which 
with equal cost will give a substantially equal efficiency. 

Nevertheless, individual problems must still be settled in an 
individual way taking into account all of the many factors which 
m$ike for successful operation and such papers as these, which set 
forth in such a detailed manner the advantages of competing 
types of apparatus, serve a most useful purpose. 

L. W. Smith: Messrs. K.ehoe, Cushing, and Stoddard have 
brought out two additional advantages of electric drive, namely, 
it provides a convenient and accurate method of measuring 
auxiliary power and a simple method of obtaining interlocks for 
the operation of pulverized fuel equipment. 

In answer to Mr. Cushing’s questions concerning the station 
used in the paper as an example of electric drive, it may be noted 
that there are no ^team-driven auxiliaries except boiler feed and 
fire pumps which are used only as reserves. There is a total con¬ 
nected load of approximately 25,000 hp. in motors including 
reserves which is equivalent to approximately 9.3 per cent of the 
station output. The per cent power consumption given for each 
class of auxiliaries is the average for a period of two weeks during 
which the station had a maximum net output of 189,000 kw. and 
average net output of 126,500 kw., which gives a station load 
factor of 0.669. The apparent excess in auxiliary transformer 
capacity at the station is largely due to the fact that all of the 
coal handling equipment is served from one transformer bank. 
The other transformer bank serves as a reserve for the shaft 
generators and auxiliary transformers. Subsequent utdts will not 
require proportional amounts of transformer capacity. Inci¬ 
dentally, the auxiliary power for units 2 and 3 will be served from 
transformers connected ahead of the main generator oil circuit 
breakers instead of by auxiliary shaft generators. 

The comments by Messrs. Baker, Lawrence, and Brown are 
related in*that they all touch on the relative investment cost of 
steam and electric drive. Numerous cost tabulations could have 
been prepared for steam and electric drive in connection with 
these papers, but it is doubtful if they would have any "v alue 
except for the assumed conditions. There are so many variables 
entering in station design that each case must be worked out on 
its own merits. The tabulations in the paper were included chiefly 
for analyzing the distribution of auxiliary power and the cost of 
the component parts of an electric auxiliary system.. 

It has been pointed out in the paper that the relative economics 
of auxiliary drive hinge to a large extent on what constitutes a 
reliable system of auxiliary power supply and what is the actual 
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water rate of auxiliary turbines. The paper oil the East River 

S *,■“ b d M ”T Gmdy ’ ^ t« 

eterred to m the bibliography is of interests connection with 
this phase , of the problem. The paper on the East River Station 
states that a comparison of the investment costs between various 

s a hat 1 ^e P °r r S r CiemeS sbowed that an a -°- electric supply with 
?Qc° rS ’ reserve house generator, and bus transformers 
would cost 35 per cent more than steam turbines, and that a d-e • 

thll e ^,T th St T ge bat * ery reserve woul d cost 120 per cent more ‘ 
than turbines. A capitalized credit of 2 per cent is given for fuel 

avmg m the case of a-c. supply and 3 per cent for d-c. supply I 

u^ption f 6 or S t^ t0 T te fr ° m thiS PaP6r that the steam «»- 
sumption for the auxiliaries at the East River Station is some¬ 
what higher than the original calculations. The conclusions ar¬ 
rived at by the study of the various schemes of auxiliary power 
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for tne East River Station are no doubt correcSfor the particular 
conditions that confronted the designers, but these conclusions 
can not be applied to other station designs without a similar 
analysis. In most cases the number an<J type of reserve auxiliary 
power sources could be reduced with $n appreciable saving in 
investment cost. Likewise any-inajor change in the station design 

^Serned 61- ^ ^ *** aS the type ° f auxiliar y drive is 

The comparative reliability of electric drive has not been 
emphasized m this paper because the real question is whether or 
not electric drive is sufficiently reliable for central station service, 
he increasing use of electric drive with its increasing simplifica¬ 
tion of power supply methods would indicate that electric drive 
oes provide a reliable, convenient, and economical method of 
operating steam power station auxiliaries. 
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Synopsis.— For circuit breaker,and relay application, it is fre¬ 
quently necessary to determine the decrement in power system short- 
circuit currents. For this purpose certain ‘‘standard decrement * 
curves ” approved by the National Electrical Manufacturers Associa- . 
tion have been in general use. The original curves appeared in 1918 


and a revised set was prepared in 1923. New decrement curves given 
in the present paper supersede those formerly use The paper 
also includes a .discussion of the need for new curves, the underlying 
assumptions upon which they are based, the method of application 
and their limitations. 






Introduction 

F or circuit breaker and relay application, it is fre¬ 
quently necessary to determine the magnitude of 
power system voltages and currents under fault 
conditions for various intervals of tiifie measured from 
the instant of the application of a fault. The decay of 
fault current from initial to sustained values is com¬ 
monly determined by means of decrement curves. In 
1918 a standard set of decrement curves was published 
for the first time. 1 

The standard decrement curves of 1918 were derived 
on the basis of the available information on the decre¬ 
ment characteristics of machines and systems. By 
1928 considerable additional data had been collected, 
and accordingly, the curves were revised. These curves, 
published in the N.E.L.A. Relay Handbook (1926) and 
in various manufacturers' publications are superseded 
by the new standard decrement curves, Figs. 1 and 2, 
published for the first time in the present paper. They 
have been approved by the National Electrical Manu¬ 
facturers Association. The presentation of these curves 
is the principal object of this paper, but it also reviews 
the need for new curves, the underlying assumptions on 
which they are based, their application, and finally their 
limitations. 

In the past eight years, there has been considerable 
progress in the analysis of transients in synchronous 
machines. Furthermore, the method of symmetrical 
components has come into general use for the calcula¬ 
tion of unbalanced faults. These developments in 
theory, together with the increased knowledge of ma¬ 
chine constants, have made desirable the preparation of 
a new set of decrement curves. 

The 1923 decrement curves assumed a single decre¬ 
ment for the a-c. component of fault current. The new 
decrement curves take into consideration the fact that 
the a-c. component is made up of two exponential terms 
and the fact that the transient time constant varies 
with system reactance. The method of using the curves 
includes a means to give more accurate results in case 
the time constants of machines differ appreciably from 

^General Electric Co., Chicago, Illinois. 

fWestinghoo.se Electric & Mfg. Company, East Pittsburgh, Pa. 
1. For references see Bibliography. 

Presented at the Winter Convention of the A.I.E.E ., New York , 
N. Y., January 25-29,1932. 


the assum ed average figures upon which the curves are . 
based. 

The 1923 curves include three separate sets, one for 
each type of fault, namely, three-phase, line-to-line, 
and line-to-ground. The new curves include only a 
single set which, however, is applicable to the same three 
types of faults. This is feasible because the new curves 
are based on the method of symmetrical components. 
The old curves assume equal initial values of line-to- 
line and three-phase currents whereas the present curves 
are plotted for the more usual ratio of 0.866. The old 
curves for line-to-ground faults were restricted to the 
particular case of a fault on the terminals of one or more 
generators, all the neutrals of which were solidly 
grounded; the new curves are not restricted in this 
respect. ^ 

In the 1923 curves, no distinction was made between 
machines with >and without damper windings. The 
curves included in the present paper have been designed 
to apply particularly to. salient pole machines with " 
amortisseurs and to turbo-alternators. Therefore, they 
give inaccurate results for the first 0.2 seconds for salient 
pole machines ^without damper windings and are sup¬ 
plemented by a method of calculation which gives the 
initial value of short-circuit current accurately for these 
machines. 

Derivation of the Standard Decrement Curves 

The important differences between the new and the 
old decrement curves have been outlined above and the 
derivation of the new curves is given in Appendix I. 
The basic assumptions, being of more general interest, 
are given below. 

1. The generators are assumed to be operating at 
rated voltage and kva. at 80 per cent power factor im¬ 
mediately preceding the short circuit. 

2. No automatic voltage regulator is used. 

3. The actual system subjected to fault maybe repre¬ 
sented by a single equivalent generator of the same total 
rating and an external reactance. 

4. The load is assumed to be located at the machine 
terminals, and the machine reactance is taken as 15 per 
cent unless the total reactance is less than 15 per cent. 
In this event all the reactance is assumed to be in the 
machine. 
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pressed in terms of “times normal current” with total 
Connected synchronous capacity in kva. as a base. -In 
Fig. 1 reactance is plotted as the abscissa with elapsed 
time from the beginning of the fault as a parameter for 
the curves. In Fig. % the-elapsed'time is the ordinate 
i and reactance is the parameter. 

' The reactance to be used with the curves for any kind 
of a fault may be obtained either by means of analytical 
calculations, or by use of the calculating board, or indi¬ 
rectly by the substitution in the formulas on Figs. 1 and 
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’ 2 “7? hort " ( ^ ircuit Decrement Curves for Synchronous 
Machines (Reactance - 8 to 100 Per Cent) 

How to use curves—see Pig. l 


0 10 20 30 40 50 60 70 80 90 100 

SYSTEM REACTANCE IN PERCENT 

Fig. .1—Short-Circuit Curves for Synchronous Machxnes 

reacta f ce must bc »? ased °n system kva. and not on the particular 
kva. chosen as a base for calculations. particular 

System kva. is connected synchronous capacity in kva 
Note: These curves are based on Tdo' =5 sec. 

For other values of Tdo', multiply actual times by -^ 7 , to get equiv¬ 
alent times to use in curves 
How to use curves: 

For three-phase short circuit— 

Reactance—Use system reactance to the point of fault 
Times full load (normal) scale—use scale reading 
For line-to-line short circuit— 

R fault ” 56- " 1186 tW ° HmeS the system r eactance for the three-phase 
Times full-load (normal) scale—multiply scale reading by Vo 

For lme-to-ground short circuit— ' 

Reactance—Use (2 Xi -f x 0 ) or 
3 X (initial three-phase short-circuit c urrent) 

(initial line-to-ground short-circuit current) 

t sysfcem reactailce for three-pSase fault 
limes full-load (normal) scale—multiply scale reading by 3 

9 . The machine reactances and time constants are 
taken as representative of modern machines. Of par- 
ticular importance is the relation between transient and 
subtransient reactance of machines. (See Fig. 3.) 

Application op Standard Decrement Curves 
Description of Decrement Curves. The decrement 
curves of Figs. 1 and 2 give the r.m.s. total current ex- i 



5 10 15 20 25 30 35 40 

SUBTRANSIENT REACTANCE Xd" 


Pig. 3—Relation between Xd' and Xd" (Saturated 
alues) for Three-Phase Synchronous Machines 

2, if the initial values of symmetrical short-circuit cur¬ 
rents happen to be known from other sources. In order 
to choose the proper decrement curve, it is essential 
that the reactance used to select a curve in Fig. 2 or a 
line in Fig. 1 be expressed as a per cent of the total con¬ 
nected synchronous capacity in kva. rather than as is 
common practise, an arbitrary value conveniently 
chosen to expedite system calculations. 

If the system open circuit time constant referred to 
the point of fault is known to be other than 5.0 sec., the 
time scale of the curves may be corrected to conform to 
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>y megns of the formulg given on the curve sheets. 4,5 
The problem in Appendix II illustrates the use of the 
*ves when the Initial short-circuit kva. and connected 
ichronous kva. arejknown. 



;G . 4 —Open-Circuit Time Constants of A-C. Generators 

and Motors 


STANDARD DECREMENT CURVES 

current have Been fully developed in other papers and 

are not discussed here . 6 ' 11 In case synchronous machine 

reactances or time constants are not known Table I 
and Figs. 4 and 5 may be used as a guide in selecting 
reasonable values. „ 

The system reactance referred to the point of fault 
enables the proper decrement curves to be selected 
which gives the three-phase r.m.s. short-circuit current 
or kva. in “times normal” at any time after the occur¬ 
rence of the short circuit, subject to the assumptions 
previously given. 

Line-to-Line Short Circuit. For a line-to-line short 
circuit the fault current is determined by the use of the 
standard decrement curves of Fig. 1 or Fig. 2 m the 
same manner as the three-phase short-circuit current 
by using a reactance equal to twice the system reactance 
(the value used for three-phase short-circuit calculation) 
and multiplying the resulting current in times normal 

read from the curves by V 3. . 

The above rule results from the theory of symmetrical 


TABLE I*—TYPICAL 


THREE-PHASE 60-CYCLE SYNCHRONOUS MACHINE CONSTANTS 


iirbo generator. 

client pole motors and generators (with amortisseurs). 
Taterwheel generators (no amortisseurs). 


londensers. 


X(p 


1.10 


0.12 


0.95 - 1.45' 
1.10 

0.60 -1.45* 
1.10 

'0.60-1.45' 

1.80 


1.50 - 2.20 


0.07-047 ' 
0.22 

' 0.13-0.55 ' 

• T 

.0.85 xd' 

0.25 

‘ 0.18 -*0.3S 


0.35 


Note —for waterwheel generators = 0 2 o -0.45 ( saturated) 

x d ’ for turbo generators and salient pole machines with amortisseur from Pig. 3 (saturated) 

;r;r s rr^ — ^ — bie - 




0.03 


il 

K 

Cl 

- 0.01 - 0.14 


0.06 

= xd" (nearly)- 

• • ' 0.02 - 0.20 

0.50 

0.07 

0.30-0.70 

■ 4 0.04 - 0.22 

0.24 

0.08 

0.17 - 0.37 ' " ' 

- 0.02 - 0.15 


• 


Three-Phase Short Circuit . The reactance to be used 
:o select the proper decrement curve for a three-phase 
? ault, is what is commonly spoken of as the “system 
’eactance” referred to or viewed from the point of fault, 
[t is the reactance used with the decrement curves 
formerly published. When determining this reactance 
it is important that synchronous machines be repre¬ 
sented by their sub transient* reactances, and also that 
all loads other than synchronous be neglected . Proper 
account has been taken of these loads for the average 
system in deriving the decrement curves. 

Means for obtaining the system reactance referred to 
the point of fault, and the corresponding short-circuit 

*The ‘ 4 sub transient’ * reactance is the reactance to use in 
determining the r.m.s. initial value of tlie a-c. component of 
short-circuit current. It includes the effect of induced currents 
in damper windings, etc., which have a very rapid decrement. 
The transient reactance on the other hand determines the a-c. 
component when the rapidly decaying component is neglected 
while the synchronous reactance is used to determine sustained 
values of current. 



p IG . 5— Open-Circuit Time Constants of Turbine Generators 

components, 7 ' 8 ’ 9 ' 11 assuming "the negative phase se¬ 
quence reactance of the system as measured from the 
point of fault to be equal to the system reactance x'. 
Where the negative phase sequence of the system is 
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known, more accurate results may be obfained by using 
a reactance equal to the sum of the system reactance 
T : and the negative phase sequence system reactance x 2 
instead of twice the system reactance x x . The negative 
phase sequence reactance of the system is obtained in 
the same manner as the system reactance x L except that 
the negative phase sequence reactance of the machines is 
substituted for the subtransient reactance of machines. 

Line-to Ground Fault. For line-to-ground faults, the 
decrement curves of Fig. 1 and Fig. 2 may still be used, 
* provided that the ratio of the instantaneous values of 
three-phase to line-to-ground fault currents or the 


For auto-transformers, grounding transformers and 
other special apparatus, refer to papers and articles 
which discuss the determination of the zero phase se¬ 
quence impedance in more detail. 8 

Minimum Fault Current For certain relay applica- 
r tions it is sometimes necessary to know the total r.m.s. 
' alternating fault current, i. e., with no d-c. component, 
rather than the maximum current at any time as given 
by the standard decrement curves which are based on an 
asymmetrical fault. The initial r.m.s. alternating 
(symmetrical) currents for values of system reactance 
are given in Table II. 


TABLE II—INITIAL R.M.S., ALTERNATING (SYMMETRICAL) CURRENT 


Reactance on decrement curve. 8 

Initial symmetrical current..12.3. 


. . 10 . 12 

. . 9.96. 8.38. 


.20 .30 e . 

. 5.11. 3.37. 


. . . 75 .100 

. . . 1.33. 1.0 


proper value of reactance is known. For this case, the 
reactance may be taken as three times the system re¬ 
actance (3 x ij multiplied by the ratio of the three-phase 
to the line-to-ground short-circuit currents. Ordinarily 
the line-to-ground short-circuit current must be cal¬ 
culated by the method of symmetrical components or 
the reactances for the different sequences used as^out- 
lined below. The line-to-ground current at any time 
" ^ ke equal to three times the value of “times normal 
current read from the decrement curves using the 
above values for system reactances. 

1 he value of reactance to be ustid with the curves for 

55 lin /rnrti.vi .4 ^1™-L *_• 1 / 


--- VCb iUI 

' a hne-to-ground short circuit may be determined, using 
tiie method of symmetrical components, the reactance 
being taken as the sum of the positive, negative and 
zero sequence reactances of the system (x x + *, + Xo ) 
as measured from the point of fault. 'For ordinary 
calculations it is sufficiently close to use a reactance 
equal to (2 Xl i- x 0 ), where aq is the system reactance 
used for three-phase short-circuit calculations and z 0 is 
die zero phase sequence reactance to the system. The 
zero phase sequence reactance may be obtained in a man- 
er similar to that used for the determination of the system 
reactance for three-phase short circuits by changing 
the reactances m accordance with the following rules. & 

Ungrounded transformers.= 

Grounded A-l transformers. = ordinary reactance to 

neutral on Y side and 

Neutral impedance. ■ _ f ““ 0a / side 

. N actual impedance in 

Single-circuit aerial lines (no DeUtraI 

ground wires). __ q - w * 

Double-circuit aerial lines" (no ° X ordinary reactance 

ground wires).... .. 

.- o.o x ordinary reactance 

Single-circuit aerial lines (cop- ° fd ° UbIe: ^ 

2 -° 

per or aluminum ground ^5res).. . 3 .„ x 

Cables, three-phase.. _ ^ 

.- 6 t0 5 X ordinary reac- 

Cables, single-phase... — t^rw j- 

.- -t-o X ordinary reactance 


e As the asymmetrical component is negligible after 0.3 
second, the r.m.s. alternating (symmetrical) current for 
3 any time less than 0.3 second may be obtained by inter- 
i polating between the initial value obtained from the 
- above table and the curve values at 0.3 second. Satis- 
r factory results can readily be obtained by sketching in 
■ ?, curve starting from the initial r.m.s. alternating (sym- 

' metrical) current and making it tangent to the cor- 
l responding standard decrement curve at 0.3 second. 

! R-M.S. Total Current for Salient Pole Machines 
without Dampers. Where salient pole machines without 
damper windings supply the short-circuit current the 
standard decrement curves give good results after 0.2 
second, provided that for these machines the equivalent 
subtransient reactances are obtained from the known 
transient reactances by means of the relation given in 
big. 3, but the initial values indicated by standard dec¬ 
rement curves may be 30 per cent too high. If more ac¬ 
curate values of initial current are desired, it is necessary 
o ma .e a separate calculation of the system reactance 
using the actual value of the subtransient reactance of 

• stP^ Tf ^ maChi , neS With0ut dam P er windings 
instead of the equivalent value obtained from the 

transient renctance by means of the relation given in 

subtran?mtrlc^cVo 0 fKj P 3 ndmS t0 ^ equivalent 

The subtransient reactance of machines without 
damper windings has generally been taken as equal to 

ffi/hl reactance - However, there is an appre- 

mble subtransient component in the short-circuitcur- 

1“' " T and other cl °sed circuits and also due to the 
P 1 y disappearing effects of saturation. The test 

of fm Jv abIe “u dlCate that the su btransient reactance 
of a machine without damper windings should be taken 

as aboutSSpercentof thetransientrelctanc^ 

_ 1 a l ons °f Standard Decrement Curves. There ' 

P6rmitS t0 *>» T side 
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are certain limitations in, the application of standard 
decrement curves that should be recognized. The 
' decrement curves with the supplementary methods will 
give safe values for circuit breaker application, except 
possibly in unusual cases, However, for relay applica¬ 
tion, it is frequently insufficient to know that the current . 
does not exceed a particular maximum value but instead * 
it is important to know the minimum current v&lues 
under given fault conditions. In deriving the curves, it 
was assumed that the system could be replaced by a 
single equivalent generator. If the initial currents sup¬ 
plied to the fault by the several machines are not in 
proportion to their ratings, then the division of the sus¬ 
tained currents will not be proportional to the initial 
current division. Furthermore, the total current will 
actually be considerably smaller, for example, if a large 
part of the initial short-circuit current is supplied by a 
machine whose rating is a small fraction of the total 
kva. the curve may give a sustained value that is more 
than 100 per cent too high. It has also been assumed 
that the system is fully loaded, so that, if the decrement 
curves are used in the case of a system which is only 
partially loaded, it is evident that the sustained current 
will be less than the values given by the curves. It hasf 
further been assumed that all of the generated e.mi.’s 
are in phase. Departures under operating conditions 
from this assumption result in smaller values of current. 

When voltage regulators are used there will be a 
tendency to increase the current over that given by the 
decrement curves. For the first 0.2 second the fault 
current will ordinarily be unaffected but the sustained 
current may be increased in proportion to the ratio of 
the maximum exciter voltage to the nominal exciter 
voltage corresponding to rated voltage and kva. at 80 
per cent power factor. For ordinary excitation sys¬ 
tems, i. e., where quick response systems are not used, 
the sustained currents may be increased as much as 50 
per cent by the action of the voltage regulators. 

In general, for systems whose characteristics differ 
radically from the assumptions upon which the curves 
are based, it may be necessary to use the more accurate 
methods of calculation such as described by W. C. 
Hahn, and C. F. Wagner and S. H. Wright. 2 ’ 3 
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' Appendix I 

Derivation of Curves 

* * 

In deriving one set of decrement curves to represent 
the decrement of a large number of different systems, it 
it necessary to-assume a typical system as a basis for the 
curves. The typical system assumed is shown in Fig. 6. 
The value of the load impedance is that which corre¬ 
sponds to full load at 80 per cent "power factor on the 
system. 

The initial r.m.s. value of short-circuit current is 
usually calculated for a system assuming that the sys¬ 
tem is operating at no-load and that the terminal volt¬ 
age of each machine on the system is unity. However, 
the decrement curves apply to a fully loaded system. 
Thus the decrement curves must include the effect of 
system load though based on a reactance corresponding 
to the no-load condition. In order to properly include 
the effect of load in the decrement curves the amount of 
internal and external reactance in the system must be 
known. Neglecting the load impedance the system re¬ 
actances i is . 

Xi = x d " + Xb W 

For the previously published decrement curves 1 it was 
assumed that all of the reactance was in the generator 
for values of *i less than 15 per cent. For values of *i 
greater than 15 per cent, 15 per cent was assumed to be 
in the generator and the rest to be external. us as 
sumption was intended to represent the average sys em 
condition and is believed by the authors to be as accu¬ 
rate an assumption as can be made. The same assump 
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tion is, therefore, made for the present decrement 
curves. 

The initial r.m.s. a-c. component *of short-circuit 
current may most easily be calculated by employing the 
superposition theorem. This theorem applies to a net¬ 
work composed of impedances which are independent of 
the voltage across them and the current through them. * 
it states that the sum of the currents at any point in the 
network due to two or more sets of terminal conditions 
app ied one at a time, is equal to the current at that 
point with all the terminal conditions applied together, 
in the present case, the curves are calculated for a three- 
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subtransient current in tie fault 


Synchronous 

generator 


Xb"external 
reactance 


[ Xf = load 
[ reactance 


v 

Xd = Subtransient reactance 
x d* * Transient reactance 
Xd = Synchronous reactance 
^"do~ Open circuit time constant 

Fig. 6—Typical System 


phase symmetrical short circuit. By proper conversion 
factors, (given in the body of the .paper, Figs. 1 and 2) 
. the hne-to-line and line-to-ground short-circuit currents 
may be obtained from the three-phase short-circuit 
curves. The symmetrical three-phase short circuit is 
assumed to take place on an unloaded feeder which is 
at normal voltage. In order to satisfy .this condition 
before short circuit and to supply the load on the bus to 
which the feeder is connected, normal voltage must be 
applied m series with the short circuit and sufficient 
voltage applied behind the reactance of the generator to 
produce normal voltage at the feeder bus. The current 
which flows under this condition is the load current, no 
current being in the feeder to be faulted. 

All these voltages are now removed and a voltage 
equal to normal but opposite in direction is applied at 
the point of fault to determine the short-circuit current 
flowing m each branch of the network. The sum of the 
short-circuit current and the load current in each 

rKw 1S !i ?- t0tal CU1Tent in ' that branch under short- 
circuit conditions. 

, Jjj derivation of the ^es only the current in the 

the snJtf 1S / eQ 6d - SinCe this feeder is ^aded 
the subtransient current under short circuit has no-load 

The P i° n T • and / an be calculated in the following way 
The load impedance is combined in parallel with the 

generator subtransient reactance and added to the ex- 
terna 1 reactance to the pomt of fault. The reciprocal of 

uffitvWnT 1S r th f CUITent desired since no ™al 

mine* ti if f 18 a ? pIied &t the point of fault to deter¬ 
mine the short-circuit current. 


x d * + x f 

• The transient a-c. component may be calculated in 
the same manner by replacing x d " by x/. 

Let i' = transient current in the fault 

then ^ 

If+IIlIZjEN (3) 

Xd' + x f 

The load impedance, x f , should include both resis¬ 
tance and reactaace to represent the load, but in the 
present case, the inclusion of the resistance affects the 
result less than 1 per cent, so that x, is taken as a pure 
reactance of 1.66 representing the reactance part of an 
0.80 power factor load. For the 8, 10, 12 and 15 per 
cent curves x b = 0. For the rest of the curves, a* 
- aq - 15.0 m per cent. Values of i" calculated from 
equations (2) and (3) are given in Table III. Values of 
x/ corresponding to assumed values of x/ are calcu¬ 
lated from the relation. 

x d = 1.4 x d " 4- 2.0 in per cent ( 4 ) 

which is based upon a large amount of data on turbine 
generators and salient pole synchronous machines with 
amortisseurs. 



0 0.2 0.4 0.6 0.8 1.0 1.2 2.4 1.6 1.8 2.0 2.2 2.4 2.6 2.8 
Per unit field voltage 

Fig. 7—Saturation Curve 

The sustained currents (*) are calculated from the 
JPotier diagram, correcting for saturation by adding the 
difference in excitation taken from the actual no-load 
saturation curve and that taken from the air-gap 
me to the excitation obtained neglecting saturation, 
lhe saturation curve used is given in Fig. 7. The 
value of Potier reactance was taken as 1.3 times the 
subtransient reactance of the machine, as representing 
an average condition. The load resistance was included 
m calculating the excitation as it has an appreciable 
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effect. These values of (i) are also given in Table III. 

'‘the short-circuit time constant of a machine without 
saturation is given byTark and Robertson as: 


In the present case, the external reactance x, is to be 
taken as x d in parallel with x f . # 

Oscillograms of short circuits on actual machines 
show little departure from a true exponential after the 
effects of amortisseurs and the d-c. component have 
died away. Therefore, the effects of saturation, if any, 
are included in the subtransient effect. Inasmuch as the 
transient reactance is found by extrapolation, back to 
zero time, from the latter part of the cffrve, no correction 
for saturation need, be made on the above time constant. 

The open-circuit time constant Tdo is assumed as 


r.m.s. a-c. partus the r.m.s. total current, values of which 
are given in Tabje IV. It will be noticed that instead of 
values for zero time, values at t = 0.0083 second are 
given, corresponding approximately to the current at 
the end of 34 cycle, inasmuch as the vatye at zero time 
has no practical significance. 

Error Caused by Assumption of Equivalent 
System 

In some cases, the decrement is wanted for a short 
circuit on a bus to which generators as well as a tie line 
from a large system are connected. In most cases, the 
current from the generators can be separated from the 
current from the large system and the decrement curves 
■ applied separately. This gives fairly accurate results. 
In case a reactance is between the bus and the short cir¬ 
cuit, separation of the currents may be difficult. An 


x 8 in per cent.. 
xb in per cent. 
xd" in per cent 
a:/ in per cent 


TABLE III 


. . .15 

... 20 - 

30 

_40 - 

.50 - 

.75 . 

0 

... 5 - 

.15 

.... 25 .... 

.35 

.60 . 

15 

... 15 - 

15 

_15 - 

.15 ... 

.15 . 

23.0 . 

...23.0 - 

.23.0 . 

_23.0 . . . . 

.23.0 ..- 

.23.0 . 

7.3 . 

_5.3 - 

. 3.5 . 

_ 2.6 _ 

. 2.0 ... 

. 1.35. 

... A 5.0 . 

_4.0 _ 

. 2.84. 

_ 2.20_ 

. 1.81... 

. 1.24. 

t 1.97. 

1.85.... 

. 1.61. 

_ 1.44_ 

. 1.29... 

. 1.01. 

2 . l.#0. 

. . .. 1.16. . . . 

. 1.43. 

_ 1.64.... 

. 1.80_ 

. 2.11. 


TABLE IV 



8 

10 ...... 

.12 

.15 

in pel cent/ .... 
time in seconds 
0.0833. 

.21.4 .. 

_17.3 . 

.14.5 .. 

.11.9 . 

0 05 . 

.16.6 .. 

_13.3 . 

. 11.2 .. 

. 9.37. 

0.10 . 

.12.3 .. 

_ 10.2 . 

.. 8 . 66 .. 

. ... 7.20 . 

0.20 . 

. 8.03.. 

_6.94. 

. 6.07.. 

5.19. 

0.40 . 

. 5.18.. 

.... 4.83. 

. 4.44.. 

. 4.02. 

0 70 . 

. 3.73.. 

_ 3.72. 

. 3.60.. 

.. 3.44. 

1 00 . . . 

. 2.97.. 

_ 3.09. 

. 3.08.. 

... 3.06. 

15 • 

. 2.32.. 

_ 2.48. 

. 2.54.. 

.... 2.63. 

2 0 . 

. 2.06.. 

_ 2.18. 

. 2.26.. 

. 2.37. 

2 5 . 

. 1.94.. 

_ 2.05. 

, . 2 . 10 .. 

... 2.20 

3.0 . 

. 1.90.. 

. 1.97. 

. 2 . 02 .. 

. 2.11 


five seconds. The formula for the curve connecting 
transient and sustained current is then 

(*rf + x e) t 

i t = i + (i' - i) e w + * e) 50 <V> 

The time constant assumed for the subtransient com¬ 
ponent of current for all the curves, 0.05 second, is an 
average value corresponding to TJ - 5 sec. lne 
formula for the subtransient component of current is 

The sum of the subtransient component (7) and the 
current from equation (6) is the r.m.s. a-c. componen 

(symmetrical part). . ... 

The curves are plotted for the maximum possible 
offset or d-c. component. The representative time con¬ 
stant assumed for this component is 0.15 sec. 1 ben tne 
d-c. component at any time is 

- VUi'*" 1 ™ . (8) . 

The square root of the sum of the squares of this and the 


approximate method which may be used is to apply the 
decrement curves to the generator and tie line currents 
separately as before and add them. This results mdess 
error than applying the decrement curves to th! total 
short circuit, but may still be considerably m error- It 
is relatively difficult to predict the actual error m a lar^e 
number of cases, such as, the division of short circuit bj 
tween several machines not on the same bus. Better 
approximation in cases of this kind will be given m othe 

papers. 2 ’ 3 

* Assumed Distribution of Load 

The decrement curves are based upon . the ^^ 
of a short circuit occurring upon an unloadedfeeder_ as 
shown in Fig. 6. That this assumption is not produc 
of a large error is evident from the following. 

Since zero external reactance is assumed fo 
four curves, for these curves the division of the wab be¬ 
tween the faulted feeder and the other line feed®*‘ 1 “ 

material, as the fault is i n egfAFoS!e 
with all the load connected directly to this b 
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c y rves > the assumed external reactance is 

tion oTthe to? a n° S H CaSeS S ° that ° nIy * a sma11 P ro P or - 
cnTnt J Z - l0ad Can be ^rried Through it on ac¬ 
count of regulation. More exact methods are givenTn 

her P a Pers--Mor cases in which it is believed that the 
:«; ad P0Siti ° n ShOUld be taken into -count more 

Alternate Forms of Decrement Curves 

, n decrement curves are replotted with svs- 

■ te reactance as abscissas, number of times full load 
r * ordi " ate - “ d time in seconds as tte pL^- 
a fcilrJ" “II „“ S ' t , he choi “ time is somewhat 
twT? 7 , 6 , the SyStem reactanc e is calculated so 
that this form of presentation may be more convenient 
Theformulas for using the curves are the same as in 

Appendix II 
Sample Problems 

The following numerical example is given to illustrate 

^ed ISTt ho h the decremmt are lit 

*2 rZ ltbe assumed that the following data have 
been obtained either analytically or by use of a calcu- 
a tmg board and that the system voltage is 66 kv. ' 
kva he t0ta connect ed synchronous capacity is 5,50*0 

t 

The initial r.m.s. alternating component three-phase 
short-circuit current is found to be 480 amps, or 55,000 

Initial r.m s. alternating component of line-to-ground 
short circuit 570 amperes or 65,000 kva.* 

The system reactance is then , r 

* 5,500 ' 

X 100 = 10 per cent i 


For this value of time a v^lue of 4.8 femes normal is 
read from the curve, and the three-phase short-circuit 
Kva. at 0.3 second becomes 

4.3 x 5,500^= 23,600 kva. r 

For a line-to-line short circuit the reactance to be 

: if? 71? S® CUrV6S is twice the system reactance used 
to nnd the three-phase short-circuit kva. It is 

10 fter cent X 2 = 20 per cent 
_ This reactance at 0.5 see. on the curve of Fig. 2 gives 
o ; 3 times normal, which when multiplied by V 3 is 5 72 
times normal. The magnitude of the line-to-line short 
circuit at 0.3 second is then 

5.72 x 5,500 = 31,500 kva. 

. Th f ]l —' t0 'f ^ud short-circuit reactance is found 
from the formula on the curve sheet as 

3 X 65,000 

55,000 X 10 = 35.5 per cent 

The line-to-ground short-circuit kva. is found bv 
interpolation for 0.5 sec. to be 2.2 times normal which 
multiplied by 3 gives 6.6 times normal as the line-to- 
^ground short-circuit kva. at 0.3 sec., i. e., 

6.6 X 5,500 = 36,300 kva. 

Since this fault occurred on a 66-kv. line the line-to- 
line ground short-circuit current at 0.3 see. is 

36,300 

66 X V3~ = 317 amperes 


55,000* A uu = 1U P er cent 

The three-phase short-circuit current at 0.3 sec is 
desired. 

Referring to Fig. 2 and following along the 10 per cent 
reactance curve to 0.3 second time it is found that at 
his time the short-circuit current or kva. is 5.6 times 
normal. Thus the short-circuit kva. at 0.3 sec. is 
5.6 X 5,500 = 30,800 kva. 

Since the short circuit occurred on a 66-kv. line the 
corresponding short-circuit current is 

30,800 

66 X VS = 269 amperes 

If the' equivalent open-circuit time constant of the 
system is 3.0 seconds instead of 5.0 seconds, then the 
time to be used with the curves corresponding to 0.3 
second is m accordance with the formula given on the 
curve sheet. 


0.3 X 


0.5 sec. 


kva " for a line - to -ground fault is equal to 
V 3 times the product of fault current and system voltage. 


As a second illustration, a system having only water- 
w ee generators without amortisseur windings will be 

itvof 8 r 000 l m haS a t0taI s^ronous capac- 

7 ?• u 5 <Va -’ a transient reactance of 38 per cent 

cL W stont ofT ^ 6Xt r al and “ 0 P e ™uit time 

current I n i JZ *' The three -Phase short-circuit 
current at 0.1 and 2.0 sec. is desired. 

n J he carVes of Fig ‘ 2 give the decrement after 0.2 sec- 
d quite accurately if the proper transient reactance is 
used to select the curve. Referring to Fig. 3 the sub- 
transmut reactance corresponding to a machine tran¬ 
sient reactance of 23 per cent is 15 per cent. The system 
equivalent sub transient reactance is 

15 per cent + 15 per cent = 30 per cent 

va uf 9 he n 30 P6r C Z CUrVG ° f Fig - 2 ' the tim£s normal 
value at 2 0 sec. is found to be 1.9. Thus the three- 
phase short circuit is 

1.9 X 8,000 = 15,200 kva. 

. By refemng to T able I it is found that the subtran¬ 
sient reactance of a waterwheel generator without an 
amortisseur is about 85 per cent of its transient reac¬ 
tance. So this equivalent waterwheel generator machine 
has a subtransient reactance of 

23 X 0.85 = 19.6 per cent 
ddmg to this the external reactance the system sub¬ 
transient reactance which determines the initial short- r 

circuit current is obtained. 

19.6 + 15 = 34.6 per cent 


I 
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By interpolation between the curves of Fig. 2, the 
initial three-phase short circuit is found to be 4.8 times 
normal. From the curve sketched in connecting this 
value to the. 30 per cent curve at 0,2 sec. it is found that 
the three-phase short-circuit kva. at 0.1 sec. is 3.7 times 
normal. It is 

3.7 X 8,000 = 29,600 kva. 

The short-circuit currents may be „found as in the 
preceding problem. 

Nomenclature 

x d = direct axis synchronous reactance (unsatu¬ 
rated) 

x A " = direct axis sub transient reactance (saturated) 
x d ' = direct axis transient reactance (saturated) 
x 2 = negative sequence reactance 

x 0 = zero sequence reactance (saturated) 

T d0 ’ = open-circuit time constant (unsaturated) 


Rased upon the method of derivation given in Appendix I of 
the paper, three families of curves were developed. One family 
of curves, Fig. 1, shows the per cent initial cum in for a sp< citie 
system based upon the initial current of t he eorrespi Hiding gem ra| 
decrement curve system. The variation in this initial current de¬ 
pends upon the relative magnitudes of the subtrgnsiexxt reactance 
of the equivalent generator and external reactance which make 
up the system subtransient reactance. This family or curves is 
used to determine the departure in the initial current. 

Figs. 2 and 3 are of somewhat different character. They show 
values of transient and synchronous reactance respectively eor- 


- Full lines r&fcr to ad 
' Dotted line is X-j 1 -!.. 
■ and is qivon for ret 


Discussion 

R. G. Lorraines The standard decrement curves presented by 
Messrs. Hahn and Wagner are based upon tire reduction of the 
actual system subjected to fault to a system consisting of a single, 
equivalent generator and an external re act mice. Relations aie 



ip 

Xd in 


20 

per cent 


Xjj in percent 



in percent 


lent generator must have in order to have approximately the 
same transient and sustained components of short-cvcuit cur¬ 
rent as the related standard decrement. cum. An exammat on 
of these curves shows that there is a large number o t^tem 
conditions in addition to those assumed which will produce the 
same transient and sustained short-circuit current as the standard 

^AnTxamplewill show how these curves may be used. Assume 
that the system under consideration has a reactance to the tault 


subtransient reactance, which the equiva- 


assnmed between the reactances of this eq.'uiva en sys e 
that, when the total reactance of the system o e P 01 ^- , 

is known, all of the reactances necessary to e ermme ^ 

ment curve are specified. In any system to "W tc e 
curves are applied, the relations between e re ^f d ^ 

probably not be those which were assume or 
decrement curves. Therefore, it seemed desira e 
the effect of changing these relations. 
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transient^'reaetariee'of ^ equivalent 2 en ' erator has a sub- 

per cent, and a « , 10 per cent ’ a tra &sient reactance of 20 

an external reactaLeTTo'pefeTnt ° The stLIa d 

curve for 90 ^ cent, IJie standard decrement 

5.3 ££ foZrnZZTS 0 ! r s v r tial <“ of 

per cent of this " g to Flg * 1 the imtial current is 96.5 

is found to h^ 17 ? he curve 0f Pig - 2 the trans ieat reactance 
As 20 per cent is th*" t °/ it tbe standard decrement curve. - 

reactance is 10 per cent "the^r ^ Syst6m ’ and the exte rnal 
decrement ei™ a ,J ’ u transient component of the standard 
syncSous r? a ?f ab ° Ut 7 P er ceat tod high. From the 

cent to fit thf ^ T 6 f U / V6 ° f Fig - 3 ’ is found t0 be 91 per 
nt the standard decrement curves. Therefore fhp cm* 

amed current read from the decrement curve is about 8 per cent 


too high. Now, it has been fo tf nd that the decrement curve 
-leading for the specific system chosen is 3.5 per cent high initially 
about 7 per cent high at 0.3 seconds and 8 per cent high at the 
sustained value. Therefore, the currents may be reduced by 
these percentages to givoa mo^e exact result. * 

A further inspection of the curves will show that while the 
general decrement curves are developed for a specific system 
based upon assumed relations between the various reactances 
there are many other sets of relations between reactances which 
will satisfy the standard decrement curves exactly throughout 
part of their length and with reasonable accuracy throughout the 
remainder. Thus more confidence can be placed in the curves 
than one would suppose from an inspection of the assumptions 
made in their derivation. 
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Generalized Stability Solution for Metropolitan 

Type Systems, 

BY S. B. G-RISCOM*, W. A. LEWIS* and W. R. ELLIS+ 

Member, A.I.E.E. * Associate, A.I.E.E. Associate, A.I.E.E. 

Synopsis . —This paper presents general stability curves by 'tern and fault. These indexes may be found from a short-circuit study 
means of which the transient stability during faults may be deter- of the particular fault made on a d-c. calculating board or its equira- 
minedfor any metropolitan type system. The results are obtained as lent. For a given fault only three readings are required to obtain the 
the permissible fault duration in terms of certain indexes of the sys - result. 


Introduction 

T HERE has been a feeling on the part of a number of 
engineers that there is no stability problem con¬ 
nected with the metropolitan t$pe of power sys¬ 
tem. This feeling is not unwarranted because of the 
excellent operating record of metropolitan type systems. 

The fact that the stability of the systems has not been 
a problem, however, does not necessarily mean that the 
study of stability would not be profitable. It is possible, 
for example, that these systems have been laid out very 
liberally because the factors affecting stability have not 
been very well known and the design is such that either,^ 
(1) greater stability than necessary has been obtained, or 
(2) the same degree of stability might have been secured 
in a more economical manner. In other words, it is not 
necessary for actual instability to occur to warrant a 
study of stability factors in metropolitan system design. 

Other aspects of system operation, such as reliability 
of sources, flexibility of operation and reduction of short- 
circuit kva. sometimes suggest layouts differing from 
those at present in use, and it is desirable to be able to 
evaluate whether the desired changes will result in an 
increased or decreased stability, and whether the value 
obtained is within satisfactory limits. 

Because of the foregoing, it is felt that in spite of the 
excellent operating record of metropolitan power sys¬ 
tems from the stability point of view, there is neverthe¬ 
less a real need for stability studies on such systems. 
However, if such studies are to find general application, 
it is necessary that very much simplified methods and 
short cuts be available. Fortunately, systems of the 
metropolitan type have many points of similarity so 
that generalized curves may be drawn using the princi¬ 
pal characteristics as indexes. It is the object of this 
paper to present such curves and explain their applica¬ 
tion to any metropolitan type system. 

Static and Transient Stability 
Investigation of many cases of so-called static in¬ 
stability has led the authors to the conclusion that 
static instability is never experienced in the normal opera- 

*Central Station Engineer, W. E. & M. Co., E. Pittsburgh, Pa. 
■^Transmission Engineer, W. E. & M. Co., E. Pittsburgh, Pa. 
Presented at the Winter Convention of the A.I.E.E., New York, 
’ N.Y., January 85-29, 1982. 


tion of metropolitan type systems. In all cases in which 
.sufficient information on the actual happenings was ob¬ 
tained it was found that some operating error or appa¬ 
ratus failure had caused a total or partial loss of excita¬ 
tion, excessive load or other abnormal condition, which 
were the actual causes of instability. Obviously such 
examples cannot be considered as instances ol static 
instability. Analytical studies by the authors and 
others of static instability on metropolitan type systems 
have indicated that this is so far from a possibility that 
it may be omitted from consideration on all systems 
coming under this classification. Accordingly, the 
preseat paper is devoted entirely to transient stability, 
that is, action during faults. 

The Metropolitan Type System 
In this discussion a metropolitan type system is con¬ 
sidered to be one" in which the principal power sources 
are steam turbfine-driven generators, located relath elj. 
close to their load centers, with distribution provided by 
a large number of moderate voltage circuits. Ihe 
power supply to most metropolitan districts is of this 
character, but ’several- large districts receive a major 
part of their power from distant hydroelectric sources 
which are Quite different in character, and for these, 
individual studies are required. In some cases, short 
cut methods may be used for these studies also.* How¬ 
ever, if the hydroelectric generating capacity is one- 
fourth or less of .the total, the stability of the other 
generating sources for faults in their localities may stilt 
be analyzed by the methods presented without Serious 

^Metropolitan type systems, as above denned, are 
similar in essential characteristics making generalized 
studies practicable. The principal features of similarity 

are as follows^ai ^ ^ loadings the internal voltages 
of all generators on the system are practically m phase. 

2. Because of the multiplicity of circuits the reac¬ 
tance of the connecting ties holding a generator or group 
^generators in step with the system does not change 

appreciably when the fault is cleared. 

3. With steam turbine-driven generators and short 

* * j* fha generator characteristics* 

transmission distances, tne genex^tui 


1. For references see Bibliography * 
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no longer being affected by the speed ox prime mover 
lme charging current requirements, etc., tend to be¬ 
come fairly uniform in their essentia! points, such as 
reactances, inertia and short circuit ratio. 

r |¥ s similarity makes it possible to calculate the 
stability of a number of hypothetical system layouts, 
plot the results of these calculations in the form of 
curves using the few remaining variable quantities as 
indexes and apply them to specific layouts by determin- 
mg the'values of these quantities for the specific case. 

v ith a given system layout and considering stability 
under fault conditions, the measure of the stability is 
the permissible duration of the fault. Therefore, the 
curves m this paper are arranged to give as the result the 
permissible fault duration in seconds. Under the as¬ 
sumed conditions the most important factors affecting 
permissible fault duration are the initial generator out¬ 
put, synchronizing power and severity of fault These 
factors may be expressed in a number of ways and in the 
curves described in the next section, the authors have 
chosen the method which appears to be the most useful. 

General Stability Curves for Metropolitan Type 
Systems 

Metropolitan type systems are usually laid out so that ' 
the generating units are not connected directly together 
at their terminals. The generating units may be indi¬ 
vidual generators, groups of directly paralleled genera¬ 
tors m the same station, or the entire station, if all units 
. are tied solidly in parallel. In what fellows, the term 

above rat ° r ^ refer to a S enera ting unit as indicated 

Since a fault which affects all generators equally has ■ 
ittip tendency to make them lose synchronism, the most ] 
severe fault from the stability standpoint is one which 
is electiically close to one of the generators. The sta- 
11 y problem is then one of holding this generator in 
synchronism with the remainder. The synchronizing 1 
power between this “faulted generator 1 ' and the remain- r 
mg generators depends upon the connecting reactance 
between this generator and the others in parallel. This t: 
overa • reactance includes the reactance of the system v 
5^ f. the ^nsient reactance of all machines and e: 
^11 be designated by Z. The measure of the severity ? 
of the fault used by the authors is the fault current flow- fi 
mg from the faulted generator, expressed in number of 
times rated current modified’if necessary by a factor to 
take account of fault location. Since the margin of v, 
stability's reduced with increased initial load, the curves ‘ 
are given for full load on all machines before the fault a 

o^Z S ’J n i at6r i a fa 1° r WiU be intro duced to take ac- f a 
count of other values of initial load. la 

The fundamental premise underlying the use of the th 
generalized curves for stability determinations is that of 
ups giving the same values of the essential indexes “£ 

The nrnhlf' PP fL X1I T teIy th ® Same degree of stability. th 
The problem then becomes one of determining the in- ge: 

dexes from the actual system setup, and then obtaining ffi 


Transactions I. E. E. 


>r, the permissible fault duration of th£ corresponding 
e- -hypothetical system setup from the general curves, 
is these indexes were chosen in such a manner that they - 

ie board 6 ° btamed from „ three reading 0 n a d-c, calculating 

V U Was necessar y m the development of the general 
) - curves that minor influences be eliminated from con- 
■s sideration even though some sacrifice in accuracy was 
v involved Suchlnfluences include resistance in the lines 
and m the fault, and variations in load characteristics. 

7 In obtaining the indexes from the d-c. calculating board, 
only reactances are used, the results being obtained as 

- reactances or reactive components of fault current. 

' Jr 1 ? Was . tal ; en mt0 account in drawing the curves, so 

- that while the resistance effect of the loads was con- 

* Sldered m com Puting the permissible fault duration it 
Z as ^ considered in computing the indexes. Thus 
‘ me difference is common to both the actual and hypo¬ 
thetical systems and is thereby compensated. This is 
: ® gulvaIent to assuming that the load characteristics of 
the actual and hypothetical systems are the same. 

Figs. 1 and 2 show the general stability curves for 
generator short-circuit ratios of 1.0 and 0.8 respectively. 

The two values of short-circuit ratio are used because 
of the consideration which has been given this factor in 
metropolitan system design, although the curves show 
hat it has a minor effect on transient stability. Part A 
o eac figure consists of a family of curves covering the 
range of overall reactance X, plotted in terms of short 
circuit current I F0 from the faulted generator and the 
permissxble fault duration t. Part B is similar except 
that the power dropped by the faulted generator is used 
instead of I m . The latter curves, as will be shown 
later, provide a means of correction for resistance in the 
fault, and for other than rated initial load. 

lnr ^ H A f f igs - 1 and 2 applies directly to faults at 
locations electrically equivalent to the generator termi¬ 
nals, such as faults on feeders, just beyond the feeder 
breaker. To provide for faults occurring at other loca¬ 
tions, a close approximation is secured by dividing the 
alue of Jfg by a factor read from Figs, lc or 2c, before 
entering Figs. 1a or 2a. This location factor is ob¬ 
tained as a function of the ratio of I FG to I v , the total 
fault current. This ratio will be denoted by r P0 . 


Method of Application 

The application of these curves will be demonstrated 
by an example. Fig. 3 shows schematically a typical 
metropolitan type system with reactances as indicated. 
A fault at point M will be considered. A three-phase 
fault at this location isolates generator A from the re¬ 
mainder of the system for the duration of the fault, and 
this generator is therefore the one most likely to fall out 
of step first. Therefore, machine A becomes the 
aulted generator,” and all other generators including 
those m the same group with A become the “remaining 
generators.” Fig. 3 under these conditions reduces to 
ig- . This reduction may be carried out analytically 
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or by the use of the d-e. calculating boarcl. In the latter 
ease, the actual reduction to the simplified form need 
not be completed, as the necessary indexes may be ob¬ 
tained from the current readings necessary for the 
reduction. From the simplified figure, the overall reac¬ 
tance A' between the faulted generator and the remain-^ 
ing generators is equal to 27 + 15 = 42 per cent. This' 
reactance must be based on the kva. rating of the 
faulted generator in all cases, and if the reactances are 
set up* on some other base they must be converted 
to this base. To determine the total fault current I F , 
the branches on each side of the fault are paralleled 
giving (27 X 15). 42 = 9.65 per cent. The total fault 
current is therefore 1 0.0965 = 10.4 times the rating of 
generator *4. The fault current I FG supplied by the 
faulted generator is 15 42 X 10.4 = 3.7 times rated 
current. The ratio of I FG I F gives r FG as 0.357. The 
essential indexes are thus 

Overall reactance X . = 42 per cent 

Current from faulted generator I FG =3.7 X rating 
Ratio /fg /f, r FG . =0.357 


generator.. For this case thg value is found to be 2.38. 
* The reciprocal of this value, expressed as a per ceift, is 
X, and of course is 42 per cent as before. The remain ing 
generators are now removed fron^ the negative bus and 
connected to the positive* bus and the fault applied by 
connecting point M to the negative bus. The fault 
current and current from generator A are then read and 
converted to number of times rated current of generator 
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Fig. 4—Simplified Equivalent of Fig. 3 for Fault at M 
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Assuming that the short-circuit ratio of generator A is 
1.0, the location factor is obtained from Fig. lc enter 

’? ‘ h | *' r- - P-357 and interpolati'ng fe r 

- I- per cent, giving a value of 0.7. The adiusted 
value of is then found to he 3.7 divided by 0 7-53 

Ffe H™ - 3 d ™ ti0I1 , ma F be read from 
isfouti £&£££*>**«> ““ Z ^ “0 

bus in a similar manner p n A t th negatlve 
the proper base is now « J??? I° Itage eonv erted to 
and the cuxrent flow"! frt betweea the two buses 

converted to * f 2++ A is read and 
numoer of times rated current for this 


A. This gives the same result as was obtained from the 
simplified system of Fig. 4, that is, 10.4 and 3.7 times 
rated current respectively. 

If the fault had occurred at point N outside the feeder 
reactor on a radial feeder, instead of at point M, the 
simple equivalent system would appear as in Fig. 5. 
The reactance of the feeder reactor is assumed as 3 per 
* cent on the feeder rating, equivalent to 30 per cent on the 
rating of generator A, if the feeder rating is one-tenth 
that of the generator. If the faulted feeder had not 
been radial and had been tied into the system at the dis¬ 
tant end, the equivalent system of Fig. 5 would have 
been slightly different, although the overall reactance 
would still be 42 per cent. It will be found for this case 
that r F o remains the same since it depends only on the 
reactance branches adjacent to the generators. The 
total fault current is however greatly reduced owing to 
t e presence of the 30 per cent reactance in series with 
the fault, and becomes 2.52 times rated current of 
generator A. I FG is found to be 0.9 times rated current, 
and when adjusted for location becomes 1.29 When 
these indexes are referred to Fig. 1a it is found that the 
point is beyond the range of the curves and the permis¬ 
sible fault duration is over two seconds. Two seconds 
is about the upper limit of relaying time for most sys- 
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should bs compared witb that for generator A con- F 
sidered as the faulted generator, and the shorter of the’ fj 
two values of permissible fault duration should be taken n 
as the result;: » d 

One more variation will be considered, that of a three- 1< 
phase fault on the leads of the transformer A at point P f< 
close to its bus. In this case generator A must ob- ’r 
viously be disconnected from the system in order to a 
clear the fault and the point of interest is how long this t 
fault may persist without causing generators B, C, and c 
D, to lose synchronism with the remainder of the sys- e 
tem. Generator A is isolated from the system by the e 
fault while the fault persists, and is isolated by its cir- s 
cuit breaker when the fault is cleared. Therefore, only ; 
machines B, C, and D, are considered as the faulted < 
generator, and generator A is entirely eliminated from j 
the calculations. The equivalent simplified system for , 
this case is shown by Fig. 6, the reactances now being ■, 
expressed in per cent on the combined kva. rating of 
generators B, C, and D. From this point the calcula¬ 
tions proceed in the same manner as for the previous 
examples, leading to X = 94.1, r F o = 0.632 and the ad¬ 
justed value of Ifg = 1-80. This gives 0.53 seconds as^ 
the permissible fault duration. _ _ 

If the fault had occurred on the bus the conditions 
during the fault would have been the same, but after the 
fault the tie between the synchronizing bus through the 
bus of generator A to the point Q is interrupted. This 
violates the fundamental assumption that the reactance 
after the fault is essentially the same as before the fault, 
so that the curves cannot be applied with the same de¬ 
gree of accuracy. 

Unbalanced Faults 

The preceding analysis applies directly to three-phase 
faults. In many cases, however, investigations of un¬ 
balanced faults are of interest. The method of sym¬ 
metrical components 2 shows that from the stabili y 
standpoint, an unbalanced fault may be represented by 
an equivalent impedance in series with the fault, the 
value of this impedance being a function of the negative 
and zero sequence impedances of the , system viewed 
from the point of fault. These impedances may be 
found by reducing the negative and zero sequence ne - 
work either analytically or on a calculating board. 

Correction Factors 

The following influences were not considered m set¬ 
ting up the curves of Figs. 1 and 2: , f ,. 

1. Resistance in the connecting lines andm the fa . 

2. Values of initial generator load other than normal 

rating. 

3. Voltage regulators. 

4. Systems not capable of reasonably accurate rep 
sentation by two composite generators. 

, The correction to take these effects into accou 

cases shows that the permissible fau ura f ac t ors 

great or greater than would be indicate i 

ter* neglected. It is therefore felt that the curves of 


A 

Figs. 1 and 2 can be used directly without any correction 
factor for most work. This view is held because, for 
most purposes, the limiting cases must form the basis of 
design. A fault of zero resistance, and operation at full 
load gives the greatest generator acceleration, and there¬ 
fore lower indicated stability. Where systems do not 
reduce to two composite generators, the stability will be 
as high or higher than when they do. Voltage regula¬ 
tors, of course, increase the stability. Therefor^, if the 
curves are used directly, without correction factors, the 
error will be on the safe side. It is appreciated, how¬ 
ever, that in some cases, the effect of these variations on 
stability is of interest in system planning and operations, 
and approximate corrections have been set up to take 
care of these cases. Each of these variations has been 
investigated analytically, and in some cases, extensive 
calculations were necessary to determine their effect on 
stability. However, since it was considered most im¬ 
portant that the correction factors be easily applied, 
some liberty in accuracy was taken in formulating a 
method of applying the corrections. It should be under¬ 
stood therefore that the correction factors now to be 
described differ somewhat from the theoretically correct 
1 values. They are arranged approximately in the order 
of’ their importance. Correction factors affecting the 
value of Ifg, if used, should of course be applied first. 

1. Effect of Resistance. Resistances of the ordinary 
range have a minor effect on stability, with the excep¬ 
tion of resistance in* the fault circuit, that is, those 
branches carrying the greatest proportion* of fault cur¬ 
rent. Due to the large currents in the fault circuit, a 
relatively small amount of resistance will result m a 
considerable pcwer loss. This power loss compensates 
in a large measure the drop in load on the faulte genera 
tor due to drop in voltage, so that the tendency to pull 
out of step is minimized. Both parts A and B of Figs, 
and 2 are plotted for faults at the generator terminals. 
Application of the location factor from part C converts 
a fault at any other location to its equivalent fault at 

; the generator terminals. For each point m part A there 

: L a corresponding point in part B from which may be 
found the amount of power which would hat e to be 
; dropped by the faulted generator for the equivalent 
fault at its terminals. If the amount ° f p ® w ® r 
is reduced by the presence of resistance m t ^ 

fault the effect would be nearly the same regardless 
fault location Hence the result may be found bv re- 
" Sto equivalent amount of power droppsl bythe 
. thA resistance losses taken b> the xaultea 

i “r^aX“ g theco^tedva,ue^fau.t6u S - 

tion from the proper reactance cun e 0 at ^ w j t k 

example previously considered „„ seconds 

T Aq ondX = 42, a clearing time of 0.39 seconas 

" teimficatecfby part A. Thesa** faring —the 

S SSt^^o^huve^ 

3 ~l--drawnb^ 
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plotting this power as per cent of the generator kilowatt 
rating, which is 85 per cent of the kya. rating. Now 
suppose that generator A and its transformer have a 
total, resistance of 1.5 per cent on their rating. With 
3.7 times full load fault current flowing, the PR loss in 
the generator and transformer is 3.7 2 x 1.5 per cent or 
20.5 per cent of the generator kva. rating, or 20.5 per 
cent divided by 0.85 = 24 per cent of its kilowatt rating. 
Then, instead of the 100 per cent load dropped if the 
generator and transformer had zero resistance, the 
equivalent load dropped is 100 per cent minus 24 per 
cent or 76 per cent. The permissible fault duration, 
considering the effect of resistance, is then found from 
part B for Z = 42 per cent, and power = 76 per cent, 
and indicates a permissible fault duration of 0.6 seconds. 

In the example given above, the resistance in only the 
generator branch of the equivalent circuit was con¬ 
sidered. The power loss was then easily determined, 
and was all supplied by the faulted generator. If the 
fault is located at some point on the system where there 
are a number of paths in multiple for the flow of fault 
current, the power loss may be determined by adding 
the P-R loss in the various branches between the fault 
and the generator. The currents in the branches may 



p 


Fig. 6—Simplified Equivalent of Fig. 3 for Fault at P 

be Obtained by measurement of current in correspond¬ 
ing branches of the'd-c. calculating board. They may 
then be squared and multiplied by the per cent resistance 
of the branches, and summed up to get the total power 
loss due to the fault. 

If resistance in the fault itself is to be considered, the 
power loss in the fault must be apportioned between the 
faulted* generator and the remaining generators. An 
approximate method of doing this is to multiply the 
total loss i® the fault by the ratio r FG , and add this value 
to the loss in the generator-branch of the fault circuit, if 
this is considered. As an example, for a fault at ’m 
assume >2 per cent resistance in the arc of the fault, in 
addition to the resistance of the generator and trans¬ 
former. # With 10.4 times normal current, 10.4 2 -X 0.5 or 
54 per cent of generator kva. in power is created in the 
arc. This is equivalent to 54 per cent divided by 0.85 or 
63.5 per cent of generator kilowatt rating. Multiplying 
by rpG, 63.5 per cent X 0.357 = 22.5 per cent power in 
the fault, taken by the faulted generator. The power 
dropped is 100 per cent for X = 42 per cent and t = 0.39 
seconds and when 24 per cent due to generator and trans¬ 
former resistance and 22.5 per cent due to fault resis¬ 
tance are subtracted, 53.5 per cent remains as the equiv¬ 
alent power dropped. This value of power dropped is 


seen from Fig. 1 b to give a permissible cleariicg time in 
'excess of two seconds. * 

2. Initial Generator Load. For values of initial 
generator load other ..thanlOO pei» cent of kilowatt rat¬ 
ing, first find the value of kilowatts dropped, corre¬ 
sponding to X and t for rated initial load. Multiply this 
by the ratio of initial load to full load, and read the cor¬ 
rected clearing time from part B, for the curve corre¬ 
sponding to Z. ' Example: with Z = 42 per cent, t = 
0.39 seconds, 100 per cent kilowatts is dropped; if the 
initial load had been 75 per cent instead of 100 per cent, 
the approximate fault duration may be read as t = 0.61 
for kilowatts dropped = 100 per cent X 0.75 = 75 per 
cent and Z = 42 per cent. 

3. Voltage Regulators and Quick Response Excitation. 
Voltage regulators with a moderate rate of excitation 
response will give a certain amount of improvement in 
stability over the values given by Figs. 1 and 2. The 
precise amount is difficult to determine, but from calcu¬ 
lations made, assuming a rate of response sufficient to 
maintain constant flux in the generator field, a reason¬ 
able idea of possible improvement may be obtained. 
^The results of these calculations when compared with 
the standard curves without voltage regulators show 
that, oyer most of the range, the improvement can be 
approximated by multiplying the value of I FG by 0.85 
before entering the curves of Figs. 1a and 2a. 

4. Different Types of Systems. The curves of Figs. 1 
and 2 are theoretically applicable only to systems essen¬ 
tially connected in star form, typified by the synchro¬ 
nized at the load method of connection. This is be¬ 
cause, as will be discussed later, the simplified systems 
which were analyzed were of the star form. However, 
analyses were also made of the ring connection, which 
represents the maximum possible deviation from the 
star connection, and the results of these analyses did 
not differ very greatly from those of the corresponding 
star systems. Hence, although certain variations will 
occur in special cases, no correction factor to take ac¬ 
count of system connection is required for most work. 

Part II 

Methods of Calculation 
In previous sections of this paper the general stability 
curves for metropolitan type systems were presented 
and the method of their use explained. The method of 
their derivation will undoubtedly be of interest to many 
engineers and the following discussion gives the essen¬ 
tial features. 

In recent years the concentration of large amounts of 
generating capacity on a single bus required by the 
larger metropolitan loads produced excessive amounts of 
short circuit capacity and greatly increased the danger 
of a system outage from the effects of a single short cir¬ 
cuit. This led many utility engineers to consider other 
arrangements of system connections which would result 
in greater reliability with reduced short circuit kva., giv¬ 
ing rise to the use of “synchronized at the load” and the 


1 


June 1932 


STABILITY PROBLEM FOR METROPOLITAN TYPE SYSTEMS 


369 


so-called “loose linked” systems, including the use of a 
synchronizing bus connected to the individual generators 
through synchronizing reactors. To determine whether 
^or not the new schemes would be stable, numerous sta¬ 
bility studies of particular systems were made. 3 ’ 4 The 
results indicated that certain factors were of prime im¬ 
portance, but others of relatively much less. The 
similarity of the results indicated that satisfactory Ac¬ 
curacy could be obtained with a great saving in labor, if 
the principal factors were included in a general study 
and the less important factors neglected. 

The tl 'synchronized at the load” scheme, if carried to 
the limit, would result in a star connection between the 
various machines of the system, as shown in Fig. 7. 
From the standpoint of a general stud^r, the star con¬ 
nection is particularly advantageous, because it is the 
easiest to use in stability calculations. Also, for the 
same overall reactance, experience and calculations indi¬ 
cated that it would be the least stable, so that any error 
introduced would be on the side of safety, as the per- 
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Fig. 7- 


—Schematic Diagram of Hypothetical System, Used 
for Calculations 


missible fault duration indicated would be less than that 
which could actually be permitted. As a result, the 
star-connected system of Fig. 7, was chosen as the type 
of system to make the subject of a general investiga¬ 
tion. Later other connections were investigated to 
determine the effect on the stability of the type of con¬ 
nection employed. 

An effort was made to choose the constants of the 
hypothetical system as near to the average of actual 
operating systems as possible. Typical machine con¬ 
stants and values of system reactance indicated by 
experience were taken. Because of the consideration 
which has been given in recent years to the subject of 
generator short-circuit ratio, two values of this constant 
'were chosen, namely, 1.0 and 0.8. The short-circuit 
ratio affects the other constants of the machines to some 
extent, and this was taken into account in choosing the 


typical values of transient reactance and machine 
->inertia. The following values were used: 

o 

Short circuit ratio.10.0.8 

Transient reactance.20 per cent.25 per cent 

Inertia.8.5 kw-sec./kva.8.25^w-sec./kva. 

• The lower value of short-circuit ratio will give a smaller 
machine, physically, which gives rise to the higher 
value of transient reactance and the lower value of 
inertia. 

For a loosely coupled system to operate economically, 
each generating unit must supply its own load and the 
transmission of power from one generating area to 
another must be reduced to a minimum. Hence, it is 
here assumed that each generator carries its own load 
and that before the occurrence of a fault there is no 
transfer of power from one generating area to another. 
Furthermore, the load on a system of this type will 
generally consist of a large number of relatively small 
loads, so that the effect of the load in supplying short- 
circuit current is reduced to a relatively low value, and 
the load may be approximately represented by means of 
shunt impedances. Therefore, for the purposes of this 
'’analysis, all the load on a generating unit was considered 
as made up of shunt impedances, consisting of resis¬ 
tance and reactance, of an amount to give full load at 
the generator terminals at an average system power 
factor of 0.85. The location of the loads depends to a 
considerable extept uppn the actual arrangement of the 
system and the distribution voltages, since a system 
distributing at generator voltage will generally have the 
load quite close to the generator, whereas a system step¬ 
ping up to considerably higher voltages will have the 
load located more distant from the generator terminals. 
Although the actual location is nof a factor of great 
importance in determining the stability, it is neverthe¬ 
less desirable to satisfy as well as possible the conditions 
of all types of systems. What the authors consider to be 
the best compromise compatible with reasonable facil¬ 
ity in calculation is to consider the load to be uniformly 
distributed along the lines connecting a generating unit 
to the others. Under the assumptions that each 
generating unit is operating at full load, 0.85 pgwer fac¬ 
tor, and that no load is being transferred from one 
generating area to another, the distributed admittance 
which will result in the required load on each generator 
may be easily determined. The method of treatment is 
quite similar to that of a line having distributed capaci¬ 
tance, so that each section of line may be represented by 
an equivalent II or an equivalent T section, or it may be 
represented by the corresponding group of general cir¬ 
cuit constants. Where the reactance between the ter¬ 
minals of the generators and the common star point is 
small, it is reasonable to distribute the load over the en¬ 
tire connecting link, but when this reactance becomes 
quite large, it does not seem reasonable to carry an ap¬ 
preciable portion of the load near the star point. Conse¬ 
quently, when the reactance between the terminals of a 
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generator and the star point exceeded 40 per cent, the 
load was distributed only over the first 40 per cent of the 
reactance from the generator terminals. 

On the actual system, faults may occur at almost any 
location. Hpwever, except at the generating station and 
at certain major substations a single short circuit will 
usually involve only one or perhaps two feeder circuits', 
because of the impedance of the feeders, faults at inter¬ 
mediate locations will be much less severe than short cir¬ 
cuits occurring at a point which affects all of the feeders 
o about the same extent. It can be shown, however, 
that a fault on any single feeder of a group of feeders 
connecting one generating unit to the remainder of the 
system is equivalent to a fault on all of the parallel 
feeders m series with an appropriate value of impedance, 
or reactance if series resistance has been neglected, as 
was done here. Thus, to take account of intermediate 
faults on single feeders, studies were made of faults at 
different locations on the lines of the hypothetical sys¬ 
tem, with a fault reactance connected between the point 
o fault and neutral. Various values of reactance were 
used, increasing from zero to an amount which would 
allow- the system to remain in synchronism if the fault 
remained on the system up to two seconds. 

With a hypothetical system set up in this manner, 
calculations were required of many different faults cor¬ 
responding to variations in three principal factors, 
namely, the overall reactance between the faulted 
generator and the remainder o£ the system, the fault 
location, and the reactance in series with the fault. 

The calculations were carried out in a conventional 
manner; making several of the simplifying assumptions 
which would usually be made in the corresponding indi¬ 
vidual study. Some of the assumptions have already 
been mentioned, but for completeness they will all be 
summarized here. 


large machine in the calculations. Thus therproblem to 
be solved reduces to the one shown in Fig. 8, comprising 
two generators connected by thp system network which"' 
consists of the line with its shwnt load and the fault,, 
reactance. 

No. 8 states that the prime mover input has been 
assumed constant. This is equivalent to stating that 
the governors do not operate to change the steam valve 
position during' the critical period of the fault. 

No. 9 states that damping factors are neglected. Such 
damping factors would include the losses produced in 
the rotor by the asymmetrical direct current com¬ 
ponent of the short-circuit current, and the damping 
effect caused by the currents induced in the wedges and 
solid iron rotor.' 

No. 10 states that the combined inertia of the system 
and the remaining generators is considered infinite. 
In general the remaining generators will total several 
times the inertia of the faulted generator. Also the 
inertia effect of the load has been neglected by assuming 
the load as a shunt admittance, and including it will still 
further increase the ratio of remaining generator effec¬ 
tive inertia to faulted generator inertia. When the 
ratio is large, the error introduced by considering it 
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Fig. S Simplified Equivalent of Fig. 8 for Fault Near 
Generator A 


1. Resistances in generators and lines neglected. 

2. Load considered as a distributed shunt admittance. 

3. Load before fault, rated load on each machine. 

4. Generator constants as tabulated above, except as given 
.in 11. 

5. Short-circuit losses in generators neglected. 

6. All^short circuits assumed to involve all three phases. 

7. Problem solved as a two-machine problem. 

8. Constant prime mover input assumed. 

9. Damping factors neglected. 

10. Combined inertia of system and “remaining generators” 
considered infinite. 

11 . Effect of cross-flux neglected. 

12. Effect of voltage regulators neglected. 

13. Six equal generating units assumed for purpose of calcu¬ 
lation. 

Certain, of these assumptions may require further 
amplification. No. 7 indicates that the problem is 
solved as a two-machine problem. With a star-con¬ 
nected system as shown in Fig. 7 a short circuit on the 
feeders of any one machine will produce the same effect 
on all of the remaining machines, so that they will react 
similarly, and may, therefore, be considered as a single 


infinite becomes small and the calculations are con¬ 
siderably facilitated, since only the angular oscillation 
of the faulted generator must be computed. Whenever 
this assumption is valid, the actual number and rating 
of the machines comprising the remaining generator is 
of importance only insofar as the overall system reac¬ 
tance is affected. 

No. 11 states that cross-flux was neglected. This 
means that only the flux in the direct axis of the field 
poles has been included in the calculations. 

No. 12 states that the effect of voltage regulators was 
neglected. Many metropolitan type systems operate 
without automatic generator voltage regulators so that 
the short-circuit current causes a decrease in machine 
voltage and a reduction in stability. To include such 
systems the effect of decrement was considered, as de¬ 
scribed below. Later, calculations were made under the 
assumption of a quick response excitation system of 
sufficient rate of response and ceiling voltage to main¬ 
tain constant flux in the fields, and the results made the 
subject of an approximate correction factor previously 
described. 

No. 13 states that six generating units were assumed 
for purposes of calculation. As stated above, under the 
discussion of No. 10, a variation in this number is not of 
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great importance except asnt produces a change in the reached when the fault was cleared. Under this assump- 
overall reactance. ^ tion the energy which could be absorbed by the system 

It has been found by experience that calculations if the fault was cleared at a given time was calculated, 
„made with the above-^assumptions-yield results which and by trial a value of time was found which would 
are pessimistic, that is, they indicate that the permis- make this energy equal to that absorbed ii\ accelerating 


sible fault duration is less than that which may actually 
be experienced without loss of synchronism. 

The calculations for the duration of the fault were 
carried out by a step-by-step method, which assumes 
that the power output of the generators remains con¬ 
stant for a small interval, from which the acceleration 
and departure from normal frequency may be calculated, 
giving a new value of output power which is assumed to 
remain constant during the second interval, etc. At the 
same time the field circuit is being demagnetized by the 
action of the short-circuit current, and this was taken 
into account, calculating the decrement also step-by- 
step. 

The permissible duration of the fault could have been 
determined by assuming that the fault was cleared at a 


the rotors, as given by the step-by-step process. 

The results of these calculations gave the permissible 
fault duration in terms of the overall reactance between 
the faulted generator and the remaining generators of 
the system, the fault reactance in series with the fault, 
and the fault location. This form was not found to be 
the most convenient for ready application to actual 
systems, so that the results were converted to the curves 
given in Figs. 1 and 2 as previously explained. In mak¬ 
ing the conversion, the loads were neglected and the 
indexes determined in terms of quantities which would 
be obtained if a short circuit study was made on the 
hypothetical system using a d-c. calculating board. 
The effect of faults occurring at different locations was 
found to complicate considerably the curves and render 


certain time, and then making use of the conditions 
following the fault to determine whether or not the sys¬ 
tem was stable for the assumed time of fault clearing. ^ 
This method is the one which must usually be used if 
three or more individual generating units must be con¬ 
sidered in the stability analysis. However, when only 
two machines are involved, a simplified method known 
as the equal area method may be used. This latter 
method depends upon the fact that the energy absorbed 
in accelerating the machine rotors above synchronous 
speed must be restored to the system if the system is to 
remain in synchronism. That this condition is or is not 
satisfied may be determined by equating the energy ab¬ 
sorbed by the generator rotors in accelerating during the 
period the fault is on the system to the energy which is 
given up to the system from the generator rotors m 
returning to synchronous speed after the short circuit 
has been cleared. This energy for each machine is pro¬ 
portional to the integral of the accelerating or retarding 
power with respect to the angular displacement o t e 
rotor from its normal position. The representation of 
this integral as an area gives rise to the name applied to 
the method. In this method, as usually carried out, the 
assumption is made that the generator field flux does not 
decay, so that the generator voltages used remain con¬ 
stant. Under these assumptions the areas involved may 
be determined readily from the constants of the circuit 
during and after the fault. In the calculations carried 
out here, decrement was taken into account, as men¬ 
tioned above, so that the area representing the energy 
absorbed during the fault had to be calculated by a step- 
by-step method and was carried forward for each case 
simultaneously with the remainder of the step-by-step 
calculations. It was assumed that when the fault was 
cleared by the opening of the necessary circuit breakers 
that the decrement ceased, so that the machine voltages 
would remain constant for the fraction of a second im¬ 
mediately following at the values which they had 



p IG . 9 —Schematic Diagram of Hypothetical Ring- 
Connected System 

plotting them in convenient form difficult. An effort 
was therefore made to determine an empirical correction 
which would give the correct results if the faults were 
located at some other point than the generator tenm- 
nals. The method previously described was found to 
give good results, and to allow convenient plotting of the 
curves, since only the results for a fault at the generator 

terminals are given directly. 

In the preceding calculations the star connection was 
used, because it is the most “pessimistic” connection for 
a given overall reactance. Further calculations were 
made on a ring-connected system as shown m Fig. 9 to 
determine the limiting values of correction which might 
be expected with other forms of system connections, for, 
as explained previously, a ring.connection is about as 
great a departure from a star-connected system as can 
be obtained. Six machines were again assumed for con¬ 
venience in comparison. With this connection the load 
is assumed to be carried on a group of radial feeders 
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emanating from each generator bus, and therefore for 
stability purposes may be assumed k> be concentrated # 
at that point. For facility in comparison, faults were 
considered on the radial feeders, for example, at point M 
In Fig. 9. With this setup the system is symmetrical 
about the center-line OP. Hence machines B and F and 
machines C and E will be affected similarly, and there¬ 
fore may be considered as single generating units of 
double rating. Hence the problem can be analyzed as a 
four-machine problem. A calculation was made on this 
basis for a severe fault, and it was found that the angular 


ing the electro-mechanical •oscillations as required in a 
conventional study of this problem. It is to be expected 
that the results obtained from these curves will have the 
same order of accuracy as results obtained by a specific - 
analysis of the actual system using the assumptions con¬ 
ventionally made to simplify the work. Experience and 
te§t have shown that actual systems have greater sta¬ 
bility than th^ usual calculations indicate. This fact 
should be borne in mind when using the curves for relay 
settings or system design, and in general no additional 
margins of safety need be allowed. The authors feel 


displacement between machines C-E and D was so small 
that the three machines could be considered as a single 
unit in subsequent calculations. Therefore, the prob¬ 
lem reduces to a three-machine problem, the first ma¬ 
chine consisting of the faulted generator A, the second 
of generators B and F, and the third of generators C, D 
and E. The analysis followed the same general line as 
for the two machine problem previously discussed, 
except that the angular acceleration of the faulted 
generator now depends upon its relations to the two 
remaining machines instead of to just one machine as in 
the previous case. For this reason, the equal area, 
method is no longer valid, and it was necessary to* 
assume that the fault was cleared at a certain time and 
then determine if the system was stable by calculating 
the after-swing of the three machines. This process of 
estimating the clearing time was repeated until a point 
was found where the system was just stable, yielding 
a value of-permissible fault duration for the assumed 
values of overall and fault reactance. 

In order to take into account thg effects of the angular 
displacement between the second and- third machines, 


that the greatest value of these curves lies in the facility 
with which they allow comparative studies of different 
layouts to be made. When used in this way the margins 
between actual and calculated values of stability are 
largely compensating, and need therefore be of little 
concern except in extreme cases. Sufficient knowledge 
concerning load and machine characteristics, particu¬ 
larly those factors affecting damping, is not at present 
available to determine the margins with precision even 
as a result of the most careful and involved calculations, 
so that the curves presented here may be used in all 
cases where they apply until further data has been ob¬ 
tained on hitherto unevaluated factors. 
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it was necessary to consider their inertia at its actual 
value instead of considering it infinite, as was done for 
the star-connected system previously discussed. In 
order to compare with the previous results and bring 
out clearlj the effect of the type of connection, it was 
necessary to place both on the same basis. This was 
accomplished by recalculating the results for a few 
points of the star-connected system, assigning to the 
remaining generators their actual inertia instead of con¬ 
sidering ’them of infinite inertia. The results were found 
not to differ materially from those obtained for the cor¬ 
responding points of the ring connection. Thus with 
the indexes as set up, the star and ring connections have 
approximately the same degree of stability, and no cor¬ 
rection. factor need be employed. It is felt- that this 
same similarity of results will hold when the inertia of 
the remaining machines is considered infinite in order to 
approximate the inertia effect of the load, as is done for 
the general curves in Figs. 1 and 2. 


IN OTATION 


If = total fault current, expressed in times rated 
current of “faulted generator.” 

Ifq = fault current from “faulted generator,” expressed 
in times rated current. 

Tfq = ratio Ifg/If 

X = overall reactance between “faulted generator” 
and remaining generators in parallel, expressed in 
per cent based on rating of “faulted generator.” 

Bibliography 

1. “Selecting Breaker Speeds for Stable Operation,” by R. D. 

Evans and W. A. Lewis, Electrical World, Vol. 95, p 336 Feb¬ 
ruary 15, 1930. ’ 

2. Further Studies of Transmission Stability, by R. D. Evans 

and C. F. Wagner, Transactions A.I.E.E., Vol. XLV lQof; 
Appendix III, p. 51. ’ 


General Comments 

of Presented in this paper provide a method 

of sohmg the transient stability problem on a metro¬ 
politan type system without the necessity of investigat- 


an n 7 n ; ^ symposium on i\ew York City 

60 Cycle Power System Connections , by A. H. Kehoe, S. B. Gris- 

attd G ‘ R ' Milne ’ Transactions A.I.E.E., 
vol. XLVIII, No. 4, October 1929, p. 1079. 

4. The Fundamental Plan of Power Supply of the Detroit ' 
Edison Co., by S. M. Dean, Transactions A.I.E.E., Vol XLIX 
No. 2, April 1930, p. 597. ’ 


STABILITY PROBLEM FOR METROPOLITAN TYPE SYSTEMS 


373 


June 1930 

^ Discussion 

R. £>. Evans: During the past seven or eight years, attention 
Jias been directed to the nature and importance of stability, 
methods of improving stability, and the calculation of stability! 
These discussions have be^en very voluminous and for the most 
part highly technical. For some time it has been feasible for a 
specialist to determine, as a result of tedious step-by-step calcu¬ 
lations, that a particular system was or was not stable for a 
particular load condition and a particular system disturbance. 
From a practical point of view it is necessary to go further than 
this and to put a dollar value on the difference in the stability 
characteristics of various power system layouts. To do this has 
required the development of approximate or short-cut methods 
as obviously the tedious step-by-step methods are unsuitable. 
By short-cut methods I do not mean merely shortened stability 
calculations but instead methods which permit the determination 
of stability without actually making any stability calculations 
at all for the eases under consideration. M&re definitely these 
short-cut methods involve merely the determination of certain 
network constants of the particular system and the use of general 
curves. 

The general stability curves given in the paper may be used in 
a manner similar to that of the “Standard Decrement Curves,” 
see page 353 of this issue. These stability curves are the first 
that have been presented in connection with the closely con¬ 
nected or metropolitan type system. It is expected that their 
use together with previous curves developed for long distance 
straight-way transmission will lead to the development of similar 
methods for the remaining types of systems so that eventually 
short-cut methods will be available for all types of systems. 

S. H. Wright: When applying the curves presented by Messrs. 
Griscom, Lewis and Ellis, cases may frequently arise where con¬ 
ditions of the system being studied are met by the conditions 
assumed in preparing the curves except in one respect, making 
it desirable to consider the inertia constant as an additional 
“index factor.” This will be illustrated in the following: 

Suppose we have a case where the “faulted generator” group 
consists of a large-capacity unity-short-eircuit-ratio generator 
whose inertia constant is 5.0 kw. sec. per kva. Assume (as under 
item 10 in the paper), that the combined inertia of the system 
and “remaining generators” is infinite. The permissible fault 
duration varies as the square root of the inertia of the faulted 
generator, hence its value in seconds as read from the curves in 
the paper would be multiplied by V 570/875 or by 0.767, to obtain 
the actual permissible fault duration; this means a reduction in 
time of 23 per cent. 

As is stated, “The authors feel that the greatest value of these 
curves lies in the facility with which they allow comparative 
studies of different layouts to be made.” In the spirit of the 
statement it is obvious that comparisons are valid regardless of 
such a time correction factor as illustrated above, providing the 
faulted generator characteristics are the same in all cases studied. 

S* B. Crary: During the past few years, the extensive appli¬ 
cation of synchronous machine and circuit theory to the study of 
the transient stability limits of various systems has made it 
desirable to summarize and classify the results of the investiga¬ 
tions already made. In doing this for the metropolitan type of 
system, the author’s have shown some interesting results. 

Any generalization or simplification of a problem which com¬ 
prises as many factors as a transient stability study, must require 
numerous assumptions. The assumptions which are made, limit 
the field of application. Care must, therefore, be used in apply¬ 
ing the curves of Figs. 1 and 2 of the paper to systems that do not 
adhere to the assumptions set forth. A few illustrations have 
been selected as the best means of illustrating this point. 

The assumption is made that the reactance of the connecting 
* ties holding a generator or group of generators in step with 
the system does not change appreciably when the fault is cleared. 
This assumption is valid when a fault is on a feeder, but is not 


when the fault is oi^one of the high-voltage ties between stations. 
Although the ring-connected system is considered as designed 
' for no power transfer between stations under normal operation, 
conditions exist when these ties are used to transmit a consider¬ 
able portion of a generating station load to another area. If a 
fault occurs on a tie line heavily loaded in this manner, the 
stability limit may be below that of the hypothetical star system 
used to determine the curves of Figs. 1 and 2 of the paper. 

The assumption is made that the “remaining group” has an 
infinite inertia. This will probably be valid for most conditions, 
but the condition may exist, that the faulted group of generators 
represents more than one-third of the total connected, capacity. 
Under such a condition, the required switching time in order to 
clear the fault and maintain stability may be reduced Or increased 
an appreciable amount, depending upon the distribution of loads 
with respect to the “faulted and remaining groups.” 

The statement is made that “Where systems do not reduce to 
two composite generators, the stability will be as high or higher 
than when they do.” This can not be taken as a general state¬ 
ment as cases do exist when the stability limit may be lower 
instead of higher. An example is a system in which “the re¬ 
maining group” consists of a minor group relatively closely 
coupled electrically to the “faulted group,” and a major group 
loosely coupled with respect to all of the other machines. 

The severity of the fault as it affects stability is determined by 
the two indexes I FQ and J FQ /I F . Could not both of these 
indexes be replaced by a single index based on the transfer 
^ reactance between the two machines when the fault is on? This 
reactance has been defined in a paper by Summers and McClure.* 
It is a simple function of the three branches of the simplified 
equivalent network and can readily be determined from the 
system set up on a d-c. calculating table. 

S. B. Griscom, W. A. Lewis, and W. R. Ellis: In preparing 
the paper the authors felt that the range of inertia constants 
normally encountered woMd be sufficiently narrow that a sepa¬ 
rate correction or index for this factor would b§ unnecessary. 
Mr. Wright mentions an example in which the inertia departs 
materially from tfye average assumed, and the deviation is suffi¬ 
cient to warrant a correction. In general, the correction can be 
made in the manner he suggests. That is, the permissible fault 
duration as found from the curves and after the application of 


the other correction factors should be multiplied by 


I J7_ 

yj 8.5 


for 


unity short-circuit ratio machines or 1 / --for 0.8 short-cir- 

\ 8.25 

cuit ratio machines, H being the inertia constant of the “faulted 
generator.” It should be pointed out, however, that since decre¬ 
ment was taken into account, the correction obtained in this 
manner is somewhat too large. With the smaller inertia constant 
a given angular position is reached sooner and the voltage has a 
higher percentage of its original value. This higher voltage will 
give a higher power limit and hence a greater permissible fault 
duration. 

Mr. Crary has emphasized that there are some cases which do 
not fall within the range of the assumptions made in the paper. 
From the nature of the problem, this of course is inevitable. 
However, the authors feel that the application of the curves may 
be extended to cases outside the range of the assumptions if care 
and judgment are used in interpreting the results. This will be 
illustrated by considering the examples selected by Mr. Crary. 

If the reactance of the connecting tie holding a generator or 
group of generators in step with the system changes appreciably 
when the fault is cleared, upper andTlower limits of permissible 
clearing time may be found by computing the “overall reactance” 

^“Progress in the Study of System Stability,” A.I.E.E. Trans., Vol. 
49, Jan. 1930, p. 132. 


GRISCOM, LEWIS, AND ELLIS Transactions A. I. E. E. 


for both conditions and estimating an intermediate clearing time 
from the values read from the curves for the two reactance values. 

it the “faulted generator” is a large proportion of the total 
sj » era capacity, the assumption that the inertia of the “remain¬ 
ing generators” is infinite is not strictly valid. For the severe 
faults, which will be electrically close to the faulted generator, 
ne permissible-fault duration will be greater than the value given 
W the curves and the answer is, therefore, on the side of safety: 
or faults near the electrical center of the system, the deviation 
may be m either direction, but for such cases the permissible 
duration will usually be two seconds or more so that the error 
may be tolerated. 

The reduction of the ring connection system of Fig. 9 of the 
paper for purposes of calculation gives a system which closely 
approximates the system mentioned by Mr. Crary in which “the 
remaining group” consists of a minor group relatively closely 
coupled with the faulted group and a major group loosely coupled 
with respect to the other machines. That is, machines B and F 


comprise the minor group and machines C, r D and E comprise 
, major group. As stated in %he paper the permissible, fault 
duration for the ease was found to be as great as or greater than 
the value read from Figs. 1 or 2. «■ 

It is appreciated that there may b$ cases in .which accurate 
results cannot be obtained ffom the curves. However, it is felt ' 
that such eases would be the exceptions and will be recognizable 
from their special features. 

An attempt was made to use as an index the equivalent of the 
transfer impedance as suggested by Mr. Crary. However, it was 
found that the driving point impedance was also required to 
fully represent the conditions, so that the form used was adopted 
as being more convenient. 

Tiie authors realize that as these curves are used certain addi¬ 
tions and modifications may be indicated. It is hoped that a 
standardized set of curves for metropolitan and other types of 
systems will eventually receive the same recognition as the 
standard decrement curves referred to by Mr. Evans. 


Stability of Conowingo Hydroelectric Station 
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Synopsis.—This paper gives a brief description of the Phila¬ 
delphia Electric Company System with particular reference to the 
features influencing stability of the Conowingo Hydroelectric station , 
summarizes the various calculations a?id tests associated with the 
stability problem , and presents the record of operating experience 
from a stability standpoint during four years of service . 

Several cases of instability due to line faults have occurred. A 
thorough study was made of the matter, and as a consequence , changes 
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were made in the equipment and system set-up involving the develop¬ 
ment and installation of higher speed circuit breakers and relays. 

Detailed records are given for all faults on the parts of the system 
which are intimately associated with the Conowingo development . 
These records show the improvement of stability obtained by the 
changes in the system and indicate attainment of a generally satis¬ 
factory condition. 

3: ;i; :i: # 


Introduction • 

HE matter of electric power system stability is be¬ 
coming of more general interest and concern since 
the advent of large hydroelectric stations located 
at considerable distance from their loads and the general 
interconnection of large capacity power systems. A 
number of papers has appeared dealing with methods of 
calculating stability, but comparatively little informa¬ 
tion has been published showing the experience on 
actual systems. Such experience is of value as an indi¬ 
cation of what may occur on other systems of similar 
character and is helpful in determining the basis for 
design of new projects. 

The 252,000-kw. Conowingo hydroelectric station 
which is located 58 miles from the main system of the 
Philadelphia Electric Company and ties in with the 
220-kv. Pennsylvania-New Jersey interconnection by 
means of two transmission lines, is a typical example of 
a generating station susceptible to instability under 
certain conditions of very severe line faults. Studies 
have been made of the stability of this system, and, 
during the four years the plant has been in service, 
considerable operating experience has been obtained 
including several cases of instability, with the result that 
several changes have been made in the system set-up 
and equipment to improve the performance. Auto¬ 
matic oscillographs are permanently installed to record 
system performance during faults and a large number 
of records has been obtained. 

No operating tests have been made to determine sta¬ 
bility, though several short-circuit tests on the 220-kv. 
system to determine high-speed relay and oil circuit 
breaker characteristics, intimately associated with sta¬ 
bility, were made. A few high speed motion pictures 
of governor operation were taken, but gave little 
information. 

*Electrical Engineer, Philadelphia Electric Company. 

f Engineering Department, Philadelphia Electric Company. 

Presented at the Winter Convention of the A.I.E.E., New York, 
, N. Y., January SB-29, 193S. 


Description of System 

The system involved, shown in Fig. 1, consists of the 
Conowingo hydroelectric station with seven 36,000-kw. 
generators connected by two 58-mile, 220-kv. lines to 
Plymouth Meeting substation, which is a junction point 
for two lines of the Pennsylvania-New Jersey 220-kv. 
interconnection, and the location of step-down trans¬ 
formers for connection with the main part of the Phila¬ 
delphia electric system by means of 66-kv. lines. 



The Pennsylvania-New Jersey interconnection as in¬ 
dicated consists of 220-kv. ties between the Philadelphia 
Electric Company system at Plymouth Meeting, the 
Pennsylvania Power and Light Company system at 
Siegfried, and the Public Service Electric and Gas Com¬ 
pany system at Roseland. The 40,000-kw. Wallenpau- 
paek hydroelectric station of the Pennsylvania Power 
& Light Company is connected to Siegfried with a 220- 
kv. line which it is planned to extend from Bushkill to 
Roseland in the ultimate development. The approxi- 
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mate lengths of the lines are indicated! on Fig. 1. The 
interconnected systems are all of large capacity, the 
Philadelphia Electric Company, having a peak load in 
1930 of 699,000 kw., the Public Sendee Electric and 
Gas Company 540,500 kw., and the Pennsylvania 
Power & Light Company about 350,000 kw. 

The connection between Plymouth Meeting substa-* 
tion and the main part of the Philadelphia Electric 
system where most of the Conowingo output is used, 
consists of three 10-mile 66-kv. aerial lines to Westmore¬ 
land substation, from which point lines radiate to the 
various load centers and generating stations as indi¬ 
cated. The Philadelphia Electric Company 66-kv. 
system is normally sectionalized as shown by Fig. 2 to 
limit short-circuit duty. This diagram shows the posi¬ 
tive sequence reactance of the principal lines and equip¬ 
ment as well as the equivalent reactance of the syn- 
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Fig - 2 —System Reactance Diagram 

chronous equipment connected to the various parts of 
the system for the maximum setup as of 1931. The 
set-up for previous years. 1 was similar except that the 
Plymouth Meeting-Roseland line was not in service; 
there were only two step-down, transformer banks at 
Plymouth Meeting; only two Plymouth Meeting- 
YV estmoreland 66-kv. lines; and the 66-kv. system was 
not seetionahzed at Plymouth Meeting or Westmore¬ 
land. 

Preliminary Stability Study 
Extensive stability calculations and studies were made 
before the 220-kv. system was built to check stability in 
case of line faults. The faults were assumed to involve 
only one phase since information then available indi- 
cated this w as the general experience on 220-kv. systems. 

’• For references see Bibliography. 


These studies were based op the ultimate system devel- 
- opment which involves extension of the 220-kv. system 
as shown by the dashed lines in Fig. 1. Since the system'" 
is rather complicated, one of the studies was made with a„ 
mechanical model as described in the paper Quantitative 
Mechanical Analysis of Power System Transient Dis¬ 
turbances by R. C. Bergvall and P. H. Robinson.- 

The results of the stability studies in general showed 
that synchronfsm could be maintained for practically 
all expected fault conditions, although considerable 
swinging was indicated for some conditions. On account 
of this swinging condition together with uncertainty 
regarding some of the factors used in the study such as 
clearing time and fault resistance, it was considered 
advisable to incorporate in the design several special 
features for increasing stability and reliability. 

Features of Initial Installation Having Special 
Influence on Stability 

The measures for increasing stability and reliability 
which were provided with the initial design may be 
divided into two general classes: preventive and reme¬ 
dial. The first class was aimed at the prevention of 
faults by means of heavy insulation and protection 
against lightning with double ground wires for each line, 
shielding for substation structures and installation of 
lightning arresters at the substation as described in pre¬ 
vious papers. 3,4 

The other class included steps to clear faults quickly 
should they occur and measures to stiffen the system in 
case of transient disturbances. A special relay system 
was installed, designed to clear all faults with minimum 
delay. A detailed description of the original relay sys¬ 
tem is given in one of the references. 4 The oil circuit 
breakers which were the fastest available for such high- 
voltage service at the time of installation were designed 
to interrupt fault current in less than one-half second. 
The generators were built with as low transient reac- 
tmice as possible consistent with reasonable cost and 
efficiency. It was rather difficult to obtain low reac- 
tance for these machines on account of their slow speed 
( 1.8 r.p.m.), but it was possible to reduce the transient 
reactance to about 29 per cent and still have a fairly 
well-balanced design. The transformer reactance was 
kept as low as possible with safety and this resulted in a 
value of about 9 per cent. The three windings of the 
Plymouth Meeting transformers were so arranged that 
the synchronous condensers connected to the tertiary 
would be very closely coupled to the 220-kv. system, so 

Sm°ngs C tebility. maXimUm ^ them in main ' 

fH^ 6 !- 30 ’ 0 i°" kVa ' condenser is provided for each of the 
con Ha rans ormers at Plymouth Meeting, and these 
condensers have rather special excitation as described by 

^ P - J ' Walt ° n - 5 In case of a system 
, f ’ the exciter voltage is automatically in-* 

load on each / ^ 6 ’ 0 °° V ° ltS P6r Second ’ and the 
each condenser increases from a normal value of 
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10,000 kva. t<? about 58,000 kva. in one-half second. 
Two additional condensers with automatic high-speed 
excitation are installed at Westmoreland substation and 
the 60-cycle motors ’of a considerable number of fre¬ 
quency converters on other* parts of the Philadelphia 
Electric Company system are used as condensers. 
These frequency converters and all generators on the. 
Philadelphia electric system have automatic voltage 
regulators. •» 

The Conowingo generators have special high-speed 
excitation designed to prevent a drop of more than 2 
per cent in the induced voltage of the generators when 
full-load lagging reactive kva. is suddenly applied to the 
generator while carrying full rated load at unity power 
factor. • 

Instability Experienced with Initial Operation 
During the first year, 1928, three faults occurred on 
the Plymouth Meeting-Conowingo lines, each fault in¬ 
volving two phases instead of only one as expected and 
used as the basis for design. Conowingo became un¬ 
stable for each of these faults and also on one other 
occasion when a severe disturbance occurred on the 
Philadelphia Electric Company 66-kv. system. 

The first case of instability was caused by a lightning 
flashover of two phases of the Plymouth Meeting-Cono¬ 
wingo line about two miles from Plymouth Meeting, 
tripping the faulty line at Plymouth Meeting and both 
lines at Conowingo. Five generators were in operation 
at Conowingo carrying 168,000 kw. and all five ma¬ 
chines tripped on over-speed or over-voltage. The 
Philadelphia Electric System load was 202,000 kw. none 
of which was lost. The Plymouth Meeting-Siegfried 
line stayed in and helped materially in supporting the 
Philadelphia Electric System load after Conowingo was 
lost. 

The second case of instability was caused by an oil 
fire and explosion near the Chester-Schuylkill two- 
circuit, 66-kv. line, which enveloped the line in flame 
causing a two- or three-phase short circuit. This burned 
down some of the conductors, tripping both circuits. 
Chester was cut away from the system with a load of 
about 40,000 kw. One Plymouth Meeting-Westmore- 
land 66-kv. line tripped at Westmoreland and four out 
of six machines at Conowingo tripped on over-speed or 
over-voltage. The lights in Philadelphia were noticed 
to flicker for several seconds. The Philadelphia Electric 
System load previous to the trouble was 297,000 kw. of 
which about 30,000 kw. was lost as a result of the dis¬ 
turbance. The generation at Conowingo dropped from 
218,000 kw. to 26,000 kw. The Philadelphia Electric 
System steam generating capacity in operation at the 
time was 270,000 kw., the large excess being due to the 
noon hour drop in load. 

The third case of instability was on the 4th of July, 
1928, when the system load was small on account of the 
holiday- This case was caused by a lightning flashover 
of two phases of the Conowingo-Plymouth Meeting line 


about five miles from Conowingo wEtilS five generators 
were in operation carrying 112,000 kw. Switches tripped 
on the faulty line at Plymouth Meeting and on both 
lines at Conowingo. One Conowingo generator tripped 
on over-speed. A Hall high-speed recorder which had 
just been installed at Plymouth Meeting indicated the 
fault duration as approximately one second and showed 
that Conowingo became unstable during the fault and 
remained out of step with the system for about six 
seconds until separated apparently by opening of the 
unfaulted Plymouth Meeting-Conowingo line. The 
remaining generators on the system picked up the load 
without apparent difficulty. 

The final case of instability experienced during the 
first year’s operation was caused by a lightning flash- 
over of two phases of the Plymouth Meeting-Conowingo 
line about four miles from Plymouth Meeting, while 
four generators were in operation at Conowingo carry- 



Fig. 3—^Oscillogram of System Disturbance 

August 17, 192S 
m 

Instability caused by two-phase fault on Conowingo line 

ing 140,000 kw. The faulty line tripped at both ends 
with an estimated clearing time of 0.3 seconds at Ply¬ 
mouth Meeting and 1.7 seconds at Conowingo. All 
four generators operating at Conowingo tripped on over¬ 
speed and the record of an automatic oscillograph which 
had been installed on the system by this time showed 
loss of synchronism in less than one-half second after 
the beginning of the fault. The Philadelphia electric 
system load at the time of the disturbance was 360,000 
kw. and no load was lost. This oscillograph record is 
shown in Fig. 3. 

Another disturbance experienced during, the first 
year’s operation which resulted in the loss of Conowingo 
was caused by a two-phase fault near the middle of 
one of the two 66-kv. Plymouth Meeting-Westmoreland 
lines while Conowingo was carrying 180,000 kw. Both 
Plymouth Meeting-Westmoreland lines tripped separat¬ 
ing Conowingo from the system and all five generators 
in operation at Conowingo tripped on over-speed or 
over-voltage. It is believed this interruption was due to 
too low setting of the relays on the Plymouth Meeting- 
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Westmoreland J anes which tripped the unfaulted line as 
ne result of overload rather than through instability, 
his experience during the first year when every fault 

Tn-r Plymoutl1 Meeting-Conowingo line caused in¬ 
stability was naturally very alarming, and extensive 
study was given the matter to determine the cause of 
the trouble and to find out what could be done to cor¬ 
rect the condition. The study was handicapped at first 
y the lack of definite records of the time and sequence 
oi events. Some doubt existed regarding the per- 
. tormance of relays, switch time and operation of the 
governors. All four cases of instability occurred before 
the installation of synchronous condensers was com¬ 
plete and before the high-speed excitation system was 
working satisfactorily. 

Temporary Means of Improvement 
While there was practically no interruption of service 
to customers, it was realized that something must be 
done immediately to increase the reliability of Cono- 
wingo. Therefore a number of temporary measures 
was adopted pending the outcome of further study and 
experience. 

It was evident that most trouble was likely to occur 
during lightning storms and that service to the customer 
could be maintained by providing sufficient steam re¬ 
serve. Arrangements were therefore made with the 
station attendants and line patrolmen to watch for 
electric storms and to report their appearance to the 
system load dispatcher so that the, load,on Conowingo 
• could be reduced and the steam reserve built up when¬ 
ever an electric storm was on the system. A practise 
was also adopted of operating the 220-kv„ system split 
during storms if four or more generators were in opera¬ 
tion at Conowingo so that the station would operate in 
two separate sections. While this meant the certain 
loss of half the station with a fault on either line, it 
greatly reduced the chance of losing the entire station. 
The use of this storm set-up was discontinued in 1931 
when changes had been made in some of the equipment 
so that it was no longer required. 

Special Tests 

While relief was obtained by the temporary measures, 
a series of tests was made to check practically all un¬ 
certain factors affecting the performance of the system. 

The most comprehensive of the tests was a series of 
single-phase and two-phase faults made at various loca¬ 
tions on the Plymouth Meeting-Conowingo lines while 
records were obtained by means of observers and-special 
recording equipment on all parts of the system. This 
test was made with most of the synchronous equipment 
and lines in service but without load' because of danger 
of disturbing the customers. Twenty-nine oscillograph 
elements were used in the test and the connections to 
these elements were changed around to measure various 
quantities for the different faults. High-speed moving 
pictures were taken of all the faults and of the governors 
on several of the generators. 
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The main conclusions from this test f/ere as follows: 

, 1- Relay operations were proper and all faults were 
cleared with more than sufficient margin to prevent the 
disconnection of any equipment <5ther than the faulted 
line. ' * 

2. The overall clearing time for faults including 
„ switch and relay operation was somewhat longer than 
expected, averaging a little over one-half second for the 
first switch and one second for the second switch. 

3- There was no serious swinging of one generator 
against another at Conowingo. 

4. There was no hunting of governors. 

. 5 * The faults were apparently of low impedance and 
did not blow from one conductor to another. 

6. The high-sp^ed excitation system was not per¬ 
forming as well as expected. 

7. The calculated short-circuit current was in reason¬ 
ably close agreement with the actual test values. 

Another test was made by opening switches on the 
Conowingo generators while the machines were carry¬ 
ing load to show the speed characteristics and governor 
response as well as to furnish a service check of the over¬ 
speed and over-voltage protection. It showed that the 
speed increased so rapidly when full load was dropped 
that some of the units advanced 180 deg. ahead of the 
system in less than 0.3 seconds. This naturally explains 
how the plant can get out of synchronism so quickly 
when the electrical output is seriously reduced by the 
reduction in voltage as a result of a severe system fault. 

Special tests were made of the synchronous con¬ 
densers under load conditions in order to check the 
operation of the high-speed excitation system and deter¬ 
mine the best adjustments. After some changes had 
been made, the performance was brought up to expecta¬ 
tions. The test of the Plymouth Meeting condensers is 
described in another paper previously mentioned. 5 

Another test was the measurement of zero sequence 
reactance of the Conowingo lines. This was one of the 
uncertain factors used in the calculations and the test 
showed that the measured value was very close to that 
used in the calculations. 

Collection of Records of System Disturbances 

Complete records and reports of each system dis¬ 
turbance are obtained by the following means: 

1 * Automatic Oscillographs . As soon as obtainable, 
automatic oscillographs were permanently installed at 
Conowingo and at Plymouth Meeting. The installa¬ 
tion includes a six-element oscillograph at Conowingo 
and a seven-element oscillograph at Plymouth Meeting, 
while most of the time a second oscillograph with six 
elements has been used at Plymouth Meeting. A four- 
element Hall recorder is installed at Westmoreland. 
Through cooperation with the manufacturers, and 
communication companies, additional oscillographs 
and recorders have been temporarily installed from * 
time to time to obtain field experience and special 
information. These oscillographs record residual cur- 
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rent in all, lines,"’'power in each of the Plymouth Meeting- n 
Coftowingo lines, positive sequence voltage and selected, c 
line currents and voltages. They are started auto- n 
matically with station residual current. Arrangements t 
are being made also to start the oscillographs with line t 
current since three-phase faults recently experienced s 
have had insufficient residual current to start the ,p 
oscillograph. * ( 

2. Reports from Station Operators. Most of the relays 
are equipped with operation indicators and the more 
important relays are connected to a drop signal system ^ 
so that it is possible to see which relays operate for each ^ 
disturbance. From this, it is usually possible to deter¬ 
mine the phases which are faulted and the general loca- ; 
tion of the fault. The operators are instructed to note ' 
the time of each disturbance and to make a record of all . 
relay operations. They also report the reading of am¬ 
meters in the neutral ground connection of the high- 
voltage transformer windings. These ammeters are 
ratcheted so that the pointer remains at the maximum 
reading until released by the operator. Graphic re¬ 
cording meters make a continuous record of power, 
voltage and frequency. Of course, station records are 
kept which show the system set-up and machines in, 
operation at all times. 

3. Line Reports. Thorough inspection is made of the 
line immediately after each fault to determine the 
damage, location and number of phases involved, 
necessary, the patrolmen climb each tower to locate the 
fault. 

All available information is collected for each im¬ 
portant disturbance and these records are analyzed to 
determine the cause, number of phases involved, loca¬ 
tion of fault, fault current, switching sequence, time of 
clearing, power swings, etc. The records of all severe 
disturbances have been referred to the manufacturers of 
the major equipment to secure their recommendations 
regarding means of improvement. 

Analytical Study of Two-Phase Faults 

In view of the experience with two-phase faults during 
the first year, further stability calculations were made 
based on this type of fault. These calculations showed 
that stability could not be expected with solid 220-kv. 
bus operation and heavy load on the plant with a two- 
phase fault near the end of the line cleared m approxi¬ 
mately one-half second, but if the fault was cleared m 
about 0.15 second, the system would probably remain 
in synchronism. A similar study was made for two- 
phase faults on the Plymouth Meeting-Westmoreland 
lines and this also showed the need of high-spee 
switching. 

Development of High-Speed Circuit Breakers 

The manufacturers thought it would be possible to 
increase greatly the speed of clearing faults by means of 
- new design circuit breakers and relays, and with 
need for higher 'speed operation apparent, they im 
mediately undertook the development of suitable equip 


^ • 

ment. Some experimental models of ne$ relays and oil 
circuit breakers were tested at Plymouth Meeting by 
means of short circuits on the 220-kv. system. These 
tests were very successful showing that interrupting 
time of the order of 0.14 second was possible. A de¬ 
scription of some of the tests was given irP the technical 
press. 6 ’ 7 

Changes In Equipment to Increase Stability and 
Reliability 

As a result of the various studies and tests combined 
with normal development of the system, it was decided 
to make the following permanent improvements: 

1. New high-speed circuit breakers were purchased 
and rearrangements made at Plymouth Meeting and 
Westmoreland so that high-speed breakers were pro¬ 
vided for normal operation on all 220-kv. and 66-kv. 
aerial lines. 

2. The 220-kv. line breakers at Conowingo were re¬ 
built so that high-speed operation was obtained. 

3. The relay system was revised and new high-speed 
relays installed on all lines to reduce the operating time 
to about one cycle. 

4. A third step-down transformer was installed at 
Plymouth Meeting. 

, 5. a third 66-kv. line was added between Plymouth 
Meeting and Westmoreland. 

6. The 66-kv. system was split into three separate 
sections at Plymouth Meeting and Westmoreland. 

7. The 220-kv. line insulation was increased from 14 
to 16 units for suspension insulators and from 16 to 18 
units for strain insulators. 

’ Operating Experience 

The general experience with Conowingo since, the 
first year’s operation has been very-satisfactory. Many 
disturbances have occurred due to faults on practically 
all parts of the system, but since the first year when 
there were four cases of instability, various steps have 
been taken to improve operation and there has been 

only one case where Conowingo became unstable. 

The disturbances have been classified according o * 
location of the fault on the system and will be discu^e 
under the following general headings: 

Plymouth Meeting-Conowingo Line Faults ^ 

■ The principal data for each fault experienced on tne 
1 Plymouth Meeting-Conowingo lines are sh °* 

1 Table I. This gives the best ^ 

- warding* the type and location of the fault, the ean t 
i time load conditions and the general effect on 1 ~ 

1 tern.’ Some of the information is only 

has been included wherever possible foi the sal 


'“TffStol current is shown in amperes as measured 
in^ihe faulted line. ®e po^ve sepuence^lta^ 
expressed in kilovolts eaflvvs. . measuK d during 
220-kv. system at PlymouthJ^tmE % . otoge 

the fault. Comparison of the positrv q 
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with the normal value of approximately'127 furnishes a 
general indication of the sh’ock to the system. The 
clearing time is given in cycles based on the operating 
frequency of 60 cycles per second. The figures for 
Conowingo power sWings.are the' first ma*ximum and 
minimum values of average power output of Conowingo 
r for the surges immediately following the clearing of the 
fault 

There has beep, a total of 15 faults on the Conowingo 
lines including nine single-phase, five two-phase, and 
one three-phase. Instability resulted from the three- 
phase fault and from three of the two-phase faults which 
occurred before the high-speed circuit breakers were in 
service. 

The faults during the first year are discussed in the 
beginning of the paper. In the second year there were no 
faults while much load was on the station, so there was 
no real test of stability. At the beginning of the third 
year, there was a rather unusual experience of an electric 
storm in the winter. This caused a lightning flashover 
of one phase on the Conowingo line while the station was 
operating with solid 220-kv. bus and loaded to maximum 
capacity. Very heavy swinging occurred but stability 
y;as maintained. Fig. 4 is an oscillograph record of this 
disturbance as obtained at Conowingo. The fault 
occurred on B-phase of line 22,003. The clearing time 
at .Plymouth Meeting is shown by the length of the first 
step m the residual current record and the clearing time 
at Conowingo by the total length of the residual cur¬ 
rent record. Allowance must be made for the starting 
time of the oscillograph which in this case is about 8 
cycles The record of voltage on line 22,003 is inter¬ 
rupted sometime before the fault is cleared, due to the 
operation of an auxiliary switch on the breaker mecha- 
msm. The record of A-phase current in the unfaulted 

me (No. 2 vibrator) shows the surging after the fault 
was cleared. 

Another interesting disturbance in 1930 was a fault 
while using the storm set-up. The 220-kv. system was 
operating split with two generators carrying 70,000-kw. 
load connected to the line on which the fault occurred 
while four generators with about 100,000 kw. were on 

WnnSf J 6 ', ° f C T Se ' the two generators carrying 
tbl « "f W ' oad were lost but the remaining section of 
tne system was disturbed very little. 

The last fault of 1930 is rather unusual since it was 
the equivalent of a 220-kv. bus fault at Plymouth 
. f, An insulation failure occurred inside of one 
of the Conowingo fin 6 circuit breakers which opened 
but did not clear the fault since it involved the switch 

>T ne ?f t0 , the buS - The fauIt bu ™ed clear 

greatly disturbed ° Peration was not vei T 

The new equipment for high-speed clearing of faults 

“T Ce in 1931 and showed its value for the first 
ult which was a flashover of two phases while Cono- . 
wingo was almost fully loaded. The fault was cleared 
from Plymouth Meeting in about eight cycles or 0.133 
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seconds and froifl Conowingo in 11 cycles as shown by 
the oscillograph record from Conowingo, Fig. 5. The 
„time lost between the beginning of the fault and the 
first visible record is approximately three cycles. The 
"reduction in oscillograph starting’time as compared 
with previous records such as Fig. 4 was necessary on 
account of the high-speed switch operation. The im¬ 
provement in starting time is secured through the use 
of a new type lamp. Rather heavy surging occurred 
after the fault but stability was maintained. 



■0 f*lr» 


Fig. 4—Oscillogram op System Disturbance 
January 14, 1930 

Stability maintained through single-phase fault on Conowingo line with 
full load on station 



Fig. 5 —Oscillogram of System Disturbance May 10, 1931, 
Showing Operation op High-speed Circuit Breakers 

Stability maintained through a two-phase fault on the Conowingo line 


The worst disturbance and the only one which has 
caused instability since the first year’s operation was the 
three-phase lightning flashover in 1931. The plant was 
carrying 165,000 kw. and the fault was not cleared for 
almost a second because there was practically no ground 
current, and the only high-speed relays in service were 
ground relays. Since this experience high-speed bal¬ 
anced protection has been added to take care of such 
conditions. Due to the relatively small ground current 
the automatic oscillographs did not start until the cir- 


* 

cuit breaker had interrupted the fault and no definite 
i record was obtained of the clearing time. The record 
which was obtained, Fig. 6, is of interest, however, since 
it shows the power swings of the station out of syn¬ 
chronism with the system. The unfaulted line No. 
22,001, finally tripped as shown by cessatfon of power 
swings. The crest of the power swing was used as a 
check on stability calculations by comparison with the 
crest of the power angle diagram calculated for this 
condition. These check within a few per cent which 
seems to indicate that the assumptions used in the sta¬ 
bility calculations are reasonably satisfactory. 

Interconnection Line Faults 
The faults experienced on the 220-kv. interconnection 
lines running from Plymouth Meeting to Siegfried and 
Roseland are listed in Table II. So far as known, all 
eight faults were single-phase and while most of these 
were of relatively long duration, none seriously affected 
stability. The load on these lines is usually rather 
small, seldom exceeding 50,000 kw. The Roseland line 



Fig. 6—Oscillogram of System Disturbance July 9, 1931 


Instability resulting from three-phase fault on Conowingo line 

was not placed in service until near the end of 1930 so 
that comparatively little experience is available on this 
line. It was equipped initially with high-speed circuit 
breakers, but the first fault was slow in clearing because 
it was so near the Roseland end of the line that it was 
outside the zone of operation of the high-spee$ relays. 
The next fault which was probably much closer to Ply¬ 
mouth Meeting was cleared in eight cycles. The last 
disturbance on the Siegfried line was rather unusual, 
being caused by the failure of the circuit breaker at 
Plymouth Meeting when the line was being opened. 
Some material jammed the oil valve connecting’one of 
the switch tanks to the oil system and most of the oil 
drained out without being noticed before the breaker 
was opened. Naturally, the circuit breaker could not 
open the circuit properly under this condition and flash- 
over to ground occurred inside the tank. This was 
equivalent to a 220-kv. bus fault*at Plymouth Meeting 
and it was cleared as expected by trip-out of all 220-kv. 
feeds into Plymouth Meeting. This involved consider¬ 
able time delay but the system was not seriously dis- 
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Discussion 

J. B. MacNeill: Looking to the future, the more stable 
operation of large systems under fault conditions will result in 
large economies in the construction of such systems. At the 
present time the load that can be carried through a fault 
determined by the speed of the protective devices. It has been 
estimated that in some systems 100 per cent additional load can 
be carried during storms by the use of sufficiently high-speed 
circuit breakers and relays over what was possible with corre¬ 
sponding apparatus a few years ago. 

On the Conowingo system, I am informed 8-cycle operation of 
the switches will hold the system together on the majority of 
faults. This- speed is obtainable even at 220,000 volts with the 
most modern apparatus at all fault currents which affect stability. 

When sufficient data become available on high-speed operation 
of circuit breakers and relays, and efTough is known regarding 
the nature of faults and the speed of deionization thereof, it is 
not too much to predict that automatic reclosing even of 220,000- 
volt circuit breakers may be possible. A study of the phenomena 
occurring both at the fault and in the circuit breaker will be 
necessary, and considerable operating experience over a period 
of time will be advisable before speedy reclosure can be con¬ 
sidered. In time, however, the necessary data will be secured, 
and we can have the economies in system operation which auto¬ 
matic reclosing to main power breakers will secure. 
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An interesting feature of the development work done by 
Hentz s organization, was the use of 220,000 vofts as a^ingle- 
phase voltage for testing of oil circuit breakers. Some of the 
results of these tests have been presented to the Institute in the 
past. Of especial interest is the light these teats throw on the 
probable switching speeds for 330,000-volt systems, since 
220,000 volts is considerably greater than the line-to-neutral 
voltage of 190,000 volts, of a 330,000-volt system. With present 
f°£ ms of construction, switching times for 330,000 volts may be 
approximately 12 cycles, as compared to 8 cycles for 220,000 
volts. This will have a considerable effect on the stability of 
330,000-volt systems. It is felt, however, that an extension of 
ideas now available for circuit breaker 'improvement may result 
in switching speeds for 330,000 volts comparable with those 
obtainable on 220,000 volts. 

R. M. Spurcks This paper indicates that the stability problems 
of a large system have been solved. It is hoped that other operat¬ 
ing companies who may have stability problems will study this 
paper and plan on obtaining similar operating data. 

It seems worth while to bring out that curing stability problems 
by high-speed circuit clearing also brings with it many other 
benefits, such as reduced area of disturbance on the system during 
faults, reduction in voltage dips, and apparatus that requires 
less maintenance. 

R. A. Hentz r One of the most significant matters in connec¬ 
tion with the instability which we experienced is the large per¬ 
centage (40 per cent) of faults on the Conowingo lines involving 
more than one wire. From all the information we could glean 
at the time the system was designed, single wire to ground were 
to be practically the only faults experienced and that other faults 
would be extremely rare, but it is evident that, in the region 
transversed by these lines and with the type of tower construction 
used, faults involving two wires to ground and even t hr ee wires 
to ground will occur and that this fact should be taken carefully 
into account in the design of any system. 

It is proposed to continue the collection of the data incor¬ 
porated in the paper and with the passing of years the accumu¬ 
lated experience so obtained will be of further help to those 
interested in stability problems. 

The development of high-speed oil circuit breakers and relays 
referred to by Mr. MacNeill was the principal factor in elimi¬ 
nating the difficulties which we experienced during the first 
summer of operation. The fact that this can be accomplished in 
such very large breakers as those installed on the Conowingo 
lines, (rated 230 kv. and with 2,500,000 kva. interrupting capac¬ 
ity) gives promise that interruption of faults with rapidity 
enough to eliminate or at least minimize instability is possible 
for most other systems. 
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Radio Interference from Ins.ulator Corona 

• ' by f. o. McMillan* 

Member, A.I.E.E. • 
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Synopsis —Extended laboratory tests reveal that the corona characteristics of insulator corona current and of the radio inter¬ 
formation voltage and the initial radio interference voltage of clean, ference caused by it. Means for reducing them interference are 
dry insulators are identical. Oscillograms show many interesting suggested. 


R ADIO interference originates on high voltage 
insulators from two principal causes: (1) from 
very small ionization or corona discharges due to 
overstressed air in the dielectric field; and (2) from 
intermittent leakage currents flowing through conduct¬ 
ing deposits of various kinds on the insulator surfaces. 
Both of these causes of interference are of sufficient 
importance to warrant investigation. However, be¬ 
cause the corona discharge type of interference is 
universally troublesome, and serious surface leakage is 
more or less localized in certain geographical areas 
which are subject to salt fogs or special industrial 
conditions, this investigation has been devoted to a 
study of interference due to corona. 

The voltage gradient or stress on a dielectric trans-. 
mitting dielectric flux is directly proportional to the flux 
density, and inversely proportional to the ease with 
which the insulating material transmits flux. There¬ 
fore when two dielectrics are transmitting the same 
dielectric flux in series, the dielectric having the lowest 
permittivity obviously will be subjected to the highest 
voltage gradient per unit thickness. The insulation of 
high voltage power lines consists of two dielectrics, air 
and some other solid insulating material such as porce¬ 
lain or glass. In their practical application, these 
gaseous and solid materials are combined in series and 
parallel arrangements in the dielectric circuit. 

Air and solid materials have widely different dielec¬ 
tric characteristics. High voltage insulator porcelain 
transmits dielectric flux approximately six times as 
readily as air and has a dielectric strength several times 
greater. Glass used in modern high voltage insulators 
has a permittivity four and one-half times that of air, 
and, like porcelain, also has a dielectric strength 
several times that of air. Because of the widely 
different, permittivities, exceedingly careful design is 
necessary to use air and porcelain or air and glass in 
series combinations with high impressed voltages. 
Thin air-gaps in series with thick sections of porcelain 
or glass must be avoided in regions of dense dielectric 
flux, or failure of the air by ionization will result. This 
undesirable condition is found in three different places 
on many of the standard multi-shell pin type insulators 
as now designed, as follows: 

*Oregon State College, Corvallis, Oregon. 

Presented at the Winter Convention of the A.I.E.E., New York, 
N. Y., January 25-29,1982. 


1. At points where the conductor and tie wire are 
not in intimate contact with insulator head. 

2. At the contact between the pin or thimble and 
the insulating material. 

3. Between shells of multi-part insulators. 

When insulators so designed are used on high voltage 
lines, the air in these regions of high voltage gradient 
fails due to the ionization-by-collision phenomenon. 
This air failure occurs very suddenly at the time the 
critical ionizing gradient is reached each half cycle of 
the alternating voltage impressed on the insulator. 
Because of the changed energy storage in the capaci¬ 
tance and inductance of the electric circuit the sudden 
flow of ionizing current resulting from the corona 
formation sets up oscillations in the electric circuit. 
• 



Fig. 1—Schematic Diagram op Apparatus for Laboratory 
Investigation op Radio Interference and Corona Forma¬ 
tion Voltages on Pin Insulators 


The oscillations thus generated cover a wide band of 
frequencies from the lower range of audibility through 
the higher radio frequencies. These higher^ frequency 
radiations cause radio interference. 

Laboratory tests show conclusively that radio inter¬ 
ference from clean, high-voltage insulators is caused by 
corona discharges occurring at locations on the insulator 
where the air is ionized by excessive dielectric flux con¬ 
centration. Large numbers of tests conducted in a 
darkened room showed that corona formation and radio 
interference always are coincident. To obtain this 
result, great care must be used in performing the tests. 
The radio receiving set must have high amplification, 
the loop antenna must be closely coupled with the cir¬ 
cuit radiating the interference, and the corona obser¬ 
vations made very carefully in a dark room. Obviously 
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when the corona formation first occurs finder a conduc¬ 
tor, behind a tie wire, or in the pin-hole of an insulator, 
it cannot be. observed. Radio noise will occur coinci¬ 
dent with this hidden corona and therefore precedes the 
first observable appearance of corona. The fact that 
corona formation and radio interference are coincident 
was determined by a great many tests using insulators < 
so designed and treated that the first corona occurs in 
locations easily observed in a darkened room. Some of 
these test data are shown in Table I. 

Radio Interference and Visual Corona Formation 
Voltages 

At the time the investigation of radio interference 
was started, it was known that in general the inter¬ 
ference from pin type insulators is more pronounced 


Tests on Pin^InsulatoiSs 

A few representative determinations of the radio 
interference and corona formation voltages for pin 
insulators are given in Table I. The tabulated values 
show that radio interference and visible corona occur at 
the same value of insulator voltage except when the 
corona starts in locations not in view. 

The unshielded insulators started radiating interfer¬ 
ence and showed visible corona at the surprisingly low 
voltages of from 8.0 to 12.2 kv. to neutral or approxi¬ 
mately 25 per cent of the normal operating voltage. 
However, all of the shielded insulators except F-5 
showed a marked improvement in the radio interfer¬ 
ence formation point, and only one insulator G-2 was 
free from radio interference at normal operating voltage. 


Table I—Radio Interference and Corona Formation Voltage Data for Pin Insulators 
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y 

IBE 
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SR 

H 

■Egg 
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mean atmospheric condition 
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m 

IB 

AiAnviyic i nIU rr^twoUKt /g /.Z MM. Or HO. 

TEMPERATURE 21.3 DEGREES * CENTIGRADE 

ligi 

ma 

B 
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DRY BULB TEMPERATURE 70.4 DEGREES FAHRENHEIT 
RELATIVE HUMIDITY 36 PER CENT 

Solder coating in conductor and tie wire grooves. 
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VTTV 

m 

EH 

EBB 
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m 

cs 

ES 

Baa 

liaaLJ 

nn 

mn 

a 

zm 
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Silver and Bismuth coating on head. Zinc thimble in pin hole. 

Silver and Bismuth coating on head and in pin hole. 

Standard porcelain insulator with f in. malleable thimble 
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SI 
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9 
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ESDI 
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EEEI 

gq 

ms 

- 
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B9 


zm 
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•- 
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■SS 


IS 

■seBM 
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- 
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33 

gs 

91 

ESSI 

u 
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Sanded head coated with electrolytic copper J:in. malleable thimble 


§s 
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Esaai 

ESI 
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__ 

Some as F—4'. Discharge in fault in metal coating 

Oil 

PS 

PH! 

S! 

91 

Eial 

ami 

mm 

- 

Standard Insulator. Corona on head at tie and in pin hole around metal. 

EEEII 

n 

EEEII 

vpni 

Clikll 


sni 

ami 

ami 

B 

‘Nosta+ic**- coafinq on head and.in pin hole. 

[QEE9I 

rnZml 

ESI 

K33EII 


— NOT TAKEN —H 

_ 

AT tjT,, 1 ih f ma ' tes+ cycles, 35 impulse flashovers at 450Kv. 

maximum^ and five hours heavy conductor and tie wire vibration, 
rfating « f ? rm ? d where impulse arcs destroyed the conducting 

IBB 

■1 
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■i 
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HNU 



SJ 


ggsai 

1SI 

80 . 0 -b 

8010 

T0I 

• 

Nostatic coating on .head and in pin hole. 


^Shells numbered from head to pin 


than that from the suspension type; also, that more 
interference was radiated from high voltage than 
from low voltage pin type insulators.. For these reasons, 
practically all tests have been confined to pin and 
pedestal insulators rated at from 66 to 73 kv. The 
radio interference and visuai corona formation voltage 
tests were made with apparatus connected as shown in 
Fig. 1. 'Great care was exercised to avoid extraneous 
interference from the testing equipment. To prevent 
interference from minute discharges between metallic 
parts in close proximity to each other, all pieces of 
hardware associated with the experimental apparatus 
were bonded carefully either to the high voltage con¬ 
ductor or to the ground! A polished y%- in. galvanized 
iron pipe (0.83 in. outside diameter) shielded at each 
end, was used as the conductor; this pipe was free from 

corona for all voltages up to 100 kv. 


The lower case subscript letters (Table I) indicate 
insulators treated or modified as shown under the re¬ 
marks in the table. 

It may be observed that improvements were effected 
by sealing all crevices with cement or compound; the 
radio interference voltage was increased thereby from 
32 to 123 per cent. 

Fundamentals of Preventing Insulator Radio 
Interference 

Because of the nature of the disturbing electrical 
discharges on insulators there are at least three methods 
of attack to eliminate them. These are to: 

1. Design the insulator in such a manner that no 
regions of overstressed air exist under normal operating 
conditions. 

2. Provide conducting coatings to act as dielectric 
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flux distributors at the hqad, in the pin-hole, and on 
other necessary parts. 

3. Displace the overstressed air with an insulating 
compound dielectrically strong enough to withstand 
the potential. 

From at least one standpoint, method 1 is the most 
desirable of the three because it employs no auxiliary • 
material which may be subject to deterioration in 
service. This method, however, is the most radical 
departure from present practise and therefore probably 
will require a longer development period if found prac¬ 
ticable at all. If method 2 employing a dielectric flux 
distributor is used, the conducting material must be in 
such intimate contact with the solid dielectric that all 
air between the conducting coating and the porcelain 
or glass is excluded. The use of method 3 requires that 
all air in regions subject to being overstressed to the 
ionizing point be displaced by an insulating compound. 

Some difficulties are encountered in employing any 
of these three methods. Conducting coatings must 
remain at all times in intimate contact with the insulator 
material, and must withstand weathering, electrolysis 
due to leakage currents, temperature changes, and 
abrasion due to conductor and tie wire motion. Further * 
such coatings must not terminate in positions that will 
overstress the air in other parts of the dielectric circuit, 
and the flash over value of the insulator must not be 
reduced below the required factor of safety. If insulat¬ 
ing compound is used, it must withstand weathering, 
stay in place through the extremes of temperature to 
which it may be subjected, and not be displaced by the 
motion of the conductor and tie wire to the extent of 
impairing its effectiveness. 

Although the design of a satisfactory insulator of 
practical proportions and which will be suitable for 
mass production apparently is not a simple problem, 
it is believed to be entirely possible to meet the require¬ 
ments outlined and build an insulator entirely free from 
radio interference at a safe margin above its normal 
operating voltage. 

Insulator Corona Current Investigation 

The magnitude and character of the corona current 
of high voltage insulators is of great interest and im¬ 
portance because these characteristics are direct indi¬ 
cations of the radio interference radiation produced. 
Corona current is not easily studied because (1) it is 
quite small, attaining maximum values of approximately 
40 microamperes for normal voltage on a standard 66- 
kv. insulator; (2) it is obscured by the insulator charging 
current which is approximately 0.4 milliampere maxi¬ 
mum or 10 times the corona current for an insulator 
of this size; and (3) it has superimposed oscillations of 

very high frequency. _ . 

An instrument suitable for the investigation of cur- 
' rents of these magnitudes and characteristics must 
have a high sensitivity and be capable of responding 
faithfully to high frequencies. The device that meets 


these requirements most satisfactorily is the low volt¬ 
age cathode ray oscillograph. Because of the low 
anode-cathode voltage and resulting low velocity of the 
electron stream, this instrument has the highest sensi¬ 
tivity of all of the cathode ray oscillographs; and the 
cathode beam diffusion due to the relative immobility 
>of the positive focusing ions is not excessive for beam 
speeds of 3xl0 6 cm. per sec. on the "fluorescent screen. 

Although the cathode ray oscillograph is well suited 
to the study of high frequency discharges, it will not 
of itself separate the corona current from the charging 
current. To overcome this difficulty the circuit shown 
in Fig. 2 was devised to balance out the charging current 
leaving only the corona current to produce deflection. 
With this circuit arrangement, it is possible by adjusting 
Ri and C 3 to make the vertical deflecting potential on 
the oscillograph zero for all insulator voltages up to the 
critical corona formation voltage. At this critical 
voltage and for higher voltages, the oscillograph vertical 



p IG> 2_ Circuit for Obtaining Cathode Rat Oscillograms 

of Insulator Corona Current. Note that the Insulator 
Charging Current is Balanced Out 

deflecting voltage is proportional to the instantaneous 
value of the insulator corona current in Ri. This 
condition obtains because C, is free from corona. A 
glass insulator with dielectric flux distributing coatings 
on the head and in the pin-hole, and found by,test to be 
free from corona up to 50 kv y was used for C ; when the 
accompanying cathode ray oscillograms were taken. 

The horizontal deflecting or sweeping voltage tor the 
oscillograph was obtained'from a neon oscillator con¬ 
nected as shown in Fig. 2. This type of oscillator 
produces’ practically a straight line time axis that can 
be operated over a wide range of sweeping frequencies 
by the adjustment of R s and _ Cffi _ This sweeping 
oscillator can be synchronized readily with the frequenc. 
producing the phenomena under observation so that a 
stationary image either for observation °r r ecordmg 
photographically is obtained. To ehmina - 
electric fields a grounded wire eage 5xox6 ft. h g 
used to shield all apparatus associated with the oscil 
graph and neon oscillator. 
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Voltage was applied to the laboratory line and 
increased to a value just below the critical corona 
voltage for the insulator under test. r At this voltage, 
resistance Ri and capacitance C% were adjusted to 
make the vertical deflecting voltage zero. These ad¬ 
justments we're made while the neon oscillator was 
sweeping the cathode beam over the time axis, con¬ 
ditions under which any slight inaccuracies in balance 
were detected readily by the deviation of the beam from 
a straight line. When this balance was established 
accurately, a series of corona current oscillograms was 
taken for the insulator at various conductor to pin 
voltages from 10 to 40 kv., r.m.s., in increments of 5 kv. 

In Fig. 4 is shown a series of corona current oscillo- 
pams taken on a standard three-shell 66-kv. porcelain 
insulator with a %-in. malleable thimble cemented in 
the pin-hole. Oscillogram G (40 kv.) shows the normal 


Fig. 3—Apparatus for Obtaining Cathode Ray Oscillo¬ 
grams of Insulator Corona Current 



oscillations clearly. This is because that in order to 
form an image on photographic film it is necessary to 
trace several successive cycles of corona current on the 
fluorescent screen. On account df the chance character 
of corona formation, successive cycles of corona cur¬ 
rent are not alike, and where the oscillations are the 
greatest, the variation in successive figures is largest. 
This variation in the registration of successive cycles is 
shown on the oscillogram by variations in intensity of 
exposure and sharpness of the image. 

Corona current oscillograms were taken also on a 
special three-shell 66-kv. porcelain insulator with a 
silver and bismuth coating on the head and in the pin¬ 
hole. This insulator (No. B-6 of Table I) was practi¬ 
cally identical with the previous one except for the 
addition of the metallic coatings. In this case no 
corona current was observed below 30 kv. The 
difference in the character of positive and negative 
corona currents on this insulator was greater than for 
the standard insulators. The positive current shows 
much less oscillation than the negative, and the duration 
of the positive current was observed to be much shorter 
than that of the negative. 

Metallic dielectric flux distributors on this special 
insulator greatly improved the characteristics from the 
standpoint of radio interference. The interference 
starting voltage was increased from slightly above 10 
kv. to 23.5 kv., and the maximum corona current at 
40 kv. was reduced from 40 to 11 microamperes. 
However, the voltage gradient was noted to be excessive 
at the edges of the metallic coatings on the head and in 
the pin-hole at 23.5 kv., which is only 61.6 per cent of 
normal operating voltage. 

Similar oscillograms were taken for a standard 70-kv. 
one-piece glass insulator without any treatment to 
prevent corona formation. These oscillograms show 
the same general corona current characteristics obtained 


corona current for this insulator operating on a three- 
phase transmission line at a line potential of 69.3 kv. 
Atmospheric conditions were representative and normal, 
air density being 1.006 and the absolute humidity 9.4 g. 
per cubic meter. 

Oscillograms reproduced in Fig. 4 show that when 
the ionization gradient is reached, the current rises to a 


with the standard porcelain insulator. Cathode ray 
oscillograms for a similar glass insulator with high 
resistance iridescent dielectric flux distributors on the 
head and in the pin-hole revealed no corona current 
for voltages up to 40 kv. when these coatings were in 
good condition. 

Oscillographic Study of Radio Receiver Output 


maximum value quite abruptly during the positive half 
cycle and decays rapidly with considerable oscillation, 
reaching zero practically coincident with the occurrence 
of maximum voltage on the insulator. During the 
negative half cycle the corona current does not reach 
its maximum value in so short a time interval as in the 
positive half cycle, the oscillations appear to be much 
more violent, and the corona current is sustained at a 
high value for a longer time. The higher sustained 
value of negative current is shown clearly by the fact 
that for the same line voltage the area under the nega¬ 
tive wave is greater than under the positive wave. 

Unfortunately the oscillograms do not show the 


In order to determine the value of the cathode ray 
oscillograms of insulator corona currents for indicating 
the interfering noise that will be produced in a radio 
receiver, a large number of both Duddell and cathode 
ray oscillograms was taken of the audio frequency 
output from a superheterodyne receiver. These were 
taken with the receiver tuned for a frequency of 1,000 
kc. and receiving only the radiation from the laboratory 
line equipped with one insulator. The circuit condi¬ 
tions and voltages used were the same as those employed 
when the cathode ray oscillograms of corona current • 
discussed previously were taken. 

A typical set of oscillograms for this portion of the 
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investigation may be seen in Fig. 5. In these the 
polarity and magnitude of the insulator voltage as welf 
as the audio frequency current output of the radio 
' receiver are"shown for the standard, three-shell, 66-kv. 
porcelain insulator for which corona current oscillo¬ 
grams were shown in Fig. 4. It should be observed 
that the oscillations in the audio output have fre¬ 
quencies reaching values of 5,000 cycles per sec., which 
is the natural period of oscillation for the oscillograph 
vibrator element. Therefore the amplitude indications 
are not very reliable. Notwithstanding this fact, the 
oscillograms show accurately the beginning of the 
corona discharge and quite accurately the end of the 
corona discharge with reference to each half cycle of 
the insulator voltage. At 14.1 kv. maximum, there is 
just the slightest trace of interference, occurring at 
practically the crests of the voltage waves. At 21.2 kv. 
maximum, the corona starts at a very small electrical 
angle and at 28.3 kv. maximum, it appears at the zero 
point of the voltage wave. For higher voltages the 
corona starts before the voltage wave reverses polarity. 
For all values of voltage the corona discharge stops at 
the crest of the voltage wave. This is shown by the fact_ 
that at that point the oscillations stop. At the higher 
voltages the smooth decay of current following the 
oscillations is due to the recovery of the receiving set 
from overloading. 

The phenomenon of obtaining critical ionizing voltage 
gradients on the insulator at zero, and even with op¬ 
posing conductor potentials, is due to the large space 
charge established in the space and on the insulator 
surface surrounding the conducting materials where 
ionization has taken place during the previous half 
cycle. This is brought out in greater detail in the fol¬ 
lowing discussion. 

A Theory of the Formation of Insulator Corona 

A theory of the phenomena associated with corona 
formation on an insulator can be developed by assuming 
the initial half cycle of conductor voltage to be either 
positive or negative. For the following discussion the 
initial polarity is assumed to be negative and the 
ionization of the air surrounding the conducting parts 
and in zones of high voltage stress is assumed to be only 
the normal atmospheric value at the instant the voltage 
first is applied. 

During the initial negative half cycle, the dielectric 
field of the negatively charged conductor repels the free 
electrons and negative ions in the regions of high volt¬ 
age gradient; when the critical ionizing voltage gradient 
is reached, they bombard the air molecules with such 
violence that ionization by collision results. The 
additional electrons and negative ions produced by 
collision are repelled from the conducting material 
by the electric field, and form the major part of an out¬ 
side negative space charge. The heavy immobile 
positive ions move relatively slowly toward the con¬ 
ductor in the regions of ionization. In this manner 


■* * 
n 

corona increases and the positive ion space charge that 
accumulates duetto the relative immobility of the posi¬ 
tive ions subtracts from the negative field of the 
conductor until the crest of the voltage wave is reached. 
At this point ionization stops because the space occu- 



Fig. 4—Cathode Ray Oscil- Fig. 5—Insulator Voltage 
LOGRAMS OF CORONA CURRENT (60-CyCLE) AND OUTPUT OF 
for a Standard 66-Kv. Radio Receiver Showing 
Porcelain Pin Type Insu- Noise from Corona on Insu¬ 
lator lator of Fig. 4 


Insulator kv. 
conductor to pin 



r.m.s. 

maximum 

Test conditions (Figs. 4 and 5) 

A—. 

..10.* 

. ..14.1 

Barometric pressure. 

. . 756.0 mm. 

B—. 

. .15... 

. . .21.5 

Temperature, dry bulb... 

.. 21.6 deg. cent. 

C—. 

. . 20.. . 

. . .28.3 

wet bulb... 

.. 15.3 deg. cent. 

D— 

...25... 

...35.4 

Relative humidity. 

. , 50.0 per cent 

E—. 

. .30. . . 

...42.5 

Absolute humidity. 

.. 94.0 g. per cu.m. 

F—. 

. .35... 

...49.5 



a— . 

. ..40... 

...56.6 




pied by the corona is completely ionized; the volt¬ 
age gradient at the outside boundary of the corona 
discharge is just equal to the critical value and must 
decrease below this value as the conductor voltage 
decreases. For the negative conductor condition under 
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consideration the positive space charge limits the corona 
to a comparatively small discharge distance. Many of 
the free electrons are swept out of the ionization zone 
and the loss of positive ions by recombination adjacent 
to the conductor thereby is reduced to a relatively 
small number. Large numbers of positive ions always 
are present therefore adjacent to the conductor; this is" 
such a favorable position that a comparatively small 
positive space charge will reduce greatly the field of a 
large negative conductor voltage at the outside bound¬ 
ary of the corona discharge. 

After the negative voltage wave passes the crest and 
starts to decrease, the negative space charge at the 
outer boundary of the corona no longer is replenished 
by new ionization; hence it begins to diffuse and be lost 
by recombination. This action releases the positive 
space charge and allows it to move more rapidly back 
toward the conductor, which movement tends to in¬ 
crease the gradient in the space between the positive 
space charge and the conductor. Because of the de¬ 
crease in conductor potential, ionizing voltage gradients 
prior to actual reversal of conductor potential are 
reached only when the space charge is very large. The 
latter phenomenon does occur, however, for all maxi- ' 
mum applied voltages in excess of approximately twice 
the maximum visual critical corona voltage. 

\\hen the conductor voltage reverses and becomes 
positive after the described phenomena have taken 
place, the dielectric flux of the residual positive space 
charge adds to the field of the positive potential on the 
conductor. The addition of those fluxes causes the 
critical ionizing voltage gradient to occur at lower and 
lower values of instantaneous positive conductor volt¬ 
ages as the maximum conductor voltage is increased 
above the visual critical corona value. The resultant 
positive field accelerates the electrons in the surrounding 
space, and when high velocity collisions occur with 
molecules of air, ionization is produced. Large numbers 
of the electrons liberated are swept from the field and 
removed by the conductor, leaving more immobile 
positive ions to add to the positive space charge, 
his increase in space charge increases the dielectric 
ux density and extends the ionizing voltage gradient - 
o a far greater distance from the conductor than would < 
Wh P ° S f? Ie wlth J the conductor voltage acting alone. 

., 6n ^ Crest , of th f Positive voltage wave is reached, 

\ o age gradient is at maximum and the corona dis- 

LcomnW? becaus ® th \ space occu P ied by the corona « 

“ iSSSS 7 the deCrease in the cohductor i 

coMuctnr T 5 10m lf 10n at a § Teater distance from the c 
decreases it AS the conductor Potential < 

field? 2-fbit ^ uf W Space Charge Potential and a t 
The fieldi b 6611 SpaCe Charge and conductor. ( 

Conductor vnS 68 VOltage gradients before the r 

, ' oI tage reverses, when the space charge v 

msStaS Z T7 h f' L This Phenomenon occurs for p 
?£* T ° lta8 ? “ “ f approximately { 
ximum visual critical corona voltage. c 


ft . 

During the rise in voltage on the positive'half cycle 
* a much larger positive space charge is established than 
that produced during the same f period of the negative 
half cycle. This is because when the Conductor is 
positive, the positive space charge flux adds to the 
conductor field and extends the ionization gradient, 
when it is negative, the positive space charge flux 
subtracts from^ the negative conductor field at the 
outside corona boundary. 

When the conductor voltage reverses and becomes 
negative following the establishment of a large positive 
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Fig. 6—Insulator Voltage (60 Cycle) and Output op 
Radio Receiver Showing Much More Interference During 
the Negative than During the Positive Half Cycles. 

orcelain Insulator (66 Kv.) with Silver and Bismuth 
ooating on Head and in the Pin-hole 


Insulator kv. 
conductor to pin 


Barometric pressure.760 0 mm 

Temperature dry bulb.21.5 deg.'cent. 

_ . , wet bulb. 16.0 deg. cent. 

Relative humidity. 56.0 per cent 

Absolute humidity. 10.6 g. per cu.m. 


space charge in the manner just described, a very high 
voltage gradient is produced between the negative 
conductor and the residual positive space charge be¬ 
cause of the very short distance between them. When 
this voltage gradient reaches the critical ionizing value 

Tk 0< iT bef ° re the V0ltage actuall y becomes 
negative) breakdown occurs in the form of minute arcs 

which neutralize the space charge. These corona arcs • 

produce sudden changes in the electric circuit conditions, * 

thereby causing high frequency oscillations of a violent 
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Radio Interference from Positive and Negative 

Corona 

Near the critical corDna formation voltage the electric 
7 circuit oscillations and the electromagnetic radiation 
resulting from them are inherently much worse for 
60-cycle a-c. circuits when the conductor is negative 
than when it is positive. Theoretical considerations 
outlined in the preceding paragraphs indicate that this 
condition is to be expected and experimental investiga¬ 
tions show a very decided polarity effect under certain 
conditions. For the special 66-kv. porcelain insulator 
with silver and bismuth coatings on the head and in the 
pin-hole, oscillograms taken show a very striking polarity 
effect in the interference radiation. (See Fig. 6.) 

From the experimental investigations it appears that 
the marked difference in radio interference when the 
line is positive and when it is negative, respectively, can 
be observed only when the insulator has a definite 
critical corona formation voltage. When the voltage 
is increased far above this critical value, the polarity 
effect becomes less marked and at still higher voltages 
probably would disappear almost entirely. This 
phenomenon accounts for the fact that practically no. 
interference polarity effect was observable in the tests 
on standard insulators. (See Fig. 5.) On such insula¬ 
tors there is a heterogeneous group of visual, critical 
voltage gradients that cause corona to form in small 
areas at various locations for every different value of 
insulator voltages from approximately 25 per cent 
normal operating voltage up to the flashover value. 
There the polarity effect is obscured because when 
sufficient voltage is applied to produce appreciable 
corona on the insulator, the regions that go into corona 
at low voltage are subjected to an excessive voltage 
gradient and therefore produce practically the same 
interference on both positive and negative half cycles. 

Summary 

The findings of this study may be summarized as 
follows: 

1. Standard multi-shell pin type insulators of con¬ 
ventional design are susceptible to corona formation 
at three different points. 

2. Radio interference and visible corona formation 
for clean insulators start at the same voltage. 


3. Radio interference from insulator corona may be 
reduced by (a) designing the insulator so as to eliminate 
regions of overstressed air; (b) providing conducting 
coatings on different parts to act as dielectric flux dis¬ 
tributors; and (c) displacing the overstressed air with 
an insulating compound. 

4. Insulator corona current can be separated from 
the charging current and studied independently by 
means of the cathode ray oscillograph. 

5. Duddell oscillograms of the line voltage, and the 
audio frequency output of a radio set receiving the 
radiation from an insulator or other source of corona, 
provide an excellent means for studying certain corona 
characteristics. 

6. The radio interference radiation from an insula¬ 
tor having a definite critical corona voltage shows a 
decided polarity effect for all corona voltages up to ap¬ 
proximately twice the critical disruptive value. 
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Synopsis . From the charge and discharge currents of any type 
of dielectric under continuous potential it is possible to predict accu- ' 
rately the loss , power factor and capacity at 60 cycles. This is done 
by an empirical determination of the equation for the relaxation 
function of the dielectric at a given temperature , followed by the 
* application of von Schweidler’s method . The method developed is 
available at any frequency , provided that the continuous potential 
charge and discharge currents may be measured over initial time 
intervals comparable with the alternating period. 

It is shown that agreement of the relaxation function with the t~ n 
expression is not general , but on the contrary , it is confined to dielec¬ 
trics showing negligible or no irreversible conduction. The inade¬ 
quacy of the t- n expression is proved on experimental and analytical 
reasons. Chief among them is the failure of the t~ n expression to 


predict accurately the variation of dielectric loss with frequency. 

A convenient and sufficient expression for the relaxation function 
is shown to be a sum^of three exponentials. Further , experiment and 
analysis prove that the method of three exponentials predicts accu¬ 
rately the a-c. behavior of a dielectric at 60 cycles. 

The usual forms of irreversible conduction encountered are defined 
and classified. The case where the initial constant current does not 
obey Ohm’s law has been considered analytically in its contribution 
to the a-c. behavior. 

The manner in which the complete a-c. behavior of a dielectric is 
accurately predicted from suitable d-c. measurements is illustrated by 
three typical sets of experimental data ; paper , oil, and impregnated 
paper. 

***** 


Introduction 

T HE purpose of this paper is to give the experimental 
proof that the a-c. behavior of a dielectric at 60 
cycles may be accurately predicted from suitable 
d-c. measurements. The fact that dielectric loss may be 
explained in terms of reversible absorption, or residual 
charge, and anomalous conduction, as observed under 
continuous potential, has led to several well known ex¬ 
tensions to the alternating case^ of various theories 
of dielectric absorption. Notable among these are 
Wagner’s 1 extension of Maxwell’s stratified dielectric 
and von Schweidler’s 2 extension of Pellat’s theory, 
von Schweidler has deduced the expression for the di¬ 
electric loss in an alternating field from the'equation of the 
empirical absorption current-time relation as observed 
under continuous potential. The work of F. Tank, 3 
1915, apparently represents the first effort made using 
von Schweidler’s method for a direct check between 
measured and computed losses. Since then other 
checks on this method have been made by Whitehead, 4 
Benedict, 5 and others. This paper discusses further the 
possibilities and limitations. 

The continuous potential measurements, using the 
amplifier-oscillograph, give records on photographic 
films of the charge and discharge current-time relations 
for the interval of time 0.001 to 0.040 sec. after the ap¬ 
plication of voltage or of short-circuit. The geometric 
transient, both on charge and discharge, confined by 
choice of circuit constants to extremely short intervals 
of time is, therefore, absent from such records. This 
permits the accurate determination of the reversible 
absorption current directly from the discharge records 

*Deart, School of Engg., Johns Hopkins University, 
tResearch Assistant, JohSs Hopkins University. 

Presented at the Winter Convention of the A.I.E.E., New York 
N. Y., January 25-29, 1982. ’ * 


and of the irreversible conduction current as the differ¬ 
ence between the corresponding ordinates of charge and 
discharge. 6 The usual measurements of charge and dis¬ 
charge current taken with a galvanometer and beginning 
about a minute after the application of voltage or of 
short-circuit, give values which in most cases have no 
bearing on the a-c. behavior at commercial frequencies. 
The condition for suitable d-c. measurements for the 
accurate prediction of the a-c. behavior is that the range 
of time covered by the d-c. measurements must be of 
the same order of magnitude as the period of the alter¬ 
nating wave. 

von Schweidler’s Analysis 

_ The several components of alternating current in a 
dielectric at a given frequency may conveniently be 
represented in a vector diagram. Fig. 1 shows the 
familiar Wagner diagram for a capacitor exhibiting the 
anomalous properties of reversible absorption and irre¬ 
versible conduction in addition to the normal property 
of specific inductive capacity, von Schweidler’s method 
permits the computation from the curves of d-c. charge 
and discharge currents of each of the separate com¬ 
ponents,. thereby giving dielectric loss, phase difference, 
and the increase in capacity due to absorption. Under 
continuous potential the irreversible conduction current 
is usually characterized by a constant initial conduc¬ 
tivity which is independent of the applied stress for low 
stresses and which is almost invariably larger than the 
final or normal conductivity. The contribution of the 
initial irreversible conduction to the alternating case is 
discussed in a later section. Reversible absorption 
under continuous potential is characterized by a decay¬ 
ing current function of time 

ir(t) = ECo4>(t ) (1) 

where E is the applied voltage, C 0 the geometric ca- ' 
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pacitance, and <j>(t) the relaxation function correspond¬ 
ing to the dielectric at a given temperature; it is mea¬ 
sured directly in the d-c fc discharge curve. Equation (1) 
^embodies Curie's 8 well known laws; namely, that the 
ordinates of the absorption current-time relation be 
directly proportional to the applied voltage and to the 
dimensions of the capacitor. If these laws are obeyed 
then the Hopkinson 7 -Curie 8 principle of superposition 
is applicable to the determination of the current under a 



PIG. 1 — VECTOR. DIAGRAM OF A CAPACITOR SHOWING 
REVERSIBLE ADSORPTION AND IRREVERSIBLE CONDUC¬ 
TION IN ADDITION TO SPECIFIC INDUCTIVE .CAPACITY 

Current Vector Contribution of 

10 Geometric Capacitance 

I r Reversible Absorption 

11 Irreversible Conduction 

varying voltage, von Schweidler’s fundamental equa¬ 
tion for the current, as dependent on any e.m.f. varia¬ 
tion E(t) in the past, and as based on the principle of 
superposition, is 

r d 

lit) = E(o)4>(t) + J —j—E{r)<t>{t- t) dr (2) 

O 

which he applies to determine the steady state for the 
case of the alternating sinusoidal applied potential. The 
additional admittance contributed to a capacitor by 
reversible absorption, in complex notation, is shown to 
be: 

Y r = coC 0 (B + iA) 
where co = 2 7 r X frequency and 

CO 

A = f cos cot . <j>(t) . dt } 

CO j 

B = f sin cot . 4>(t) . dt J 

O 

The Relaxation Function 
Hopkinson, Curie, Tank, and others have reported ex¬ 
perimental agreement of the relaxation function with 
the expression: 

(5) 


(3) 

(4) 


von Schweidler gives in this case the values of the in- 
'‘finite integrals of (4), as: 

(1 — n)7r 


A = co n “ 1 /3r(l — n) cos~ 
converges for 0 < n < 1 
B = co^jST (1 — n) sin- 


(1 — n) tv 


( 6 ) 


converges for 0 < n < 2 J 

In all the cases mentioned above the values of n given 
lie between 0 and 1. Benedict 5 shows from experiments 
with solid dielectrics the same type of agreement up to 
100 milliseconds. Whitehead, 4 however, has reported 
several cases of values of n> 1, which introduces a 
serious objection to the use of the type of relaxation 
function given in equation (5). As an example, in tests 
on commercial abietic acid over a range of temperature, 
Whitehead 9 has found that the discharge current-time 
relation is of the t~ n type with values of n ranging from 
0.1 to 2.5. 


In spite of the wide spread experimental agreement 
with the t~ n expression it is found to be inadequate for 
the accurate prediction of the a-c. behavior for the 
following reasons: 

1 . Analytically, when n> 1 , the value of the A inte- 
graljn (6) above does not converge and it becomes im- 



M1LLISEC0NDS 

FIG.?-VARIATION WITH VOLTAGE Of CHARGE AND DIS¬ 
CHARGE CURRENT-TIME RELATIONS AT G0°C. DRY PAPER 
SPECIMEN A7. ILLUSTRATES AGREEMENT WITH t" n 
EXPRESSION FOR VALUES 0F-n>i. 


Charge 

Discharge 


possible to compute the increase in capacity due to 
absorption. 

2. Examination of the expression for the B integral 
discloses a mode of variation of power factor with fre¬ 
quency which is contrary to both theory and experi¬ 
ment. The computed power factor will decrease, re¬ 
main constant, or increase with frequency depending on 
whether the value of n is less than one, equal to one, 
or greater than one, but in no case will it show a power 


m =P t~' 
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*■ w 

ldUccep a S“Zrie s reqUired by eXP “ en “ based ° n . for "Wch the A and B integrals of (4) beeom, 

3. Experimentally, the negative power of time calling A = ~~~ + + . ' a ^ n 

as it does for infinite current at zero time, gives rise to w2 + “ l2 * « 2 „ + &n 

computed losses which are usually in excess of the mea¬ 
sured losses. 


4. Finally, the t 11 expression is by no means general, 
for noted departures are found in many cases. 

Fig. 2 gives the current-time relations at three volt¬ 
ages for a specimen of dry, unimpregnated paper show- 



timf at7S£ 0L '!?& c of discharge current 

TIME DELATIONS AT 60°C IMPREGNATED PAPER SPECIMEN! 
C7 ILLUSTRATES DEPARTURE FRGM t^^PRESSIOM 


ing agreement with f-» expression for n > 1. Dielectric 
loss in dry paper specimens is entirely due to reversible 
absorption as evinced by the equality gf charge and dis¬ 
charge currents. ^The irreversible conduction current 
even at 60 deg. cent, is too small to be detected by the 
amplifier-oscillograph. Fig. 3 gives the corresponding 
discharge current-time relations for the same paper 
specimen after impregnation with an oil whose electrical 
properties are described later. Note in this case the 
decided departure of the absorption (discharge) current¬ 
time relation from the t -» expression. We find in 
general, that if a capacitor exhibits charge and discharge 
curves which are identical, that is, if its dielectric loss 
is due entirely to reversible absorption, then the em¬ 
pirical current-time relation obeys the negative power 
law of equation (5). If, on the other hand, a capacitor 
shows measurable irreversible conduction, or if it is 
made to acquire it, either through elevation in tem¬ 
perature or as in the case of a paper specimen, through 
impregnation, then the observed discharge current-time 
relation will differ materially from the simple t~ n 
expression. 


The Method op Three Exponentials 

A more general expression for the relaxation function 
which is not open to the analytical objections of the 
t~ n type is a series of exponentials of the form 

= fiie ait + /3 2 e ~ a - 1 -(- . . . +/3„e (7) 


B= _f fo — “ft , aft. 

« w 2 + ar o > 2 + a 2 2 ' o > 2 + cc „ 2 

* ^ 
Hopkinson, Steinmetz, Wagner, and others have found 
that three terms of equation (7) usually will suffice to 
express the empirical equation for the observed relaxa¬ 
tion function. 

b The resolution of a given observed current-time rela¬ 
tion into the sujn of three exponentials is indeterminate 
and the two constants of each term may take wide 
ranges of values. Analytically this means that a set of 
six constants corresponding to the three exponentials is 
so chosen that the resultant equation will be satisfied by 
any six given points of the observed current-time rela¬ 
tion. This implies six simultaneous equations involving 



transcendental functions, the solution of which can only 
be obtained by graphical means. To illustrate with a 
concrete example, consider the 1,500-volt curve of 
Fig. 2 and resolve it into three exponentials by the 
method of successive residuals as outlined by J. Lipka. 10 

1. Redraw the curve in semilogarithmic coordinates; 
that is, the logarithm of the current against the time in 
seconds. This is shown by the original curve in Fig. 4. 

2. At any arbitrarily chosen value of time, say 12 
milliseconds in this case, draw a tangent to the curve 
terming this straight line the first exponential 





June 1932 *» 


395 


PREDETERMINATION OF THE A-C. CHARACTERISTICS OF DIELECTRICS 


3. By subtracting the corresponding ordinates of the 
first exponential from the original curve obtain the first 
residual (see Fig. 4). E}raw a tangent to this curve and 

, note that its->position is no longer arbitrary, but is de¬ 
fined by the later part of the curve with points lying in a 
straight line. This straight line is termed the second 
exponential. 

4. By subtracting the corresponding ordinates of 'the 
second exponential from the first residual obtain the 
second residual, which this time is completely defined by 
a series of points lying in a straight line and constituting 
the last and third exponential. Obviously, if the second 
residual had not been expressible as a straight line it 
would have been necessary to continue the method to a 
fourth or even a fifth exponential. In practise, however, 
this is seldom the case. 

5. For each exponential the intercept on the current 
avis is a measure of the constant multiplier 0 and its 
slope a measure of the inverse time constant a. This 
permits the computation of the empirical current-time 
relation and its direct comparison with the observed 
curve. Table I gives such a comparison showing re- 


Equations (10) show the dependence of the computed 
a-c. behavior on the values of the A and B integrals. 
These, however, for a given dielectric at a given tem¬ 
perature are functions of the constants a and 0 and also 
of the frequency. It therefore becomes important to 
examine how wide a range of choice of the constants a 
and 0 as related to the frequency is permissible for agree¬ 
ment of computed and measured values. Assume there¬ 
fore for simplicity a current-time relation of a single 
exponential term and examine the theoretical variation 
with frequency of the A and B integrals which now 
become: 


A(co) = 


CK0 

03- + a- 


B(co) = 


C00 

CO 2 + a 2 


( 11 ) 


By change of variable 



a 


( 12 ) 


TABLE I—COMPARISON OF OBSERVED AND CALCULATED 
VALUES OF CURRENT. THE METHOD OF THREE EX¬ 
PONENTIALS. CHARGE AND DISCHARGE CURRENT¬ 
TIME RELATION AT 1,500 VOLTS 
Dry Paper Specimen A-7 at 60 deg. cent. 

Exponential ot i ( o) 

(1) . 69. 0.33 X 10- 6 

(2) . 500.1.45 X 10“® 

(3) . 1,787.5.00 X 10“® 


Current: microamperes 



Calculated 


Observed 

seconds 


h (o)e -a 2 * 

13 ( 0 ) 

i (0 

m 

0.002... 

..0.2875.. 

..0.5335.. 

..0.1402... 

..0.9612.. 

....0.960 

0.004... 

..0.2504.. 

..0.1962.. 

..0.0039... 

..0.4505.. 

....0.450 

0.006... 

..0.2181.. 

..0.0722.. 

..0.0001... 

..0.2904.. 

. . ..0.290 

0.008... 

..0.1900.. 

. .0.0266.. 

. . — . . . 

..0.2166.. 

. . ..0.215 

0.010... 

..0.1655.. 

..0.0098.. 

. . — . . . 

..0.1753.. 

. . ..0.171 

0.012... 

..0.1442.. 

. .0.0036.. 

. . — . . . 

..0.1478.. 

....0.145 



FIG.5-VARIATION WITH FREQUENCY OF THE IN PHASE AND 
QUADRATURE COMPONENTS OF A SINGLE EXPONENTIAL. 


markable agreement for the range of time investigated. 

From equation (3) the components of current con¬ 
tributed by reversible absorption at a given frequency 
and voltage are: 

Quadrature component 1/ = A/ 0 " 1 

( 9 ) 

In phase component J/ = BI 0 " ‘ 

where I 0 " = gjECo, see Fig. 1, and where the A and B 
integrals are computed for a given frequency from the 
constants of the three exponentials by means of equa¬ 
tions (8). The above values now permit the computa¬ 
tion of the contribution of reversible absorption to the 
a-c. behavior, since A and B are simple functions of the 
a’s and 0’s. Thus we have: 

Phase defect angle tan 4 , r = 

Dielectric loss W r = 

Apparent capacitance C' = 


B 


1 + A 

UlE^CoB 
Co(l H~ -4) 


( 10 ) 


obtain the relations 


A(u) = x- e~ u sech u 

2 a 


B(u) 


2 a 


* (13) 


sech u 


which when plotted as shown in Fig. 5 are useful in 
showing the symmetry of the functions. The contribu¬ 
tion to the in-phase component attains a maximum 
equal to 0/2a at a value of frequency for which oj = a. 
The value of J3(co) falls off rapidly as the ratio co/a 
departs either side from unity. For example, an expo¬ 
nential giving its maximum contribution to the in-phase 
component at co = 100 would* contribute only one- 
tenth of the maximum value at either u = 5 or u 
= 2,000. This is readily deduced from Fig. 5. The 
variation with frequency of the in-phase component for 
a relaxation function expressible as the sum of several 
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exponentials is given by the summation of a n um ber of 
curves of the type B(u) in Fig. 5, corresponding to the 
several exponentials. We have found that the maxi¬ 
mum of a fourth exponential that might be introduced 
occurs at a # frequency far from the frequency being 




studied, and that its contribution to the total in-phase 
component is negligitje. The maximum of each con¬ 
tribution occurs at a value of co equal to the inverse 
time constant a of that exponential. Therefore only 
the exponentials with values of a in the neighborhood of 
m at the frequency at which correlation is intended 


contribute an appreciable amount to the*’ loss com¬ 
ponent B(u>). Thus for agreement between measured 
and computed losses at 60 cycles, where « = 377, the 
values of a range approximately from 50 to 2,000. The, 
same reasoning may be applied to examine the time 
range within which the d-c. measurements will give 
accurate prediction of the a-c. behavior. It shows that 
the values of the a’s obtained for the three exponentials 
must range in the neighborhood of the value of co cor¬ 
responding to the frequency at which correlation is 
intended. This means that the range of time covered 
by the d-c. measurements must be of the same order of 
magnitude as the period of the alternating wave. 

Accuracy op the Method 

It has been stated that the resolution of a current¬ 
time relation into three exponentials is quite indeter¬ 
minate. The constants of the three exponentials depend 



entirely on the value of time to, of the empirical dis¬ 
charge current-time relation, at which the first tangent 
is drawn. Fig. 6 illustrates the point for the current¬ 
time relation of Fig. 4 showing the first tangent drawn 
at two different values of to with the shaded areas indi¬ 
cating in each case the neglected portions of the curve. 

Figs. 7, 8 and 9 give respectively for each exponential 
the variation with to of the inverse time constant a, 
the constant multiplier 0, and their ratio 0 /a. This 
ratio is shown in Fig. 5 to be a measure of the maximum 
contriDutions to the in-phase and quadrature components 
with varying frequency. Figs. 7 and 8 are significant 
in pointing out the definite dependence of the a and 3 
constants on the chosen value of to, while their ratio, 
as shown by Fig. 9, is found to be essentially indepen-' 
dent of to at least for the first and second exponentials. 
The upper curve of this figure gives the summation of 
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the three ratios, •which is seen to be independent of £ 0 . stants of the three exponentials. They s£rve merely as 
From Fig* 5 and the equation ( 10 ) for the apparent # an empirical means of computing the a-c. behavior, 
capacitance it follows that this summation gives a mea- It is apparent from Fig. 10 that the optimum value of t 0 , 
sure of the dielectric constant at zero frequency, ei, in lies in the neighborhood of the period of the alternating 
“terms of the geometric dielectric constant, e 0 , at infinite wave thus corroborating from another point of view the 
frequency. Specifically, the relation is criterion of what constitutes suitable d-c. measurements. 


Ci — €q 


Co 


fil , P2 , $3 

+ ~r 

oli a 2 <23 


(14) 


That this summation should prove independent of t 0 
further corroborates the sufficiency of three exponentials. 

While the constants of the three exponentials are 
definitely functions of t 0 , the total contribution to the 



t 0 = MILLISECONDS 

F16,B-VARIATION WITH “t'J OF THE RATIOS (V*, , 

(V«2* lVc< 3 , AND THE1K - SUMMATION, (e r 0/€ 0 



FI6.10-* CONTRIBUTION OF REVERSIBLE ABSORPTION AT 
1500 VOLTS, GO CYCLES. VARIATION WITH ‘‘t 0 " OF THE 
IN PHASE COMPONENT OF CURRENT (ii.) SHOWING 
THE-CONTRIBUTIONS OF EACH EXPONENTIAL. 


a-c. behavior, as given by the in-phase and quadrature 
components of current at a given voltage and frequency, 
is essentially independent of t 0 for a limited range of 
values. This is illustrated in Figs. 10 and 11 which 
show that for t 0 beyond six milliseconds the in-phase 
and quadrature components are essentially constant 
even though the separate contributions of each ex¬ 
ponential may vary widely. This is particularly true of 
the in-phase component, Fig. 10, which is a measure of 
* the power factor, and therefore the one most readily 
checked by experiment. No physical significance is to 
be attached to the actual numerical values of the con- 


* Irreversible Conduction 

The irreversible conduction current as observed under 
continuous potential with the amplifier oscillograph for 
some of the cable oils tested is characterized by an initial 
current which remains constant for approximately one 
second and then decays with time until it merges into 
the final conductivity. This initial constant current, 
when it obeys Ohm's law, gives directly the value of the 
in-phase component of current at the same effective 



t 0 : MILLISECONDS 

FI6.U-CONTRIBUTION OF REVERSIBLE ABSORPTION AT 
1500VOLT5, GO CYCLES. VARIATION WITH ‘V OF THE 
QUADRATURE COMPONENT OF CURRENT fir) OH0WIN6 
THE CONTRIBUTIONS OF EACH EXPONENTIAL. 

voltage. See Whitehead , 11 "The Conductivity of Insu¬ 
lating Oils, IF 7 for a complete account of tjiis initial 
conductivity. 

In some of the impregnated paper specimens tested 
the irreversible conduction current does not obey Ohm's 
law, although it is still characterized by an initial con¬ 
stant conductivity. In such cases the irreversible con¬ 
stant current increases faster than the voltage tis illus¬ 
trated by the typical example shown in Fig. 12. For 
analytical purposes express the observed current-voltage 
relation by means of the power series: 

i(e) = ae + be* + ce? + . . . (15) 

in which the coefficients may <be directly determined 
from the observed current-voltage relation. To facili¬ 
tate this, however, express the above relation thus: 

i{e) = 7 sinhpte (16) 
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where the 7 fx constants are cSose«n to give the best 
agreement with the observed curve within the voltage 
range required. Obviously fx is a function of the tem- # 
perature alone while 7 is a function of the temperature 
and the dimensions of the capacitor. Expand equation 
(16) into a series 



in which higher powers than the fifth may be neglected. 

To obtain the current-time relation for the alternating 
ease substitute for the value of e in equation (17) its 
expression as a periodic sinusoidal function of time. 
This results in a power series of sin a, where a — (coZ 
+ Q), in which all the higher powers of sin a: may be 
broken up into harmonic components by means of 
Fourier's series. Thus, departure from Ohm's law 
causes distortion of the current wave in which the fun¬ 
damental term alone is of interest, when power factor 
and dielectric loss measurements are made with a 
bridge network employing a tuned vibration galva¬ 
nometer or an a-c. galvanometer whose field exhibits only 
the fundamental. Using effective values of current and 
voltage and calling 7/ (Fig. 1) the effective value of the 
fundamental component of current contributed by irre¬ 
versible conduction obtain from the above analysis'the 
expression: 

7 fjJE 

J.r = — [1 _]_ cosh /xE ] (18) 

which is valid only when higher powers than the fifth 
may be neglected in equation (17). 

It must be noted that the current contributed to the 
a-c. behavior by irreversible conduction is exactly in 
phase with the applied voltage and independent of the 
frequency. Letting I" (Fig. 1) be the charging current 
as measured at a given frequency and voltage, the con¬ 
tribution of irreversible conduction to the a-c. behavior 
is as follows: 

Phase defect angle tan = -~- 

< (19) 

Irreversible loss. W { = El / 

where IT is given directly by the initial constant current 
under continuous potential when Ohm’s law is obeyed 
or is computed by (18) when the non-linear current- 
voltage relation is determined according to equation 

(17). Table II gives the computed variation of power 

% 

TABLE II—VARIATION WITH VOLTAGE AND TEMPERATURE 
OF POWER FACTOR DUE TO IRREVERSIBLE CONDUCTION. 

NON-LINEAR CURRENT-VOLTAGE CHARACTERISTIC 
Impregnated Paper Specimen C-7 


Temp. 

y 

Amp. X10~ 8 

•JL 


Power factor 


deg. cent. 

500 volts 

1,000 volts 

1,500 volts 

30. 

. . . 9.5. 

.0.00082. 

. . .0.00016. 

. ..0.00017... 

. .0.00020 

45. 

...20.4. 

.0.00076. 

. . .0.00035. , 

. ..0.00039... 

. .0.00047 

60. 

...50.8. 

.0.00072. 

. . . 0.00082.. 

..0.00090... 

.0.00104 


factor with voltage and temperature for the typical 
example shown in Fig. 12. * * . 

Experimental Procedure 

Continuous potential measurements artd correspond-, 
ing 60-cycle a-c. measurements were made on a number 
of samples of oil, paper, and impregnated paper at volt¬ 
ages of 500, 1,000, and 1,500, and at temperatures of 
3<J, 45, and 60 deg. cent. For a complete description of 
the constant temperature, drying, impregnating, and 
measuring tanks and of the test specimens see White- 
head and Kouwenhoven , 12 “Fundamental Properties of 
Impregnated Paper.” 

The measurements under continuous voltage include 
the determination of the charge and discharge current¬ 
time relations $ith the aid of the amplifier-oscillograph. 
The amplifier increases the normal sensitivity of the 
electromagnetic oscillograph 10 s times, giving a deflec¬ 
tion on the photographic film of 1 mm. per 4 x KH 



VOLTS 

PIG. 12*-VARIATION WITH T E MPE.RATUR.E OP 
CURR.ENT-VOLTAQE RELATIONS fOR. THE INITIAL 
CONSTANT, IRREVERSIBLE CONDUCTION 
CURRENT IMPREGNATED PAPER. SPECIMEN C7. 

amperes. The further development of the amplifier 
oscillograph, as applied to this work, is described by 
S. K. Waldorf 18 in a separate paper. 

The a-c. measurements include the determination of 
power factor and apparent capacitance using a modified 
Schering bridge whose power factor sensitivity is 
±5 X 10~ 6 . The development, theory, and special 
features of this bridge are described in a separate paper 
by Kouwenhoven and Banos . 14 

Experimental Results 

Paper Specimens. Dry paper specimens reveal a di¬ 
electric loss due entirely to reversible absorption; that 
is, the irreversible conduction current is not measurable 
as shown by the equality of charge and discharge cur¬ 
rents in Fig. 2. Fig. 13 gives a typical pair of oscillo¬ 
grams at a given temperature and voltage. From such, 
oscillograms are computed the current-time relations 
shown in Figs. 14 and 15 which illustrate the respective 
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variations jrith Voltage and temperature. The insert 
in Fig. 14 shows how closely Curie’s law is obeyed, while 
the insert in Fig. 15 illustrates the variation of the cur¬ 
rent ordinates.with temperature. 

Table III gives the variation'with temperature of the 
a and /S constants of the absorption current-time rela¬ 
tion for the dry paper specimen before and after im¬ 
pregnation with an oil whose electrical characteristics 
are described in the next section. Interesting changes 
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FIQ.l4-VAR.tA.TI0N WITH VOLTAGE OF CHAR6E AND 
DISCHARGE CURRENT-TIME RELATIONS AT «0°C 
DRT PAPER SPECIMEN A7. 


of the constants are noted as result of impregnation. 
These differences are best appreciated by direct com¬ 
parison of Figs. 2 and 3. Table IV gives the correlation 
of a-c. and d-c. measurements for the whole range of 
temperature and voltage explored. Note that in general 
the agreement between computed and measured losses 
•is very close. 

Oil Specimens. Fig. 16 gives a set of typical charge 
oscillograms at 1,500 volts and at 30, 45, and 60 deg. 


TABLE III—VARTATION WITH TEMPERATURE OF THE 
AVERAGE “a" AND CONSTANTS IN THE EMPIRICAL 
CURRENT-TIME RELATION 



m = 

£Co{ 

/3 L e-ai* 

+ 0‘ie- 

■a 2 t + foe’ 

~Ci3 1 J, 




Temp. 

Co 







Specimen 

deg.cent. 


0i 

02 

03 

Oil 

0 L 2 

Oiz 

Dry paper 

30. . . 

741. 

.0.52 . 

.2.52 

..10.32.. 

.112. . 

. .638. . 

. .2,160 

" A-7. 

45. . . 

751. 

.0.40 . 

.1.93 

.. 6.49.. 

. 94. . 

. .614.. 

. .2,067 


60. . . 

760. 

.0.31 . 

.1.37 

. . 4.09 . 

. 77. . 

. .553.. 

. .1,797 

Impregnated 

30. . . 

1,191. 

.0.49 . 

.2.33 

. . 6.70.. 

. 95. . 

. .570. . 

. .1,827 

paper C-7 

45. . . 

1,200. 

.0.44 . 

.1.92 

. . 6.34. . 

. 59. . 

. .561. . 

. .2,030 


60. . . 

1,209. 

.0.55 . 

.1.32 

. . 3.13.. 

. 30. . 

. . 490. . 

. .1,635 


cent, for the cable oil used to impregnate the above 
paper specimen. It is noted that the charge current is 
characterized by a large initial constant current which 
accounts for the major part of the loss. Superimposed 
on this initial current is a smaller decaying current func¬ 
tion of time which is reversible and, therefore, attribu¬ 
table to dielectric absorption in oil. Fig. 18 shows the 
variation with temperature of the charge and discharge 



FIG. 15- VARIATION WITH TEMPEK.ATURE®OF CHARGE 
AND DISCHARGE CURRENT-TIME RELATIONS AT 1S00 
VOLTS. DRY PAPER SPECIMEN A7. 


current-time relations at 1,500 volts. The equations for 
discharge show that the small element of dielectric 
absorption is expressible by a single exponential thus 
corroborating the results published by Whitehead 11 
in “The Conductivity of Insulating Oils, II.” Fig. 17 
gives the evidence that the initial constant current in the 
insulating oils tested obeys Ohm’s law. 

Table V gives the comparison between several mea¬ 
sured and corresponding computed losses for one oil 
specimen B-7. The data are typical and the close agree¬ 
ment shown is further evidence of the soundness of the 
method used in computing the a-c. behavior. • 

Impregnated Paper Specimens. Some of the changes 
brought about on a dry paper specimen by impregnation 
with an insulating oil have already been pointed out in 
Fig. 3 and Table III. Fig. 3 shows the effect of the 
conductivity of the insulating _oil in increasing the 
absorption and changing its character. Fig. 19 gives a 
typical pair of oscillograms in which the presence of the 
irreversible conduction current is apparent in the charge 
record. This fact is better appreciated from the equa- 
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w VtaXYSIS OF POWER FAPTOR AND DIELECTRIC LOSS AT 60 CYCLES BY COMPUTATION FROM D-C. 
TABLE nwATf,ACTERISTICS 


Paper Sp<rcimen A-7 


• 

Temp deg. cent. 


Measured at 60 cycles 

Computed from d-c. ^ 

Volts 

Charging current 
amp. X 10~ 6 

Power factor r 

Dielectric 

loss 

watt X 10- 6 

In-phase 
component 
of current 
amp. X 10" 6 

Power factor 

Dielectric 

loss 

watt X 10 ~ 6 

T 

E 

r 

tan 4' 

W 

Ir 1 

tan 

W r 

60. 

_ 500. 

.144. 

.288. 

.432. 

.0.00237. 

. 169. 

...0.340. 

0 6«4 

.0.00236. 

.0.00237. 

. 170 

. 684 

.1,560 


1,000.. 

1,500. 

.0.0023/. 

.0.00237. 

.1,518. 

.1.047. 

.0.00242. 


Average. 

.. . —. 

.0.00237. 

. — . 

. — .••••• 

.0.00238. 

. — 


500 

.142. 

.0.00276. 

. 197. 

.0.410. 

.0.00288. 

. 205 

45 ... 

1 000 . 

.285. 

.0.00276. 

. 786. 

.0.830. 

.0.00291. 

. 830 


1,500. 

.427. 

.0.00276. 

.1,796. 

_1.289. 

.0.00302. 

.1,930 


Average. 

.—. 

.0.00276. 

. — . 

. — . 

.0.00293. 

. — 

30. 

. . 500. 

.141. 

.0.00346. 

. 243___ 

.0.533. 

.0.00378. 

. 266 

1,000. 

.282. 

.0.00346. 

. 974. 

.1.024. 

.0.00363. 

.1,024 


1,500. 

.422. 

.0.00346. 

.2,192. 

.1.558. 

.0.00368. 

.2,335 


Average. 

.—. 

.0.00346. 

. — . 

. — . 

.0.00369. 

. — 


Pn.M 4-i8 

CharCjE: - B7 at (50q Vowts ~60.o°C. 
DtrCEMBER I5>}930 



Fium 424 

Charge - B? at 130oVours-44v9-G. 
Decchur 22,\^o 


I.R.* »60,0OO^rfL 



Film 450 

Charge-B7 at 1500Vouts-30.PC. 
January 7, 1 *31 


I. R. * 300,000 -a— 



Fig. 16 


insight afforded by this method of analysis, Fig. 21 
gives the power factor as a function of temperature for 
the oil, paper, and impregnated paper specimens. The 
shaded areas represent the total increase in power factor 
with impregnation. Through the analysis of the dis¬ 
charge current-time relations it is possible to resolve 
this increase into two components: 

1 . The increase in reversible absorption brought 
about by impregnation. , 



CIS.17—VARIATION OF INITIAL CONSTANT 
CUER.ENT WITH VOLTAGE. OIL SPECIMEN B7. 


tions of charge and discharge given in Fig. 20, where the 
irreversible conduction current is seen to be the constant 
difference between charge and discharge currents. This 
constant irreversible conduction current does not obey 
Ohm s law, as shown by Fig. 12, and its contribution to 
the power factor has already been computed from theo¬ 
retical considerations and given in Table II. 

Summary of Specimens. As an example of the 


2 . The creation of the additional contribution of ir¬ 
reversible conduction totally absent before impregna¬ 
tion and directly attributable to the conductivity of the 
impregnating oil. 
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TABLE V—ANALYSIS OF POWER FACTOR AND DIELECTRIC LOSS AT 1,500 VOL^S AND 60 CYCLES BY COMPUTATION 
# • • FROM D-C. CHARACTERISTICS 

Oil Specimen B-7 m 


Computed from d-c. characteristics 


Measured at 60 cycles 


Reversible absorption 


In phase 


Irreversible conduction 


Initial 


Total 

•_ 


Temp, 
deg. cent. 

Charging 
current 
amp. X 10~ 6 

Power 

factor 

Dielectric 

loss 

watt X10 _6 

component 
of current 
amp. X10" 6 

Power 

factor 

Dielectric 

loss 

watt X10 -6 

constant 
current 
amp. X10 -6 

Power 

factor 

Dielectric 

loss 

watt X10~ 6 

Power 

factor 

Dielectric 

loss 

watt X10'- 6 

T 

I" 

tan xp 

W 

1/ 

tan ip r 

W r 


tan xpi 

W$ 

tan xp 0 

Wo 


420 

0.00346. 

_2,179 . . . 

. . .0.065.... 

.0.00016.. 

_ 98.... 

...1.309 

.0.00312.. 

. . .1,965. . . 

. .0.00328. 

_2,063 

fin 

421 

.0.00346. 

_2,184 . . . 

...0.145.... 

.0.00035.. 

_218.... 

...1.251 ... 

.0.00297.. 

. . .1,880 . . . , 

. .0.00332. 

. . . .2,098 


422 

0.00374. 

. . . .2,357 . . . 

...0.102_ 

.0.00024.. 

_153 . . 

..1.349 ... 

.0.00320. . 

. . .2,025 . . . 

. .0.00344. 

. . . .2,178 













45_ 

.425. 

.0.00116. 

_ 739 . . . 

...0.029_ 

. .0.000067. 

_43_ 

...0.475.... 

.0.001117. 

... 713 ... , 

. .0.00118. 

. . . . 756 


430. 

.0.00037. 

_ 239.. . 

. .*. 0.027. . . 

. .0.000064. 

_ 41_ 

...0.124... 

.0.000288. 

... 186. . . 

. .0.00035. 

. . . . 227 


430. 

.0.00034. 

_ 219... 

...0.018_ 

. .0.000042. 

_27_ 

.. .0.135.-. . 

.0.000313. 

... 202 _ 

. . 0.00035. 

. . . . 229 

30... . 

.429. 

.0.00035. 

_ 225 . . . 

...0.019_ 

. .0.000043. 

_ 28_ 

...0.120_ 

.0.000280. 

... 180_ 

. .0.00032. 

. . . . 208 


430. 

.0.00032. 

_ 206 .. . 

...0.022_ 

. .0.000051. 

_33_ 

...0.128... 

.0.000298. 

... 192 .. . 

. .0.00035. 

. , . . 225 


431. 

.0.00032. 

_ 210... 

...0.032_ 

. .0.000074. 

_48_ 

. . .0.105_ 

.0.000244. 

... 158. . . 

. .0.00032. 

. . . . 206 

Average. 

.430. 

.0.00034. 

_ 220 .. . 

...0.024_ 

. .0.000055. 

-36_ 

...0.122... 

. .0.000285. 

... 184... 

. .0.00034. 

. . . . 219 


port has made possible the active prosecution of a re¬ 
search on the properties of impregnated paper from 
which the experimental results here reported have been 
taken. The authors also wish to acknowledge the in¬ 
terest and careful work of Dr. S. K. Waldorf in the 
development and operation of the amplifier oscillograph. 
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FIG. 16-VARIATION WITH TEMPERATURE Of CHARGE AND 
DISCHARGE CURRENT-TIME RELATIONS AT 1500 VOLTS. 

OIL SPECIMEN B7. 


Conclusions 

1. It is shown that for any type of dielectric the loss, 
power factor and capacity at 60 cycles may be accu¬ 
rately predicted from the charge and discharge cur¬ 
rents under continuous potential. 

2. The method developed is available at any fre¬ 
quency, provided that the continuous potential charge 



Fig. 19 
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and discharge currents may be measured over initial 
time intervals comparable with the alternating period. 

3. The nature of the relaxation function characteris¬ 
tic of reversible absorption in dielectric has been dis¬ 
cussed from the experimental and analytical points of 
view. 

4. It has been shown that agreement of the relaxation 
function with the t~ n expression is not general, but on 
the contrary it is confined to dielectrics showing-negli¬ 
gible or no irreversible conduction. The inadequacy of 
the t~ n expression has been proved on experimental and 
analytical reasons. Chief among them is the failure of 
the t~ n expression to predict accurately the variation of 
dielectric loss with frequency. 

5. The method of three exponentials has been de¬ 
veloped as a convenient and sufficient expression for the 



TEMPERATURE 

FI6.21 -ANALYSIS OF POWER FACTOR. AT 1500 

VOLTS. IMPREGNATED PAPER. SPECIMEN C7 

Increase in Power Factor with Impregnation 
CO Increase in Reversible Absorption 
( 2 ) Contributton of Irreversible Conducts.». 

relaxation function. The sufficiency and accuracy of 
three exponentials has been proved both analytically 
and expef imentally. 

6 . Irreversible conduction does not obey the principle 
of superposition. The usual forms of irreversible con¬ 
duction encountered have been defined and classified. 
The case where the initial constant current does not 
obey Ohm's law has been considered analytically in its 
contribution to the a-c. behavior. 

7. The manner in which the complete a-c. behavior 

of a dielectric is accurately predicted from suitable d-c. 
measurements has been illustrated by three typical 
sets of experimental data, paper, oil, and impregnated 
paper. * 
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Discussion 

H. H. Races The authors of this paper have presented some 
very interesting data but they suggest no physical explanation of 
their results. Therefore Fig. 5 interested me particularly be¬ 
cause the variations of capacitance and loss with frequency are 
similar to corresponding curves calculated using a very definite 
physical picture, namely, Debye’s theory of polar molecules. A 
comparison of these two separate lines of mathematical thinking, 
which lead to qualitatively similar results, shows that a corre¬ 
spondence should be expected since both are based upon an ex¬ 
ponential relaxation function. 

Dr. Whitehead’s curves represent a-c. characteristics calcu¬ 
lated from von Schweidler’s theory using the first term of the 
relaxation function 

4>(t) = fitful* + /3 2 €-°^ + etc. 

which represents the d-c. discharge current-time curve of the 
dielectric. 

Likewise, Debye builds his theory on an assumption of an 
exponential relaxation function and r, the relaxation time used 
by him, is the time necessary for a distortion to relax to 1/e of its 
original value. Therefore, since both theories start with the same 
assumption, the resulting relations should certainly be in qualita¬ 
tive agreement. 

An exact quantitative agreement can be obtained and cor¬ 
responding equations derived from the two theories can be shown 
to be identical if 

oti = co m =2 7Tf m (1) 

and 

- “■ (it ' 1 ) (2> 

where a and fi are respectively the exponent and coefficient in 
Dr. Whitehead’s discharge current-time relation. € 0 and €co 
are the measured effective dielectric constants at zero and infinite 
frequency and f m is the frequency at which the maximum a-c. 
loss occurs. 

Equation (1) can also be derived from Dr. Whitehead’s work 
by setting dB(w)/dw = 0 in equation (11) in order to determine 
the frequency at which the maximum a-c. loss will occur. Dr. 
Whitehead has made this calculation and concludes that “only 
the exponentials with values of a in the neighborhood of ( w ) at 
the frequency at which correlation is intended contribute an 
appreciable amount to the loss component B(w).” 

Since equation (1) also relates a-c. dielectric losses resulting 
from the relaxation of polar orientation to d-c. current-time 
curves resulting from the same relaxation, it seems that the 
following more general conclusions can be reached. 
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1. Any mechanism causing an exponential current-time dis¬ 

charge curve after the removal of a constant potential, will also 
cause an a-c. dielectric loss-frequency curve having a maximum 
at f m = (a/2 7r). • 

2. Inverselyf if a maximum is observed in the a-c. loss-fre¬ 
quency curve, the exponent of a d-c. current time curve taken 
for the same material will be given by this same relation. 

3. Conversely, if in a given range of frequency or relaxation 
time, one of these effects is not found the other will also be absent. 

4. Through these relations, a correlation should be possible 
between Dr. Whitehead’s d-c.. and 60-cycle measurements and 
our high frequency data. However, for the mineral oils in 
which we have measured the dielectric loss, as a function of fre¬ 
quency, we have found no maxima at frequencies less than 10 4 
cycles per second, even in high viscosity oils at temperatures as 
low as 0 deg. cent. Therefore, the d-e. relaxation curves corre¬ 
sponding to the maxima which we have observed should have 
become negligible in less than 1 X 10 ~ 3 second, which is the time 
at which Dr. Whitehead’s measurements begin. 

To check the.above conclusions and obtain a better comparison 
between a-c. and d-c. measurements Dr. Whitehead has very 
kindly furnished us with a sample of his B-7 oil and we hope to 
present a paper in the near future containing the reasons leading 
to equation (1) and data on R-7 oil over a wide range of frequency 
and temperature. 

F„ M. Clark: In connection with the paper presented by 
Dr. Whitehead, it is interesting to note the procedure developed 
a few years ago in the Pittsfield Works Laboratory of the General 


Electric Company -9 for the gaging of capacitor characteristics. 
With 5-kva. oil-filled capacitors designed for a-e. voltage applica¬ 
tion, ranging from 440 to 2,300, it was found that the relative a-c. 
characteristics could be successfully determined from the so- 
called “d-c. leakage.” In determining this value, the capacitors 
were charged under d-c. voltage to the desired value, disconnected 
from the source of supply and allowed to stand under controlled 
conditions for a period ranging from one to several days, after 
which the remaining charge was measured. The difference be¬ 
tween the original and final charge was used in gaging the a-e. 
characteristics of the capacitors. This so-called “d-c. leakage” 
appeared to be of greater value than insulation resistance mea¬ 
surements, probably because the time used to determine the 
latter was not of sufficient duration. The w~ork was not carried 
sufficiently far to predict successfully the power factor from the 
leakage results obtained. With further investigation, it is be¬ 
lieved this could be done. 

W. A. Del Mar: The practical control of power factor of 
impregnated paper now lies with the paper tests. In 1922* the 
control was essentially a matter of oil resistivity. 

The change occurred when we changed our paper from Manila 
to wood pulp and our oil from petrolatum to cylinder oil. The 
practical problem has long since been solved, but it would be 
interesting to have the authors explain these facts in the light of 
their admirably developed theories. 

* Effects of the Composite Structure of Impregnated Paper Insulation on Its 
Electric Properties Hanson and Del Mar, A.I.E.E. Trans., 1922, Vol. 41, 
p. 563. 
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Synopsis . —Previous tests on the breakdown of glass with direct 
potentials indicated the existence of three different regions of break¬ 
down. The present paper describes similar tests on alternating po¬ 
tentials. The following conclusions are reached: 

1. Three distinct regions of breakdown are obtained on alternating 
current as well as on direct current. 


2. In the disruptive and intermediate regions, breakdown occurs aU 
an alternating peak voltage approximately equal to the direct break¬ 
down voltage. 

3. In the thermal region , breakdown occurs at an alternating peak 
voltage somewhat lower than the direct breakdown voltage. 

* * * * 


Introduction 

T HE cause and reason for breakdown of solid dielec¬ 
trics has resulted in the setting forth of many 
theories based on both experimental and mathe¬ 
matical research. Research by Karman, Rogowski and 
Fock resulted in the establishing of the thermal break¬ 
down theory. Inge and Walther, in their investigations 
of the breakdown of glass in 1928 found a region of punc¬ 
ture in which the potential gradient is independent of 
temperature and thickness—the so-called disruptive 
region. In 1929 Moon and Norcross concluded from 
their experimental data on glass, that there were three 
regions of breakdown. 

Since the publication of the paper by P. H. Moon ^nd 
A. S. Norcross 2 describing their experimental work on 
the breakdown of glass with direct potentials, there has 
been some question as to whether the same type of re¬ 
sults would be obtained with altejnating potentials. Our 
purpose was to determine if three regions of breakdown 
also existed lor the a-c. case. We also hoped to find some 
relation between the alternating and direct breakdown 
voltages. Previous work by Hayden and Eddy 3 on the 
a-<§. to d-c. ratio showed widely varying results, due per¬ 
haps to lack of knowledge of the types of breakdown and 
further complicated by edge effect. It was thought that 
careful tests made with edge effect eliminated, coupled 
with the present knowledge of different breakdown re¬ 
gions, might lead to a definite a-c. to d-c. ratio in each 
region. 

For these tests it was decided to use glass because of 
its many advantages. 

1 . Previous tests have been made on glass, thus allow¬ 
ing a comparison of results. 

2. Its characteristics are such that the tubing can be 
readily blown into spheres, thus eliminating edge effect. 

3. Its homogeneous nature makes it desirable for 
breakdown investigations. ^ 

1. Massachusetts Institute of Technology. 

“ 2. “Three Mechanisms of Breakdown Obtained on Glass by 
Elimination of Edge Effect,” Journal of the Franklin Inst., 208, 
1929, p.705. 

3. Dielectric Strength Ratio between Alternating and Direct 
Voltages, Hayden and Eddy, Trans. A.I.E.E., V. 42, 1923, p. 593. 

Presented at the Winter Convention of the A.I.E.E., New York, 
N.. Y., January 25-29 , 1932. 


The disadvantages are: 

1 . Its physical structure is unknown. 

2. Its chemical constitution is not exactly known for 
each batch of glass. 

This paper Sescribes the experimental results ob¬ 
tained at the Massachusetts Institute of Technology on 
the breakdown of glass with alternating potentials, and 
shows how these results compare with the d-c. tests of 
Moon and Norcross. 

Apparatus and Method of Test 

Alternating voltage (60 cycles) was obtained by 
means of a sine-wave motor-generator set and a 115/ 
230-100,000-volt transformer. A motor-driven rheo¬ 
stat was used to vary the field voltage of the sine-wave 
set in order to obtain a uniform and easily-controlled 
rate of voltage rise. The transformer secondary volt¬ 
age was read by means of a potential transformer and a 
Weston a-c. voltmeter. 

Glass tubes 10 to 15 mm. in diameter and 300 mm. in 
length were sealed at one end and blown into spheres be¬ 
tween 20 and 40 mm. in diameter. This procedure was 
similar to that used by Moon and Norcross and elimi¬ 
nated edge effect very nicely. These samples were 
placed in a mercury bath and filled on the inside with 
mercury. Contact was made to the internal electrode 
by means of a flexible wire suspended inside the tubing 
and to the external one by means of a steel container. 
(Fig. 1.) This was carefully lagged on the sides and top 
with asbestos and proved to be very effective in keeping 
the temperature uniform and constant. The voltage 
was impressed across the sample and increased by means 
of the motor-driven rheostat until puncture occurred. 
The sample was then carefully removed from the bath, 
all pieces being collected, cleaned, and measured. As it 
was not always possible to measure the thickness of the 
sample at the exact point of puncture, 5 to 10 microm¬ 
eter readings were taken on the glass fragments near 
the puncture and the minimum value used as the ap¬ 
proximate thickness at the point of breakdown. 

The wave form of the generator was found to be prac¬ 
tically sinusoidal; and since the transformer was oper¬ 
ated at low saturation and with no series resistance in 
the primary circuit, it was assumed that the wave form 
of the voltage across the sample was also sinusoidal. 
The voltages read from the voltmeter were, of course, * 
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r.m.s. values; but a better .comparison with d-c. tests 
was Obtained by using peak instead of r.m.s. values. 
Thus all readings were ipultiplied by V2, and all results 
given in this* paper are peak kilovolts and not r.m.s. 
kilovolts. 

Experimental Results on G-l* Glass 

The experimental results are shown in Fig. 2, where 
each point represents one breakdown test. To show 
clearly the different regions of breakdown, the logarithm 
of breakdown voltage (peak kv.) is plotted against 
the logarithm of thickness in microns. (1 jjl = 0.001 
mm.) There is a certain amount of scattering of the 
points, as can be expected in the results of any break¬ 
down tests. However, it will be noted^that this varia¬ 
tion is not at all bad, and thus the curves can be located 
fairly exactly. 



Fig. 2 shows clearly that with alternating potentials 
there are three distinct regions of breakdown. The tests at 
low temperatures and small thicknesses give a single 
curve of slope = 1. This represents the disruptive re¬ 
gion. For somewhat higher temperatures, the curves 
depart from this straight line; and we have a set of paral¬ 
lel lines of slope = 2/3 breaking off from the disruptive- 
region line. The clusters of points for the 50 deg. and 
for 150 deg. curves, for instance, prove that these two 
are parallel or nearly so and that the slope is distinctly 
different from that of the 0 deg. curve. This is the 
intermediate region. At still higher temperatures we ob¬ 
tain another set of parallel lines having the slope of y{. 
This is the thermal region. A comparison of the points 
at 150 deg. and 250 deg. shows very clearly that these 
two regions are distinct. The breaks in the 150 and 250 
deg. curves may appear purely arbitrary, but they were 
found necessary in order to make a consistent family of 
curves when plotted against (1 /T). Thus the only 

*A lead glass made by the Corning Glass Works. 


questionable aspect of the curves as drawn is whether 
the transitions should be represented by sharp breaks or 
be slightly rounded. The accuracy of breakdown data 
does not warrant any statement as to which is correct. 
The present scheme, however, is the simpler and will be 
used in this paper. # 

In order to show more clearly the relations existing 
between breakdown voltage and temperature, curves of 
the logarithm of breakdown voltage (peak kv.) are plot¬ 
ted against the reciprocal of absolute temperature. 
(Fig. 4.) Here again three distinct slopes are noticed; 
zero slope for the disruptive region, slope = 430 for the 
intermediate and slope = 1,940 for the thermal. 

How do the results of these a-c. tests compare with 
d-c. tests? To obtain a comparison, d-c. tests were also 
made on the same batch of lead glass. The results at 
room temperature (25 deg. cent.) are shown in Fig. 2 by 
the solid ^ 7 s. A very good check will be noted in both 
disruptive and intermediate regions. Thus we may say 
that on alternating current and in the disruptive and 
intermediate regions, breakdown occurs at a peak voltage 
approximately equal to the d-c. breakdown voltage 

Further Discussion of the Curves 

The three regions of breakdown obtained by Moon 
and Norcross with G-l glass and direct potentials are 
also found when alternating potentials are used. To 
facilitate comparison of our results with the previous 
ones, we have added *Figs. 3 and 5 giving breakdown 
voltage for G-l glass on direct potentials- 4 The a-c. 
curves (Figs. 2 and 4) are similar in every respect to the 
d-c. curves (Fig§. 3 and 5). 

For low temperatures and small thickness a linear Re¬ 
lation (slope = 1) exists between breakdown voltage 
and thickness. The alternating breakdown gradient in 
this region is constant and has a magnitude of 3,550 
kv. per cm., which is the same value obtained with direct 
current in this research. 5 The potential gradient is not 
affected by thickness or temperature. 

With higher temperatures, an increase in temperature 
causes a decrease in the breakdown voltage for a given 
thickness. At intermediate temperatures (between the 
two previously mentioned regions) the voltage varies 
with the temperature according to some other relation, 
giving a third region which varies with the thickness as 
the 2/3 power. 

The general form of the equation found to fit the 
curves is 0 • 

b 

_ V = K d * (10) r , 

4. Three Regions of Dielectric Breakdown , Moon and Norcross, 
Trans. A.I.E.E., V. 49, 1930, p. 755. 

5. This magnitude differs from the value of 3,100 kv. per cm. 
obtained by Moon and Norcross (Fig? 3 and Fig. 5) by about 14 
per cent. The discrepancy may be due to a slight difference in 
the chemical or physical properties of the glass used in the two 
sets of experiments, though both tests were carried out with G-l 
glass. 
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where K is a constant dependent on the region, n is 
the slope of the log kv. vs. log d curves and b is the 
slope of the log kv. vs. 1/T curves. Table I gives the 
a-c. peak values for K, n, and b while Table II gives the 
d-c. values as found by Moon and Norcross. 


TABLE I—(A-C. PEAK VALUES) 


Region. 

. K . 

. . n . 

. . . . b 

Disruptive. 

.3,550 . 

. . 1 . 

. . . . 0 

Intermediate. 

. 25.5 . 

..2/3. 

.... 430 

Thermal. 

.1.635 X 10- 3 ... 

...1/4. 

_l-,943 


TABLE II—(D-C. VALUES) 



.. . K . 

. . n . 

. . . . b 

Disruptive. 

.3,100 . 

. . 1 . 

_ 0 

Intermediate. 

. 21.3. 

..2/3. 

.... 470 

Thermal. 

.0.618 X 10- 3 ... 

...1/4. 

. . . .1,540 


THICKNESS IN MICRONS 
SO 100 200 300 400 



Fig, 2—Breakdown of Lead Glass Spheres (G-l) 60 Cycle 

Alternating Current 

a = d-c. test points at 25 deg. cent. 

By comparing Fig. 2 with. Fig. 3 it can be seen that 
in the thermal and intermediate regions the direct 
breakdown voltage is higher than the a-c. peak value. 
Comparison of Fig. 4 and Fig. 5 shows that the inter¬ 
mediate region for alternating current is longer than 
that for direct current. This is shown to better ad¬ 


vantage in Fig. 6, where the a-c. and d-c. curves are 
plotted on the same sheet. For simplicity only the 
20 (x and 100^ curves are given. Jt is probable that some 
of the differences are due to unavoidable -experimental, 
variations and that still others are caused by slight dif¬ 
ferences in the glass used in the two investigations. In 

* 

THICKNESS IN MICRONS 



Fig. 3—Breakdown of Lead Glass Spheres (G-l) on Direct 

Current 

(Moon and Norcross, loc. cit.) 


the intermediate region, however, the average differ¬ 
ence between the a-c. and d-c. curves is only about 6 
per cent, which is undoubtedly within the experimental 
error. 

At the higher temperatures in the thermal region, the 
d-c. breakdown voltage appears to be distinctly higher 
than the peak alternating voltage. If r.m.s. values had 
been used instead of peak values, this difference would 
of course be even more marked. In the thermal region 
there appears to be no simple relation between a-c. and 
d-c. breakdown voltages or between the slopes of the 
curves. Such a relation could hardly be expected if we 
consider that in the a-c. case the heating is due to the 
total loss whose nature is not understood, and that the 
results are undoubtedly complicated by the effects of 
electrolytic polarization which is present in the d-c. case 
but partially eliminated in the a-c. case. 

Discussion of the Possible Causes of Breakdown 

Disruptive Region. In the disruptive region the rate 
of application of voltage has no effect on the breakdown. 
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Samples w^re punctured with rates of application vary¬ 
ing between 4 kv. per min. and 40 kv. per min. and no 
change in potential gradient was noticed. Breakdown 
in this region may be due to submicroscopic cracks in 
the surface of the glass. This theory was first ex¬ 
pounded by Horowitz 6 and seems more logical than the 
molecular disruption theory, which gives a breakdown 
value much higher than the experimental values. The 
equation for breakdown according to the submicro¬ 
scopic theory is 

V b = 1,200 yj (volts per cm.) 

where 

3C = the dielectric constant 

S = the surface tension in dynes per cm. 

X = the depth of the crack in cm. 

TEMPERATURE 



Fig. 4—Breakdown of Lead Glass Spheres (G-l) on 60 Cycle 
Alternating Current 

It will be noted that time should have no effect, ac¬ 
cording to this equation. Also, as the type of impressed 
voltage can have no effect on the depth of the crack, the 
dielectric constant, or the surface tension, the magni¬ 
tude of V b will be the same for alternating current and 
direct current. This was found to be true in our tests. 

Intermediate Region . Unlike the disruptive region the 
intermediate has no constant potential gradient. From 
the experimental results obtained, 

430 

y 6 = 25.51 dV* 10 t . 

It can be seen from this equation that the breakdown 
voltage is dependent on the thickness of the sample 
and the ambient temperature. The time factor ap¬ 
pears to enter into this region and a study is to be made 
of its effect on the magnitude of the breakdown voltage. 

6. Das Griffithsche Prmzip und Dielektrische Durchscklegspes- 
tigkeit, Archiv.f iir EL , 18, 1927, p. 535. 


Just what governs breakdown in this region is a ques¬ 
tion for debate. However, the ionization-by-collision 
theory seems to be a logical explanation of the results. 
This theory has been accepted for gases and liquids and 
it may be true also for solids. 

Thermal Region . The thermal region, like the inter¬ 
mediate, has no constant breakdown gradient. The 
equation of this region was found to be 

1940 

= 1.635 X 10 d 1/4 10 T . 



Fig. 5—Breakdown of Lead Glass Spheres (G-l) on Direct 

.Current ■ -.—.- # 

(Moon and Norcross, loc. cit.) 



Fig. # 6—Comparison of D-C. and A-C. Results 


Thermal breakdown is a function of thickness and 
temperature. 

Heat is generated inside the sample by PR and other 
losses. It was noted during the tests that, by varying 
the rate of application of voltage, various values of 
breakdown voltage could be obtained. The rate which 
was found to be the most satisfactory was 300 volts per 
min., since further reduction in rate of voltage applica¬ 
tion had no effect on breakdown voltage. 
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When a direct potential is impresses across a sample 
of glass the sodium ions drift under the action of the*- 
outer field and gradually produce a r poorly-conducting 
layer near the anode. With alternating potentials, the 
effect of electrolytic polarization is very small. This 
means that*the a-c. conduction current will be greater 
than the direct current and therefore the PR losses will 
be greater with alternating current than with direct cur¬ 
rent. Hence the r.m.s. alternating breakdown voltage 
will be less than the direct breakdown voltage. This is 
substantiated by the tests described above. 

Conclusions 

A consideration of all the data leads us to the follow¬ 
ing conclusions: 

1 . Three distinct regions of breakdown are obtained, 
both on alternating current and on direct current. 

2. In the disruptive and intermediate regions, break¬ 
down occurs at an alternating peak voltage approxi¬ 
mately equal to the direct breakdown voltage. 

3. In the thermal region, breakdown occurs at an 
alternating peak voltage which is generally slightly lower 
than the direct breakdown voltage. 
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Discussion 

J. B. Whitehead: The sample usefl in these tests is an ex¬ 
ceedingly ingenious one. The blowing of the glass bulb auto¬ 
matically introduces^the increasing thickness of wall which is 
always necessary in high-voltage tests, in leaving the test region 
and approaching the ends. In this way, abrupt changes of field 
intensity are avoided without the complication of guard rings, 
end-bells and the like, as is often necessary in such experiments. 

I have always found it difficult to accept the suggestion of 
Moon and Norcross and now of these authors, that the inter¬ 
mediate stage of breakdown should follow a definite law. The 
disruptive type of breakdown and the region of thermal break¬ 
down are each subject to theoretical analysis and experimental 
test. There appears to me, however, to be no reason to suppose 
that the intermediate region is anything more than one in which 
conditions are such that neither the disruptive nor the thermal 
types of breakdown is in complete control. 

Referring to conclusion (3), I believe that the explanation is 
to be found in the fact that owing to dielectric losses, the tem¬ 
perature inside the specimen is higher than that which is 
measured on the thermometer. * 

W. A. Del Mar: The authors’ main thesis is the contention 
that there exist, with alternating currents, as claimed by Pro¬ 
fessor Moon for direct currents, three distinct regions of dielectric 
failure, instead of two, as commonly believed. The evidence of 
this is that when breakdown is plotted against the reciprocal of 
the temperature, the graph appears as three lines of diff erent 
slopes. The authors do isot give this evidence, as all the experi¬ 
mental points are omitted from the graphs shown in Pigs. 4. 

They give experimental points in their graphs of breakdown 
voltage versus thickness, but they are of no significance in this 
place. 


Transactions A. I. E. E. 

An actual attempt to transcribe the points^ from F^'g. 3 to Fig. 4 
resulted in a very erratic looking graph which might have been 
either what the authors claim or a smooth curve. 

The authors, in justice to their** thesis, should give Fig. 4 
with the experimental points plotted. * r 

W. A. Hillebrand: Doubt has been raised about the existence 
of an intermediate region of breakdown as postulated by the 
authors. 

This at once brings up the question of the nature of glass, the 
material used in these tests. Glass is a physical solution, an 
electrolyte, whose constituents are ionized. It has the high 
negative temperature coefficient of resistance characteristic of 
electrolytes. Furthermore, some of its physical properties are 
indefinite. For example, it will flow at continuously applied 
stresses much below its short time mechanical ultimate. It 
therefore seems to me not impossible that in such a material 
there should be a region of dielectric breakdown intermediate 
between the disruptive and thermal, partaking of the nature of 
both and representing a transition stage. 

For the same reasons, glass would seem to be a very unsatis¬ 
factory material to use in fundamental studies of dielectric 
breakdown because it is too complex and indefinite in its structure. 

F. M. Clark: In the study of insulating materials, it is well 
recognized that the heterogeneity of the materials and the diffi¬ 
culties of testing produces an erratic accumulation of results 
despite a well-organized and carefully planned attack. This has 
led most investigators to adopt an “average” curve to fit the 
scattered test findings. The curve in such cases is based on the 
average of several tests for each thickness determined. With 
most insulations, the dielectric strength—thickness relation— 
can be best approximated by the relation kva. = AT n . The 
authors of this paper have based their conclusions on a series of 
individual test points. It is assumed that in drawing the 
conclusions regarding the existence of three distinct regions of 
breakdown as has been done, there is probably on file a large 
accumulation of experimental data. If such data are typical of 
that presented in the paper, however, it is difficult to accept the 
conclusions drawn. Rather, one might break the data up still 
further and assume a whole series of step-like characteristics of 
breakdown as a function of thickness. To accept from the data 
presented that “three distinct regions of breakdown are obtained” 
appears to be drawing a fine distinction not warranted in the 
light of the usual vagaries of insulating material. 

In experimental work involving a material such as glass, it 
must always be borne in mind that one is dealing with a material 
which may vary from batch to batch and which in itself bears 
little, if any, relation to other materials. Being a super-cool 
liquid, largely electrolytic in its electrical conductivity, con¬ 
clusions drawn cannot safely be extended to apply to pure 
crystals or ceramic materials on the one hand, or to the usual 
organic commercial insulation on the other. The conclusions 
drawn by the authors, even if accepted^ should be carefully 
limited to glass of the type under discussion which in itself might 
be more clearly described than has been done in the paper. 

N. D. Kenney: The question of there being an intermediate 
region as raised by Dr. J. B. Whitehead and Mr. W. A. Del Mar, 
can best be answered by an examination of Fig. 2 and Fig. 4. 
Unless puncture tests on dielectrics are made with edge effect 
eliminated the field is decidedly non-uniform and the data are 
such as to make it impossible correctly to interpret the effect 
of thickness and temperature. The use of glass spheres removes 
the error introduced by concentration of stresses along an edge 
and a decided increase in the potential gradient is obtained. 
An examination of either Fig. 2 or Fig. 3 will show that it would 
be impossible to draw a line through the intermediate points that 
would be parallel to either the disruptive or thermal line. In 9 
the thermal region, as Dr. J. B. Whitehead has brought out, for 
thick samples and high temperatures the internal temperature 
becomes greater than the ambient temperature at the instant of 
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breakdown* In 1931 Professor^ P. H. Moon presented a very 
inter8sting paper on thermal breakdown.* 

Mr. Del Mar questioned Fig. 4 because there are no points 
shown. The data for Fig. -4 were obtained by taking any given 
* thickness such*as 200 /1 and reading the breakdown voltages for 
various temperatures from Fig. 2. These values were plotted in 
Fig. 4 so as to show more clearly the relations existing between 

*The Theory of Thermal Breakdown of Solid Dielectrics, by P. H. Moon, 
A.I.E.E. Trans., Sept. 1931, p. 1008. * 


breakdown voltagS and temperatures for a given # thieknes of glass. 
The points would lie along the curves because of the manner in 
which they were obtained and there was no need to show them. 

It is to be understood that no claim is made that this inter¬ 
mediate region is characteristic of all dielectrics. The physical 
construction of a dielectric is an important factor of its break¬ 
down strength. This region seems to be characteristic of glass, 
•quartz, and celluloid as consistent tests have shown and its 
physical form no doubt is closely related to its cause. 



Magnet Steels and Permanent Magnets* 

Relationships Among Their Magnetic Properties 


BY K. L. 

Member, 

Introduction 

GENERAL study of the magnetic properties of 
magnet steels and permanent magnets embraces 
a number of related problems. Of chief interest 
to the designer of magnets is the problem of deter¬ 
mining the relationship between the open-circuit 
remanence of a permanent magnet and the various 
factors which determine it's value. These factors in¬ 
clude the magnetic characteristics or properties of the 
steel, as displayed by its hysteresis loop, and the shape 
and dimensions of the magnet. Of interest to the 
manufacturer of magnet steel are the questions of how 
chemical composition, melting practise, and rolling 
practise affect the magnetic and mechanical properties 
of the steel. The manufacturer of magnets is interested 
in the effect of the necessary manufacturing operations, 
such as heating for hot forming and annealing to in¬ 
crease machinability, upon the flux obtainable in the 
finished magnet; on the tendency of the steel to warp 
and crack upon quenching; and on the proper harden¬ 
ing treatment to use. 

These interests overlap, of course, and include many 
special subjects, among which may be listed the manner 
in which various influences may affect the state of 
magnetization of a magnet, the correlation of the 
microstrueture and mechanical properties of a magnet 
steel with its magnetic properties, the determination 
of a suitable criterion of magnetic quality, the develop¬ 
ment of accurate and convenient testing equipment, 
and various other matters of greater or less importance. 

It is the purpose of this paper to present data re¬ 
lating to some of the above topics, which have been 
collected by the writer during the course of several 
years connection with the manufacture of permanent 
magnets, both in the laboratory and in the shop. 

Symbols and Notations 

The following symbols -and notations will be used. 
See Fig. 1. All values of B are intrinsic or ferric 
induction. 

Bmax = The value of magnetic induction corre¬ 
sponding to the tip of a given hysteresis 
loop, in gauss. 

H max = The value of H corresponding to B max , 
in oersteds. 

♦Western Electric Company, Inc., Hawthorne Station, 
Chicago, Ill. . 

Presented at the Winter Convention of the A.I.E.E., New York, 
N. Y., January 25-29, 1932. 
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B, = The saturation value of flux density cor¬ 

responding to an infinite magnetizing 
force. 

B r = Residual induction, the magnetic induction 

in a ring or infinitely long straight bar 
after the value of H has been reduced 
from H max to 0. The value of B at the 
intersection of the hysteresis loop with 
the B axis, in gauss. 

H c = Coercive force, the value of H required to 
reduce B from B r to 0 in a ring or in¬ 
finitely long bar. The value of H at the 
intersection of the hysteresis loop with 
the H axis, in oersteds. 

B rem = Remanence, the magnetic induction at the 
magnetic equator of a permanent magnet 
with no external magnetizing or de¬ 
magnetizing force. Values of B rm given 
in this paper are without pole pieces on 
the magnets, in gauss. 

L = The actual developed length of a magnet. 

A = The area of cross section of a magnet. 

D = The equivalent diameter of a magnet 

= 2VA/vV- 

L/D = The dimension ratio of a permanent magnet. 

( BH) max = The maximum value of the product of the 
coordinates of the demagnetization curve 
for a given steel. The demagnetization 
curve is the portion of the hysteresis loop 
between B r and H c . 

T = Hardening temperature, absolute scale. 

To = Optimum hardening temperature, absolute 
scale. 

Factors that Determine the Remanence of a 
Permanent Magnet 

Of the subjects enumerated in the introduction, the 
first is the one that has been of greatest technical 
interest to the writer. During the course of several 
laboratory investigations connected with shop prob¬ 
lems, advantage was taken of the opportunity to secure 
data which might be used for the purpose of making 
generalizations regarding relations among magnetic 
properties of magnet steels and permanent magnets. 

The specific problem was to find out exactly the way 
in which the remanence of a magnet is related to its 
shape and dimensions as well as to the magnetic prop¬ 
erties of the material of which it is made. Although it 
requires the complete family of hysteresis loops for a 
given piece of magnet steel to portray all of its various 
magnetic characteristics, it was felt that possibly the 



410 


June 1932 • 


SCOTT: MAGNET STEELS AND PERMANENT MAGNETS 


411 


combined influence upon the remanence of a magnet of 
the sum of these characteristics could be expressed in » 
terms of the values of B t and for the material. Such 
,an assumption, if valid, would simplify the problem 
considerably. 

It is true that in the literature on the subject there 
are several papers 1,5,e describing more or less accurate 
methods by means of which a designer may predict the 
flux of a given magnet provided the demagnetization 



Fig. 1—Hysteresis Loop of Magnet Steel 



Fig. 2—The Babbitt Permeameter 
Used for making magnetic measurements on any kind of magnet steel 

curve for the steel is known. But these methods are 
laborious, and unless a complete redesign is worked 
out for each case, they do not answer such questions, 
for example, as how much a certain change in B r or 
H e will affect the remanence of a given magnet, other 
factors remaining constant. 

• Because the flux value of a magnet is affected by 
shape as well as other factors, and because magnets 

1. For references see end of paper. 


are made in a bewildering variety of shapes, it was 
decided to confine the investigations to straight bar 
magnets and leave the matter of the effect of shape on 
flux for a later study. 

Test Specimens . Accordingly, a large^ number of 
straight bars of magnet steel was used for test speci¬ 
mens. Each of the bars was 12 in. in length. In the 
lot were bars of 1/8 by 1-1/2 in., 1/4 by 1/4 in., 8/16 
by 3/4 in., 1/4 by 1-1/4 in., 3/4 by 5/8 in., and 3/8 by 
1/2 in. cross sections. All of the types of steel avail¬ 
able were used, including 0.9 to 3.5 per cent chromium 
steel, 0.85 per cent manganese steel, 5 per cent tungsten 
steel, and 20, 25 and 36 per cent cobalt steels. Along 
with this range in composition a range in coercive force 
of from 40 oersteds to 260 oersteds was available, ac¬ 
companied by a variation in residual induction of from 
6,000 gauss to 11,000 gauss. 

Experimental Procedure . The test bars were hardened 
in the manner appropriate to each type of steel, except 
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Fig. 3—Control Circuit op the Babbitt Permeameter 
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Note that the connections are those of a simple ring test 


that some bars were purposely quenched from a high 
temperature in order to secure low values of B r . After 
hardening, the demagnetization curve for each bar 
was determined by means of permeameter measure¬ 
ments, using the Babbitt 7 permeameter and a Grassot 
fluxmeter with lamp and scale. The control circuit of 
this permeameter is the conv.entional circuit for a ring 
test, as shown in Fig. 8. The magnetic data are all 
comparable since accurate measurements may be made 
with this permeameter on all of the above mentioned 
types of magnet steel. 

Following the permeameter measurements, e&ch bar 
was magnetized as a straight bar magnet in an air core 
solenoid. Field strengths of over 1,000 oersteds were 
applied to each bar. Upon removal from the solenoid 
the flux density at the middle of the bar was measured 
by means of a search coil and the Grassot fluxmeter 
with lamp and scale. It is the*flux density measured 
in this way that is referred to in this discussion as the 
remanence of a magnet, or B rem . 

After the measurements at 12-in. lengths were com- 
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pleted, each liar was cut in succession to 10, 8, 6, 4, 
and 2-in. lengths by removing 1 in. of material from 
each end except that in the case of some of the bars of 
larger cross-section the lengths of 10, 6, and 2 in. were 
omitted. 

Remanenc? measurements were made at each of the 
above lengths. The bars were remagnetized for each" 
new measurement of B rem• 

The foregoing experiments made available for 
analysis a wide range of values of the associated 
variables B rem , B r , H c , length L, and cross-sectional 
area A. 

Analysis of Data. The values of remanence versus 
length for a number of the straight bar magnets are 
plotted in Fig. 4 to show the range of values existing in 
different bar magnets of the same length, when fully 
magnetized. The differences in B rem for a particular 
length of bar are due to the differences in B„ H c , and 
cross-section of the various samples. 



Fig. 4—Curves of Remanence vs. Length for Straight Bar 

Magnets of Different Cross-Sections and Materials 

The chief characteristic that the curves of Fig. 4 
have in common is a resemblance in shape to a normal 
induction curve and an asymptotic approach to limit¬ 
ing values of B rem as the lengths increase. 

In Fig. 5 is shown the result of plotting B rem /B r vs. 
(L/D)VHc(T/To ) 2 for the .same set of bars. This 
combination of variables was arrived at purely by a 
cut and try method, but as shown, a surprisingly good 
correlation is obtained. 

It should be mentioned in connection with Fig. 4 
that it was found that the data relating to some of the 
bars did not fit the curve satisfactorily if B rem /B r was 
plotted against LVHJD, but in each case where this 
was so the bar had been quenched from above or below 
the optimum hardening temperature. It was found, 
however, that the data from these bars could be cor¬ 
related with those from the properly hardened bars if 
B r em/B r were plotted against (L/D)\ZHc(T/T 0 )‘ 2 in 


which T is the actual, and T» is the optimum hardening 
temperature on the absolute scale. The ratio 'T/To 
is, of course, equal to unity for b^rs properly hardened. 
The definition of the optimum hardening temperature . 
will be given later. 

After this empirical correlation jvas obtained, it was 
suggested that B re JB r vs. L-JEJD^Br would be 
preferable as a choice of variables, from theoretical 
considerations based upon the assumption of uniform 
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Fig. 5—The Same Data as in Fig. 4 

Showing the correlation between B rem /B r and (L/D) V He for bars of any 
kind of material, magnetic properties, length or cross-section 
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Fig. 6—The Data of Fig. 4 with B rem /B r Plotted Against 
L VHT/D V B7 

magnetization in the magnets. Although it can be 
shown that this assumption is not fulfilled in the actual 
case of straight bar magnets, this method of plotting 
gives as good a correlation as is shown in Fig. 5. Such 
a result might be expected, since the values of B r com¬ 
monly encountered range from 9,000 gauss to 11,000 
gauss, thus differing from 10,000 gauss by 10 per cent 
at most. The square root of B„ therefore, differs from 
100 by not more than 5 per cent in most cases, whence 
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it follow» that dividing LVH C /D by VB r shifts the 
relative position of the abscissas of the points in Fig. 5' 
by not more than 5 per cent in most cases. Fig. 6 
illustrates the results obtained by the second method 
of plotting. 

Dimensional considerations favor the use of the 
quantity LVHc/DVBr, however, since this quantity, ’ 
like Br e m/B r , is dimensionless, whereas L\/H c /D is hot. 
For this reason it is felt that the method of plotting 
shown in Fig. 6 is to be preferred to that of Fig. 5 
although the correlation obtained in Fig. 5 appears to 
be as good as that shown in Fig. 6. Further, the 
necessity for injecting the variable of temperature into 
the picture is done away with. 

Inasmuch as the data from a large* number of bars 
of widely different compositions, magnetic properties, 
dimensions and heat treatment are all found to cluster 
quite closely along a single curve, it is felt that it is 
legitimate to use the curve as a basis for some general¬ 
izations, even though the curve was arrived at largely 
by empirical processes. 

The type of curve that ^obtained when B rem /B r is 
plotted against LVHc/DVBr indicates that other fac¬ 
tors being constant, the remanence of a magnet is 
roughly proportional to VB r and, for large values of 
LVHJDVBr, in other words, for large values of 
dimension ratio or coercive force, the remanence is 
practically equal to B r . This fact is of interest from a 
design standpoint. 

It was to be expected, of course, that the values of 
B rem would approach B r as a limit for high values of 
length of bar, since the end effect diminishes as the 
length increases and the condition of an infinitely long 
bar or a closed ring is simulated^ The functional rela¬ 
tionship which the quantity LVHc/DVBr bears to the 
ration B rem /B r is not known. A fairly good fit of the 
observed data is given by the expressions: 

1.5 

r = q = 0 to q = 1.25 and 

0.8 

r = e q 2 ' 75 q = 1.25 to q = <» 

in which r = B rem /B r and q = LVHc/DVBr, but aside 
from the direct proportionality of B rem and B r , the 
equations' appear to have little meaning. However, 
they do indicate that for a given dimension ratio, there 
is a practical upper limit to H c , beyond which very 
large increases in H c are necessary to produce small 
increases in the ratio of B rem to B r . Considerable in¬ 
terest attaches to the fact that the dimension ratio 
L/D and VHJ VB r are of equal weight in affecting 
the remanence of a magnet. It is also worth noting 
that the value of B rem is independent of the contour 
of the cross-sectional area. It is possible that this 
would not hold for dimension ratios less than one, but 
’ it does appear to hold for dimension ratios of practical 
importance. As shown in Fig. 5, a line drawn through 
the origin and tangent to the dotted curve of that 


figure has its point of tangency at values of B rem /B t 
and LVHc/DVBr of approximately 0.65 and 1.25 
respectively. It will be shown later that this is the 
point of maximum efficiency, i.e., the point at which are 
obtained the highest values of B rem or external magnetic 
energy per unit volume of steel. 

It follows, if this is true,_that magnets should be 
designed so that LVHJD VB r = 1-25, and with this 
as a basis, the nomogram of Fig. 7 was laid out. The 
use of this chart to design a magnet for maximum 
efficiency, is illustrated by the dotted lines of the figure. 
In the case shown a total flux in the magnet of 3,000 



Fig. 7—Nomogram Chart for Permanent Magnet De- 
sign for Maximum Efficiency. Based on the Curves of 
Figs. 6 and 10 


maxwells is desired, and a steel with a B T of 10,000 
gauss and a coercive force of 54 oersteds is assumed. 
The correct values of A and L are found to be 0.461 
cm. 2 and 13 cm., respectively, and the dimension ratio 
is 17. 

It should be borne in mind throughout this discussion 
that Figs. 4, 5, 6 and 7 apply directly only to straight 
bar magnets. Formed magnets with short air-gaps 
with or without pole pieces, will have higher remanence 
values than are shown by the curve of Fig. 6. This is 
because, compared with straight magnets, their effec¬ 
tive lengths are greater than their actual lengths. The 
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difference between effective and actual lengths is 
negligible, however, except for magnets whose poles 
are brought quite close together, either actually or by 
means of pole pieces of soft iron. Watt-hour meter 
damping magnets are good examples of magnets whose 
poles are brought thus closely together without the 
aid of pole pieces. 

On the other hand, the general conclusions drawn 
from the curve of Fig. 6 are applicable to magnets of 
any shape if L is assumed to stand for the effective 



Pig. 8— Comparison of B rem ds. Length Curves for Straight 
Bar and 2-in. I.D. Ring of 1/4-in. x 1/4-in. Cobalt Steel 
in which B r = 9,980 Gauss and H c = 230 Oersteds 


length of the magnet. Fig. 7 also' is perfectly general 
on the same basis. By effective length is meant the 
length of a straight bar magnet of equal cross-section 
and magnetic properties, having the same remanence 
as the given magnet. 

Correlation Between Straight and Bent Magnets 

Subsequent to the establishment of the relationships 
shown in Fig. 6, a limited amount of data were secured 
which have a bearing upon the effect on B rem of de¬ 
parture from the form of a straight bar magnet. 

To get these data, one 1/4 by 1/4 in. rod each of 
cobalt steel and tungsten steel were formed into rings 
of 2-in. inside diameter, with the ends touching. Com¬ 
panion test bars were cut adjacent to each end of the 
rods used in forming the rings. All three pieces of each 
kind of steel received as nearly identical heat treat¬ 
ments as possible, even to-heating and cooling the 
straight test bars at the time of forming the rings. 
After hardening, demagnetization curves were obtained 
on each‘of the two test bars of tungsten steel and of 
cobalt steel. Then data for B rem vs. length curves were 
obtained from both the test bars and rings by the 
process of cutting off the ends and remeasuring B rem 
already described. 

The demagnetization-curves and the B rem vs. length 
curves, for the two straight cobalt steel bars are practi¬ 
cally identical. Inasmuch as these bars were cut adja¬ 
cent to the ends of the bar from which the ring was 
formed, and heat treated with it, it is safe to assume 


that the material in all three samples is alike»magnet- 
ically, and that the demagnetization curve for the ring 
is the same as for the straight bars. The same con¬ 
clusions hold for the tungsten steel, as shown in Fig. 9. 

It follows then that it is valid to compare the B rem 
vs. length curves for the straight bars with those for 
the rings, and conclude that all differences in the curves 
are due to differences in shape. It is interesting to note 
that the ring for cobalt steel yields the same curve for 
B rem vs. length as the straight bar, but that, in the case 
of the tungsten steel, the proximity of the ends of the 
ring has an appreciable effect on the value of B Tem , 
causing the curve for B tem vs. length to turn upwards 
for those lengths corresponding to short air gaps. 

Additional data along these lines would be very 
useful, and should include measurements on magnets 
with pole structures having well defined air gaps. 

Criteria of Magnetic Quality of Permanent 
Magnet Steels 

A number of quantities determinable by magnetic 
measurement has been proposed at various times by 
different investigators for use as criteria of magnetic 
quality of magnet steels. Among these quantities may 
be listed ( BH) ma J- l \ the maximum product of the 
coordinates of the demagnetization curve; and the 
quantities B r H c (2) , B r /B max , Br Hc/Bmax and B r /HJ*\ 
High values of all of the proposed criteria except the 
last were considered desirable. 



Fig. 9—Comparison of B rem vs. Length Curves for Straight 
Bar and 2-in. I.D. Ring of 1/4-in. x I/4-in. Tungsten Steel 
in Which B r = 10,830 Gauss and H c = 59 Oersteds 


The form B r /H c has decided disadvantages, since a 
low value of the criterion is obtained when B r is small 
as well as when H c is large, and low values of B r are 
distinctly undesirable in view of the fact that B re m is 
directly proportional to B r . The ratio B r /B ma x was 
found to be practically constant for some types of 
steel, regardless of the value of H c , and thus was of no 
value as a criterion. The quantity B r H a /B max would 
accordingly amount to a constant times He and would 
give no actual weight to the value of B r . These three 
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criteria wpuld, therefore, fg.il either to indicate a choice 
between different types of magnet steel or to aid in the* 
selection of an optimurn heat treatment for a given kind 
of steel. 

This leaves the quantities ( BH) max and B r H c as the 
only ones not obviously faulty. The first was proposed 
by S. Evershed in a noteworthy paper in the Journal 
of the Institution of Electrical Engineers for September 
1920, in which he showed that the quantity (. BH) max 
is a measure of the maximum amount of external 
magnetic energy which can be supported per unit 
volume of a given magnet steel, and that this in turn 
defines the term “magnetic quality” as applied to 
magnet steel. 

Evershed’s derivation of his criterion of magnetic 
quality, given in the article noted above, is complete 
and convincing, but it was thought desirable to obtain 
experimental verification. The data from the bars of 
Fig. 4 were used to this end. In Fig. 10 is shown a 
number of curves each corresponding to a different 
type of magnet steel. The demagnetization curves for 
the bars are shown plotted in the usual way, and to 




Fig. 10—Curves Showing Experimental Verification 
of Validity of Evershed’s Criterion for Magnetic Quality 
of Permanent Magnet Steels 


the right of these are plotted the curves of (BH) vs. B. 
To the right of these are plotted further the experi¬ 
mentally determined curves of B rcm vs. length for the 
bars in question. 

Fig. 10 shows that if tangents to the curves of B rem 
vs. length are drawn through the origin the point of 
tangency in each case indicates the value of B rem and 
length at which the ratio of B rm per unit length or 
volume of steel is a maximum, and it is clearly demon¬ 


strated that in’each case these values of B rem coincide 
closely with the values of B for which the product (BH) 
is a maximum. The writer feels that this constitutes 
a sufficiently convincing verification of the correctness 
of Evershed’s criterion. 

The chief objection to the use of Evershed’s criterion 
-is that a number of points on the demagnetization 
curve for a piece of magnet steel must be known before 
the numerical value of the product (. BH) max can be 



Pig. 11—Relation Between the Quantity. B t x IJ c and 
Evershed’s Criterion, ( BH) max 


determined. The quantity B r H c is more easily ^ob¬ 
tained than ( BH) max but its validity as a criterion 
cannot be established from theoretical considerations. 
Accordingly, the values of ( BH) max and B r H c were 
determined by actual measurement for a large number 
of bars of different kinds of magnet steel. In Fig. 11 
are shown the values of B r H c plotted against the 
corresponding values of ( BH ) max . It is felt that these 
points lie closely enough along the straight line in that 
figure to warrant the use of B r H c as a criterion of 
magnetic quality of magnet steel for all* practical 
purposes. In cases where very accurate comparisons 
are required, it may be necessary to go to the greater 
trouble of determining (BH) max . 

Referring to a previous mention of optimum harden¬ 
ing temperatures, it will be understandable now to 
state that the optimum hardening temperature for a 
given type of steel is that temperature at which a 
maximum value of ( BH) max is obtained, or practically 
speaking, a maximum value of B r H c . 

Fit op Demagnetization Curve by Hyperbola 

It will be noted that the points on the demagnetiza¬ 
tion curves for which the product (BH) is a maximum 
are given quite accurately in each case by the inter¬ 
section of the demagnetization curve with a line 
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through the origin having the slope B r /H c . That this 
should be so follows from the fact that any demagnet¬ 
ization curve for magnet steel may be closely approxi¬ 
mated by a rectangular hyperbola whose equation is 
B = a — k/(H + b) in which a, b, and k are parameters 
of each particular curve. It is a mathematical property 
of the foregoing rectangular hyperbola that the co-» 
ordinates whose product is a maximum are located 



explains why many methods of magnet design give 
-good results. It is because about equal efficiencies are 
obtained in any case over a fairly wide range of values 

Of Brem • * . • 

A further application of the idea that the demagneti¬ 
zation curve can be represented by a hyperbola is made 
by Mr. E. A. Watson. 4 Watson applies a graphical 
construction for a hyperbola to the demagnetization 
curve and extends the construction into the region of 
positive values of H, thus providing a means of extra¬ 
polating the hysteresis loop to the saturation value of 
B. It has been the writer’s experience that Watson’s 
graphical construction cannot be legitimately extended 
into the first quadrant because the curve thus pre¬ 
determined almost always lies considerably under the 
true curve, and yields too low a value for the saturation 
flux density. Fig. 13 illustrates the case in point. 

If, instead of potting B vs. H for the points of the 
demagnetization curve, we plot B/B r vs. H/H c , it is 


Fig. 12 —Curves Showing Approximation of Actual De¬ 
magnetization Curves by Points on the General Hyper¬ 
bola, B — a — k/(H + b ) 

by a line through the origin having a slope equal to 
the ratio of the intercepts of the hyperbola. This 
property of the hyperbola is a property of the de¬ 
magnetization curves for magnet steel in so far as 
these curves can be closely fitted by appropriate 
hyperbolas. That the fit is quite good in all cases is 
shown by Fijg. 12 in which hyperbolas calculated for 



Fig. 13 —Comparison op Graphical Construction op the 
Descending Portion op the Hysteresis Loop with Actual 
Measured Data 

^Note the lack of agreement for positive values of 27 

each demagnetization curve are shown by dots and the 
observed points by a fulLline. The graphical method 
of Fig. 10 for determining the point on each demagnet¬ 
ization curve the product of whose coordinates is a 
maximum is more accurate than the method of plotting 
the curve of (BH) vs. B, because the latter curve is 
usually quite flat-topped and its maximum is hard to 
locate exactly. The fact that the curve is flat-topped 



Fig. 14—Typical Demagnetization Curves and Curves op 
BH vs. B for Various Kinds op Magnet Steel 

found that all test specimens yield points fitting fairly 
well the single curve represented by the equation 
y = A (x + l)/(x + A), in which y = B/B r , x = H/H c 
and A = V2 approximately. It is possible to derive 
from this equation the relationship that ( BH) max = 
0.423 B r H c which checks very well with the line drawn 
in Fig. 11. It can also be seen from the’ equation 
y = A (x + l)/(x + A) that the representation of the 
demagnetization curve by a hyperbola cannot be 
extrapolated to give the correct value for B s since for 
values of H approaching infinity,_the equation yields the 
result that y = B s /B r = A = V 2 whence B s — V 2 B„ 
while values of B in excess of ■%/ 2 B r are commonly 
encountered at ordinary values of H. 

Characteristic Curves for Magnet Steel 

In Fig. 14 are shown demagnetization curves and 
(BH) curves for the various types of magnet steel with 
which the writer has had experience. It should be 
remembered that while these curves are more or less 
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typical d the steels in question, there is no one curve 
which can be given as the curve for the material. There" 
will be as many curyes as there are samples tested, 
because magnetic characteristics of a piece of magnet 
steel, or any other magnetic material depend upon the 
whole previous thermal history of the sample from the 
time of melting to the time of testing, the amount of 
hot and cold working the sample has received, and the 
conditions of stress in the material at the time of 
testing. The relation of all of these variables to the 
remanence of a permanent magnet, fortunately, is 
focussed, as it were, in the values of B r and H c for the 
material, and the relation of these variables to B rem 
is as shown by Fig. 6. 
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Discussion 

W. A. Codd: The paper quite evidently checks experimentally 
Evershed’s criterion of magnetic quality for magnet steels and 
apparently offers a considerably simplified design method in the 
nomogram presented. 

In Fig. 9, from the data given on the closed ring sample, 2 
in. inside diameter and in. by % in. section, together with the 
maximum length plotted on the curve, it would appear that the 
developed length of the ring sample has been taken as the cir¬ 
cumference on the outside diameter of the ring rather than the 
mean length which appears to be more logical. Is there a reason 
for this or is the 2 in. inside diameter of the ring merely an ap¬ 
proximate figure. 

Also in connection with Fig. 9, what is the reason for the 
difference of the effect of proximity of the ends of the magnet for 
Tungsten steel as indicated in this figure as compared to this 
effect for the Cobalt sample as shown in Fig. 8. It would appear 
that the reason for this lies in the facts brought out in the paper 
in regard to the relatively small effect of increases of H c , or 
equivalent changes, as B rem /B r approaches unity. Is this- 
correct? 

There is one other question in regard to the data taken on the 
ring samples. How was the measurement of the B rem flux 
value made on the ring sample for maximum length with the 
ends touching? 

It is understood that the measurements of B rem were made, 
after the sample was magnetized, by use of a search coil. In this 
case to measure the total flux of the magnet at this neutral 
section it would be necessary to draw the coil from the neutral 
section of the end of the magnet. Otherwise only the leakage 
flux would be measured, of course. 


> •*> 

In regard to the nomogram shown in Fig. 7, for use in perma¬ 
nent magnet design, this apparently offers a decided simplifica¬ 
tion over Evershed^ s step-by-step method of calculation. How¬ 
ever, for use in connection with bent magnets, as the author 
points out, it is necessary to use the effective length rather than 
the actual length of the magnet. Figs. 8 and 9 ^evidently offer a 
method of obtaining this effective length for a given shape of 
bent magnet. Is it necessary to make such an experimental 
determination for each particular shape which is to be used, or 
is there a general method for obtaining the effective length? If 
such a method of readily calculating this effective length were 
available, the design nomogram would be extremely valuable. 

The author mentions variations between samples due to 
differences of the thermal history of the sample. In con¬ 
nection with this, Evershed in his article of Aug. 1925 on “Per¬ 
manent Magnets in Theory and Practise” discusses these thermal 
effects in considerable detail emphasizing in particular two effects 
which he refers to as ultra-heating and spoiling. 

Ultra-heating, he states, results in reduced values of B r due 
to failure of some of the iron ’molecules to return to the a or 
magnetic state at room temperatures. He suggests a curing 
process consisting of heating to a moderate temperature (1,380 
deg. fahr.) followed by slow cooling and states that this process 
should always be used by the magnet maker before forming 
magnets. This does not seem to agree with the process recom¬ 
mended by some steel manufacturers which indicates that the 
total amount of heating used by the magnet maker should be 
kept at a minimum. 

In regard to “spoiling,” Evershed states that this consists of 
breaking up of the carbide molecules which results in reduced 
coercive force. This, he states, should be cured by heating to 
about 2,370 deg. fahr. for several minutes. This he indicates 
should be done at the mills before rolling into bars. If this is 
not done the magnet maker will receive steel low in coercive force. 

Evershed gives the above particularly in regard to Tungsten 
steel. Has the author any experience in regard to these points? 

The author has made numerous measurements on a large 
number of samples of each of the various kinds of magnet steel 
available. Does he find that any of these steels show any better 
uniformity than others when exercising equal care in control of 
heat treatment? 

K. L. Scotts The ring magnets, about which Mr. Codd has 
asked were formed hot about a mandrel roughly two inches in 
diameter. The developed length, as given in the paper, repre¬ 
sents the actual mean length of the ring. Mr. Codd’s interpreta¬ 
tion of Figs. 8 and 9 is correct. A gap was ground between the 
ends of the ring magnets, large enough to admit a small search 
coil, before any flux measurements were undertaken, although an 
initial value of B rem could have been obtained before this was 
done by following the procedure for a standard Rowland ring 
test. * 

A general method of determining the effective length of a 
magnet, with or without pole pieces, has not been worked out to 
the writer’s knowledge. Such a general method would probably 
involve the calculation of internal and external reluctances for a 
given design of magnet and pole pieces, and the calculation of 
effective length from these reluctances either by reference to an 
empirical curve or formula. 

The writer has had no first hand experience with steel mill 
practise in the manufacture of tungsten magnet steel. His own 
experience does bear out 'the recommendation that the total 
amount of heating by the magnet maker should be kept as low as 
possible. The writer’s experience does not enable him to differen¬ 
tiate between the various kinds of ftiagnet steel as regards uni¬ 
formity of magnetic quality when exercising equal care in control 
of heat treatment. It appears to the writer that exact control of 
the heat treatment of magnetic materials is yet to be attained. 


An Induction Motor with Paralleled Rot.or 'and 
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Synopsis . —A wound rotor induction motor may be operated with 
the stator and the rotor independently magnetized, {neither supply 
frequency corresponding to the slip frequency). If the stator and 
rotor are paralleled the pull-out torque as a motor is approximately 
doubled and the continuous horsepower output may be increased, 
and as an induction generator, the maximum hva. output is in¬ 


creased. It may be operated simultaneously as a motor and as a 
generator. 

This method of operation was new to the authors and to several 
eminent induction motor designers and as no reference has been 
found to others employing this principle, the theory has been de¬ 
veloped and is presented with the experimental results of tests . 


Introduction 

ITH machines wired as in Fig. 1 it is possible to 
transfer power from rotor to stator or from 
stator to rotor at high frequency and while this 
is taking place, the machine can either receive power or 
deliver power at its shaft. Using more general terms, if 
stator and rotor are independently excited then power 
can be delivered to the machine through three channels 
namely, the stator, the rotor or the shaft. When energy 
is supplied through two of these channels it can be taken 
from the third and when it is supplied to one it can be 
taken from one or both of the other two. 

The rotor and stator voltage and frequency can be 
adjusted to the same values; thus it is possible to 
parallel stator and rotor and make the machine operate 
either as a double motor or double generator. 

* Principle of Operation 

Fig. 1 shows a wiring diagram of a wound rotor 
induction motor with the rings , r of the motor con¬ 
nected to a synchronous machine. The armature of the 
synchronous machine serves to provide a path for the 
secondary current and consequently the induction 
motor can be started. The induction motor will behave 
much the same as it would with its rings short-circuited. 
If the phase rotation of the stator was in the order of 
1-2-3 the voltages induced in the rotor would be a low- 
frequency voltage with a phase rotation of a-b-c. This 
will cause three currents to flow in the synchronous 
machine armature that are 120 deg. out of phase and in 
the order 6f A-B-C. This means, of course, that if the 
windings are placed on the machine as shown in the 
diagram that the induction motor will rotate in a clock¬ 
wise direction. 

With the stator disconnected from the supply and 
short-circuited directly or through transformers, and 
power supplied to its rotor from the alternator in Fig. 1, 
the induction machine may be started again. If the 
phase rotation of the alternator is C-B-A the induction 
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machine will rotate in the same direction as above and 
the low-frequency currents in the stator will be in the 
direction 3-2,-l. 

If the stator is now supplied as usual and at the same 
time the rotor is supplied from the alternator with phase 
rotation C-B-A the supply transformers will act as a low 
impedance path for the slip-frequency currents in the 
stator and the alternator will complete the path for the 
slip-frequency currents of the rotor. The magnitude of 
the voltage impressed on the rotor is dependent on the 
field excitation of the synchronous machine. The fre¬ 
quency of the voltage depends upon the speed of the 
synchronous machine. By adjustment of the input of 



the d-c. machine the frequency in the rotor circuit can be 
made equal to the stator frequency. By the field ad¬ 
justment of the synchronous machine the rotor voltage 
can be made equal to the stator voltage. When the 
rotor and stator have the same voltage and frequency 
they can be synchronized and electrically Co'nnected 
through the switch Si of Fig. 1. The circuit to the syn¬ 
chronous machine can now be opened at S 2 . The induc¬ 
tion motor will continue to operate with its rotor and 
stator electrically and magnetically connected; both 
the stator and rotor will receive power from the line. 
The machine will rotate at a speed less than synchro¬ 
nous speed. The high-frequency current in the stator 
will be in the order of 1-2-3 and the low-frequency cur¬ 
rents in the order of 3-2-1. The high-frequency cur¬ 
rents in the rotor will be in the order of c-b-a and the 
low frequencies in the order of a-b-c. The machine when 
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so connected has characteristics similar to those of the 
normal induction motor. When loaded the speed de- 1 
creases slightly. , 

When driven above synchronous speed the machine 
acts as an induction generator. The low-frequency 
currents in the stator and rotor are opposite in phase 
rotation to what they are as a motor and are in the 
order of 1-2-3 in the stator and c-b-a in the rotor. 

The characteristics of the motor with its rotor and 
stator paralleled can be determined by applying or¬ 
dinary induction motor theory. Using slip as parameter 




HORSE-POWER OUTPUT 


Fig. 3 


The motor has nearly a 1 to 1 ratio of stator to rotor 
turns. ^ 

In order to keep within the limitations of the labora¬ 
tory circuits, the voltage on each phase was dropped to 
110 volts, 60 cycles and the characteristics were deter¬ 
mined with stator and rotor paralleled. The machine 


Fig. 2 

Curve A —Speed torque curves of machine with rotor and stator paralleled 
Curve B —Speed torque curves of machine with rotor short-circuited 


Horsepower. 
Cycles...... 

Three-phase. 


.. — 10 Stator volts. 
.. = 60 Rotor volts. 

1,140 r.p.m. 
Serial No. 4191333 


. = 220 

. - 206 



KILO-WATTS output 


Fig. 4 


Curve A —Line current delivered by generator with rotor and stator 
paralleled 

Curve B—Current in stator phase of the generator with rotor short-cir- 
* cuited 

Curve C—Current in stator phase of the generator with its rotor and stator 
paralleled 

was operated both above and below synchronous speed 
to determine the characteristics as a motor and as a 
generator. In this machine the voltage supplied to each 
phase is a fundamental voltage while the current will 
contain not orfly a fundamental component but also a 
low-frequency oomponent. 

The results of these tests are shpwn as curve A in 


Curve A —Efficiency of the motor with its rotor and stator paralleled 
Curve B —Efficiency of the motor with its rotor short-circuited 

it is possible to determine the torque, stator, copper loss 
and rotor loss, etc., by the power fed into the stator and 
for the same slip determine value for the same items 
which are produced by the power fed into the rotor. 

Experimental Investigations 

Calculations and analysis of operation were checked 
experimentally. The machine selected for tests was a 
Westinghouse wound rotor induction motor rated as 
follows: 



KILO-WATTS OUTPUT 


Curve A —Generator efficiency with rotor and stator paralleled 
Curve B —Generator efficiency with rotor short-circuited 

flu 

Figs. 2 to 5. For comparison curve B in each figure 
shows the characteristics of the motor with normal 
connections. 

Fig. 2 shows that the breakdown torque of the motor 
can be approximately doubled by using the stator and 
rotor in parallel; likewise that the generator capacity 
and m aximu m output can be increased by the parallel 
connection. 

The relative efficiencies for the two methods of 
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operation are shown in Figs. 3 and o. W ith the parallel 
connection high efficiencies are obtained, for large loads 
on account of reduced copper losses per unit output but 
the efficiencies are low for light loads because of larger 
iron losses aijd copper losses produced by the addi¬ 
tional exciting current. The maximum efficiency for the 


for this machine are very small but it can be «een that 
■When the rotor and stator are paralleled that the no- 
load line current contains a larger power component. 
This is because of the increased iron losses* due to the 
high-frequency rotor flux and also the super-position of 
the two fluxes traveling in the iron at different speeds. 

. Tv, •wMJ+Trtn to this the exciting current in the rotor 



caus'es copper losses that increase the no-load input. 

It will also be noted that the maximum power com¬ 
ponent of thq input-current is a little less than twice the 
maximum power coprponent of the motor when its 
rings are short-circuited. This is* caused by a slight 
terminal voltage drop with these he|vy loads. It can 



Fig. 6 

Curve *4—Locus of line current with rotor and stator paralleled 
Curve B —Locus of line current with rotor short-circuited 

two cases seemed to be approximately the same for both 
the condition of motor and generator action. 

The heating in the machine due to the copper losses 
will always be less for heavy loads when parallel con¬ 
nected than when the rotor is short-circuited. In Fig. 4 
is shown the line current for different loads on the genera- 



Curve A Locus of current in stator phase with rotor and stator paralleled 
Curve B —Locus of current in same state phase with rotor short-circuited 

tor for each of the methods of operation. It can be seen 
that the phase current with the parallel connection will 
be less than the phase current when the generator is sup- 
plying the same load with its rotor short-circuited. 

In Fig. 6 is shown the circle diagram of the motor 
when the rings are short-circuited. The no-load losses 


Fig. S—No-Load Currents of Machine Operating with 
Rotor and Stator in Parallel. Voltage Applied = 245 



Fig. 9 —Line and Stator Current for Condition of 220 
Volts Applied to the Rotor and Stator in Parallel. Horse¬ 
power Output = 10 (100 Per Cent Load) 



Fig. 10—Stator and Line Currents Taken by Motor with 
Its Rotor and Stator Paralleled Supply Volts - 220; 
Speed = 1040; Horsepower Output = 20 (200 Per Cent Load) 

. m 

be assumed that the heart-shaped diagram would have 
had a slightly higher maximum power component if the 
voltage had remained constant. The arithmetical sum 
of Stator and rotor current was almost equal to the line 
current. If the rotor and stator constants were the same 
each current would be one-half the line current and 
when compared with the current with the rings short- 
circuited we would have current loci per stator phase 
as shown in Fig. 7. 

The exciting current taken by the motor is indicated 
in the oscillogram of Fig. 8. It can be seen in Fig. 9 • 
that some of the high-frequency waves have pointed 
peaks and the other maximum value of the same wave 
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has a rounded point. This indicates a high saturation 
duilng part of the cycle. 1 

When the machine is loaded, the high-frequency cur¬ 
rents are slightly out of phase and the low-frequency 
currents are slightly out of phase. This is caused by 
different constants in the rotor from those in the stator, 
i. e.j the ratio of stator inductance to stator resistance is 
different than the ratio of rotor inductance to rotor 
resistance. It can also be seen that tjje low-frequency 



Fig. 11—A Suggested Connection by Which Operating 
Characteristics Might be Improved 

current is slightly less than the high-frequency current 
in the same phase as is shown in Figs. 9 and 10. 
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ment smaller motors may be utilized giving the addi¬ 
tional advantages. 

3. The no-load losses may be made smaller. 

4. The all day efficiency of the motor when sub¬ 
jected to a wide range of loads will be higher than that 
of a larger motor operating with its rings short-circuited. 

The tests made on the machine as a motor and as a 
generator indicated two disadvantages of the parallel 
connection. The machine was noisy and the exciting 
current was high. This noise might be eliminated by 
special designing. 



Fig. 13—Construction of Current Locus Diagram 


PARALLELED ROTOR AND STATOR 


Conclusions 

When the practical value of the connection is con¬ 
sidered it can be seen that this connection increases the 
break-down torque approximately 100 per cent. The 
efficiency for heavy loads is higher than that of the same 
motor operated with its rings short-circuited. (See 
Figs. 3 and 5.) For light loads the efficiency of the 




C 


Fig. 12 


Curve A —Torque developed by motor when rotor and stator are paralleled 
Curve B—Torque developed by motor with rotor short-circuited and 
power supplied to stator 

Curve C —Torque developed by the motor with stator short-circuited and 
power supplied to the rotor 


motor with the rotor short-circuited is higher and the 
total excitation current is one-half or less depending 
upon the degree of saturation. When the machine is to 
be subjected to a wide range of loads it is possible to use 
a switching arrangement in the rotor that will short- 
circuit the rings when the load is light and connect the 
rotor and stator in parallel when the load is heavy. 
(See Fig. 11.) 

The advantages of this parallel connection are: 

1. The rating of a given motor can be increased over 
what it would be if the rings were short-circuited. 

2. Initial cost of motor required to drive a given load 
will be less and with the suggested switching arrange¬ 


5 Due to the super-imposed fluxes rotating in opposite 
directions the iron of the motor was saturated as is 
indicated in Fig. 14. This difficulty could be minimized 
by a special design. 

It is possible to operate a wound rotor induction 
motor with its rotor and stator paralleled when ratio is 
not 1 to 1, by connecting the low-voltage rotor to the 
high-voltage line through an auto-transformer. The 
behavior of the machine under these conditions should 



Fig. 14 

Curve x—No-load current taken by the machine at different voltages with 
* its rotor and stator paralleled * 

Curve Y —Estimated saturation curve 


be better than when no transformer is used, since the 
transformer will by-pass part of the low-frequency 
current that ordinarily would flow through the supply 
transformers. 

By designing the machine so that the rotor and stator 
phases have the same constants it is possible to obtain 
speed torque curves as shown in Fig. 12a, the total 
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torque being the sum of the action anfl reaction. By 
putting resistance in each phase a characteristic can be 
obtained as in Fig. 12b. If either the rotor or stator are 
designed with a high resistance and those of the other 
element with a low resistance it is possible to obtain a 
total characteristic as shown in Fig. 12c, obtaining 
both high starting torque and also good regulation.* 
The effects of the low-frequency currents on the 
behavior of the line will depend to a certain extent on the 
ratio of the motor rating to the rating of the trans¬ 
formers supplying the load. It is obvious that if this 
ratio is large the efficiency might be reduced. 


Discussion 

Wesley B. Halls The same performance as the authors ob¬ 
tained may be secured from a normally connected induction 
motor by running it on V 2 times normal voltage. This can be 
done to any induction motor even if its rotor and stator are 
wound for different voltages or if it has a squirrel-cage rotor. The 
torque produced is uniform, and the flux density also uniform at 
V 2 times normal density, while the authors’ connection produces 



a torque pulsating periodically from zero to twice load torque, 
and a flux density pulsating from zero to twice normal density. 
The performance, losses, and efficiency are in general the same. 
A transformer may be needed to supply the increased voltage, 
which may not be required for the authors’ scheme. 

With the rotor and stator paralleled as described in the paper, 
the air gap flux may be considered as made up of two components; 
a field set up by the stator, which will be of normal value and 
rotate at synchronous speed with respect to the stator, cutting 
the rotor at slip speed; and a field set up by the rotor, of equal 
value, which will rotate at synchronous speed with respect to 
the rotor and cut the stator at slip speed. Each of these fields 
will be of uniform constant value. This is shown in Fig. 1, where 
n indicates synchronous speed, s indicates slip speed, and n-s 
indicates rotor speed. 

If the load on the motor is twice normal torque, it may be 
considered that the field produced by the stator carries normal 
torque and the field produced by the rotor carries an additional 
normal torque (although it will be shown later that this involves 
only the average value of a pulsating torque). Then the stator 
carries normal current at li«e frequency to maintain its own field 
and carries an additional normal current at slip frequency caused 
by the rotor’s field. The true stator load current is the sum of 
these components and is shown in Fig. 2. The r.m.s. value of 
this sum is, of course, V 2 times normal current in the stator 


winding. Similarly the current in the rotor winding ig of exactly 
^the same character and has an r.m.s. value of v 2 times normal. 
This is the same value as would be present if the motor were 
normally connected and carrying twice normal torque on y 2 
times normal voltage. The similarity exists at alMoads, so that 
for the two methods of connection the I 2 R losses'are equal, the 
efficiencies are the same, and the slips alike for any given load, 
neglecting differences in exciting currents. 

Tl r ie torque obtained by the authors’ connection, however, is 
not the uniform sum of two uniform torques obtained from these 
two uniform rotating fields. The fields are periodically aiding or 



opposed, so that the resultant air gap flux is periodically zero or 
twice normal, at a frequency equal to line plus slip frequency, as 
may be seen by an inspection of Fig. 1. This result is shown in 
Fig. 3. When the fields are opposed the torque is zero, when 
aiding, it is twice load torque (four times normal in the specific 
case assumed). The periodic occurrence of twice normal flux 
density calls for very large magnetizing current, and the torque 
pulsation causes very evident vibration. 

The average value of torque equals the sum of the individual 
torques of the two component fluxes (twice normal in the ease 
assumed). 

R. E. Hellmund: The paper by Messrs. Conrad and Warner 
discusses an exceedingly interesting operating arrangement for 
induction motors, which like many other special arrangements 
undoubtedly will find some practical applications. There are 
other cases known where the interesting phenomenon of two 
induction motor actions takes place within a single motor. Ex¬ 
amples of this are the various internal cascade arrangements and 
the operation of an induction motor with a single-phase secon- 


llJ 

D 



Fig. 3 


dary, which is equivalent to an internal cascade arrangement. 
To my knowledge, however, the particular arrangement de¬ 
scribed in the paper has not been covered previously in literature. 

Like many other special arrangements, the one covered in the 
paper probably will not find application for general purpose work 
because the same results can usually be obtained with the ordi¬ 
nary induction motor. This is evident from the following simple 
considerations. In the proposed scheme, double full-load torque, 
for instance, can be obtained by having a full-load current of slip- 
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ring frequ^icy superimposed upon full-load current of line fre¬ 
quency in each member. This means twice the full-load losses,., 
because with two currents of different frequency superimposed, 
the losses are equal to th^ sum of the losses caused by the indi¬ 
vidual currents. On account of the superimposition of the two 
fields in the core portions, the maximum magnetic densities, 
however, are doubled. This, of course, will mean correspondingly 
high core losses and perhaps difficulties with noise, etc. If, on the 
other hand, the same motor were operated with 41 per .cent 
higher voltage and 141 per cent load current, it would also give 
twice the output with twice the copper losses and only 41 per cent 
increase for the core densities. Such an arrangement would 
further obviate the necessity of a wound rotor and permit the use 
of the much simpler squirrel-cage winding. 

In employing the arrangement suggested in the paper care 
must be taken if lights are operated from the same circuit, be¬ 
cause low frequency flowing in the primary circuit is’ likely to 
cause flickering of the lights. This condition is similar to that 
obtained with an induction motor operated with single-phase 
secondary, which, except for this reason, might have found 
more general application. 4 

Although for the reason stated the general application of the 
proposed arrangement is unlikely, it may nevertheless be useful 
in special cases, as, for instance, where speed torque character¬ 
istics as shown in Fig. 12c are desirable, and therefore the publi¬ 
cation of the results obtained by the authors should be considered 
a welcome contribution to the art. 

C. L. Fortescue: In dealing with rotating apparatus, by 
the method of symmetrical coordinates, the usual convention is 
to consider all phabe sequences with reference to the stator. 
With this convention a symmetrically-wound induction motor 
running at normal slip will have only positive sequence currents 
in both stator and rotor. The same motor when driven above 
synchronous speed will have positive phase sequence currents 
in the stator and negative phase sequence currents in the rotor. 
Analytically this is taken care of by the fact that the negative 
phase sequence currents and e.m.fs. in the rotor are conjugates 
of the positive phase sequence quantities that appear in the 
analysis and which have negative indexes. The analytic method 
has no discontinuities but the solution is obtained, partly in 
terms of positive sequence quantities having the conventional 
positive indexes and partly in terms of positive sequence quanti¬ 
ties having negative sequence indexes which in the final state¬ 
ment of the solution may be replaced by their conjugate negative 
sequence equivalents with positive indexes. 

In dealing with problems in which the rotor is coupled with 
the primary circuit inductively or conductively the phase 
sequence relations of the motor with respect to the primary 
circuit must be considered with respect to these conventions, 
in order to obtain the correct analytical solution. 

In the present problem from the standpoint of the stator and 
the circuit connections thereto the circuit connections to the 
rotor musl “be made negative sequence in order to give the same 
direction of rotation. Therefore, in the rotor the primary cur¬ 
rents will be negative sequence as far as the motor reactions are 
concerned and the resulting secondary currents will likewise 
be negative sequence. But whereas the primary current in the 
circuit will be positive sequence for both stator and rotor, the 
secondary currents will both be negative sequence with respect 
to the primary circuit. 


S' I a i is the positive sequence system of currents in the stator 
S 2 I u 2 is the negative sequence system of currents in the rotor 
S 2 I a o is the negative sequence system of currents in the stator 
S' I u i is the positive sequence system of currents in the rotor 
The equations of the induction motor operated with both 
primary and secondary connected to the same sjource of power 
are: 

-S' Sal = S' {(«„ +iOJoia) hi + jOJoMhie ^-"*>'} 
o = S°- {(Ra +ju,La) hi +jU 1 Mhie -■«“»-">>*} 

0 = S' {( R u +jco 1 L u ) hi +jWiMI a ie 
S°-E a i = S 2 {(Ru+jUoL u ) hi +jO)oMhieJ^-^ l \ 

^ To simplify the problem assume R u = R a , L u = L a , then 
Ica — I U 2 and I a 2 — / w i. The slip frequency is given by Cxh 
and the synchronous frequency by co 0 . The two systems of 
primary currents, that is to say those supplied to the stator and 
rotor respectively, are entirely unrelated in the induction motor 
circuits as they are throughout without any mutual coupling. 
The two fields will be independent and each be determined by 
the impressed e.m.f., S'E a i as if the other did not exist. If B 
be the maximum value of the induction in the air gap due to the 
stator field, it may be represented by the rotating vector 

S' B = S' Be 

The rotating field to the rotor will be rotating in the opposite 
sense to the actual mechanical rotation and since the mechanical 
rotation is e- 7 ’^ 0 the actual rotation of this induction in the 
air gap will be e~ J { Wo } or e~ jai K Its value will also be B 

the same as for the stator so that the total induction will be 
B (e^ Qt + e -M) 

So that in less than every complete cycle there will be a doubling 
up of the induction. 

For the same output the heating due to copper loss is very 
much reduced. To get at this let us take I a as the normal full 
load current whenThe machine is operating in a normal induction 
motor. We may assume the I u is approximately equal to I. 
Then we shall have 

I 2 R loss = ( I a 2 + I u 2 ) R a = 2 Ia 2 Ra 
Assume the two-winding scheme, and let the two currents 
supplied by the primary be ml a , ml u , etc. Then * 

PR loss = 2 (m 2 / a 2 + m 2 I u 2 ) E a = 4 m 2 I a 2 R a 
For the same loss we have 

4 m 2 I a 2 R a = 2 1 pR a 

and therefore 



m = . . = 0.707 

Jj 

The current that may be supplied by the primary circuit to 
give the same PR loss will therefore be 41.4 per cent higher than 
for the straight induction motor. That is to say, its output for 
the same copper loss will be increased 41 and a fraction per cent. 

To offset this the induction is doubled though the actual iron 
loss will not be so greatly increased in each element by the 
doubling of the induction but the rotor iron loss and the stator 
iron loss will have approximately the same magnitude, so that 
we may say that the iron loss for the same applied voltage will 
be approximately double that in the regular induction motor. 
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Some Considerations in the Design of Damper 

Windings for Synchronous Motors P • 


BY C. C 

Associate, 

Synopsis . —As the application of synchronous motors is ex¬ 
tended to include more specialized fields, the design of damper , 
windings for special starting performance becomes more of an 
exact art Methods have been presented before the Institute by 
which the starting performance can be determined with good ac¬ 
curacyu The purpose of this paper is to present certain possibilities 
and limitations of the performance which may be obtained by 
variation of the damper winding design. 


SHUTT* 

A. I. E. E. * 

For purposes of consideration, damper windings are arbitrarily 
■ classified as low reactance and high reactance types. It is pointed 
out that low reactance damper windings are well suited to give a 
high ratio of torque to kva., especially during the initial part of the 
starting period. Many other types of performance, including a 
fairly uniform torque over the starting period or, a low starting 
torque with high pull-in torque—all with a relatively low kva. can 
be obtained with high reactance windings. 


Introduction 

HE constant effort of the designers of synchronous 
motors to improve the starting characteristics of 
their machines has led to marked advances in the 
art of predetermining their performance. Putman 1 
and Linville 2 have given methods of calculating the 
performance of the motor throughout the entire start¬ 
ing period. By their use the designer may calculate 
the starting performance with reasonable accuracy 
provided, first, that he can calculate the machine con¬ 
stants correctly, and second, that he has an apprecia¬ 
tion of the possibilities and limitations of the various 
combinations of these constants. It is the purpose of 
this paper to point out certain aspects of this second 
condition of successful design. f 

- Machine Constants 

For purposes of comparison, the machine constants 
may be classified as stator reactance (ri) f and resistance 
(n),. damper winding reactance (x b ) and resistance 
(fb), total rotor reactance (r 2 ) and resistance (r 2 ) and 
the magnetizing admittance ( H ). Often the individual 
damper bars do not all have the same reactance and 
resistance. Putman used an equivalent reactance 
and resistance for the damper circuit, in which the 
constants of the individual bars are combined into the 
constants of a damper winding made up of equivalent 
bars. Linville reduced the motor circuits to an equiva¬ 
lent network, placing each bar with its individual 
constants *tn a separate branch. 

In this paper all constants are referred to the stator 
and expressed in per cent. 

Characteristics of Damper Windings 

A good criterion for the best starting performance 
for a synchronous motor appears to be that the motor 
shall develop the required torque throughout the start¬ 
ing period with the lowest kva. that can be obtained 

‘Power Engg. Dept. Westinghouse Elec. & Mfg. Co., East 
Pittsburgh, Pa. 

1. For references see Bibliography. 

Presented at the Winter Convention of the A.I.E.E., New York, 
V. Y., January 25-29, 1932. 
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without impairing the operating characteristics at syn¬ 
chronous speed. 

The design of special damper windings for induction 
motors has been studied for years and probably most 
of the practical combinations have been used in them. 

In studying the problem of starting windings for syn¬ 
chronous motors, many of the steps of the induction 
motor designers doubtless are retraced. 

Types of Windings. For the purpose of discussion, 
it is convenient to divide damper windings arbitrarily 
into two classes. The first is called “low-reactance 
windings.” This includes all windings which are made 
up of round or rectangular bars of such size that skin 
effect has only a negligible effect on the distribution 
of the current in the bar. Such windings are so ar¬ 
ranged in the pole head that the ratio of specific 
permeance to effective specific resistance of the wind¬ 
ing as a whole is only slightly affected as the motor 
comes up to speed. The second class is called “high- 
reactance windings.” This includes all forms of double 
deck windings, such as those having two distinct bars 
placed one over the other and all windings made 
entirely or in part of L bars or inverted T bars as well 
as plain rectangular bars of such a shape and material 
that they are subject to an appreciable skin effect. 
Moreover, the second class includes all single deck 
windings which are so arranged that the characteristics 
of the winding change noticeably as the motor comes 
up to speed. 

Low-Reactance Windings. Most of the ordinary 
single deck damper windings are of the low-reactance 
type, although it will be shown in Appendix III that 
certain of them actually have a considerable change in 
characteristics- as the motor comes up to speed. 

In order to obtain the highest ratio of torque to 
kva. throughout the starting period, it is necessary to 
have the rotor circuits of high resistance and low 
reactance. Very high-resistance damper windings 
have the serious practical objection that they produce 
low torque at the higher speeds unless the motor has a 
low stator reactance. This difficulty becomes quite 
marked in low-speed motors. However, low-reactance * 
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damper \jindinfs are well suited for low-speed motors 
with 40 to 50 per cent pull-in torque accompanied* 
with a starting torque as high as 75 per cent. Higher 
torques witfr approximately the same ratio of pull-in 
to starting torque can be built with an increase in 



A 


induction motor. Fig. 1 b shows the same conditions 
except with the field winding closed through a starting 
resistor. It will be noted that the curve with the lowest 
resistance has the highest maximum value. This is 
because the maximum of the torque from the damper 
winding for this condition coincides most nearly with 
-the maximum of the torque from the field winding. 
The effect of the field winding has been covered in a 
previous paper. 1 Fig. 1c shows as a matter of interest 
the results obtained when the starting resistor is varied 
in the same proportion as the damper winding re¬ 
sistance. 

The per cent starting current for these cases is shown 
in the following table: 


Fig. 

1a 

lB 

lc 

7*6 = 0.10. . . . 

.360. 

....400. 

.400 

r b = 0.20_ 

.320. 

.370. 

.370 

r b = 0.30. . . . 

.260. 

.320. 

.320 


An increase of the damper winding reactance de¬ 
creases the torque at all slips. Probably most designers 
of synchronous motors have noted that increasing the 
damper winding reactance for a given value of resis¬ 
tance in some cases results in an actual increase in 
starting kva. The reason for this becomes apparent 




B 


C 


Fig. 1 —Effect of Change in Damper Winding Resistance on Torque 2,000-Hp., 
150-R.P.M., 100 Per Cent Power Factor •Synchronous Motor 

A. Field open 

B. Field closed through normal starting resistor 

C. Starting resistor varied in same ratio as damper winding resistance 


frame size. Most high-speed motors will produce 100 
per cent pull-in torque with 150 to 175 per cent start¬ 
ing torque with low-reactance dampers. 

The effect of changing the damper winding resistance 
is shown in Fig. 1. Fig. 1 a shows the case with 
the field open. The effects are the same as with an 


upon examining an approximate. equation for starting 
current which was derived originally for the induction 
motor. The equation is: 

\/l -f- 2Hx 2 


Z o 
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where Z 0 is the total impedance of the motor. Differ¬ 
entiating this expression with respect to x*, it is found 
that the current has its maximum value when the 
following relation is fulfilled: 



where r 0 = sum of stator and rotor resistance. 

An excellent example of a low-reactance winding in 
which a high ratio of torque to kva. is maintained at 



Fig. 2—Rotor for General Purpose Synchronous Motor 
High-reactance inverted T bar and low-reactance round bar 

all times is found in a recently developed salient-pole 
motor with a phase wound damper winding. 4 This 
motor uses a single deck winding of round bars with 
a low permeance slot over each bar. The winding is 
brought out through slip rings to external resistance 
grids. By means of suitable control equipment, the 
resistance in the damper circuit can be maintained at 
all times as high as the torque requirements will permit. 

It has long been recognized that leaving the field 
circuit open during all or a part of the starting period 
is an effective means of increasing the rotor circuit 
resistance and decreasing its reactance. Recently a 
numbercof applications calling for a particularly high 
ratio of torque to kva. has been filled with motors 
which had the field circuit open during the greater 
part of the starting period. Large and medium size 
slow-speed motors can be built readily for open field 
starting. They may be excited from standard 125 or 
250-volt circuits by the use of a field sectionalizing 
switch mounted on the rotor. 4 Such switches have 
been successfully applied to low-speed motors • both 
with a normal single cage winding and with the phase- 


wound damper. In high-speed motors of small and 
-medium size, it has been found more convenient to 
use reduced voltage excitation,, so that the voltage 
across the rings at starting will be kept within the 
limits of a reasonable amount of insulation on the field 
coils, the collectors and the control equipment. The 
reduction of kva. by the use of open field varies from 
20 to 30 per cent in high-speed motors and from 8 to 
15 per cent in the low speed. These kva. reductions 
are accompanied by an increase in starting torque of 
from 3 to 15 per cent. 

An example of the possibilities of a single-cage, high- 
resistance, low-reactance damper winding is found in a 
250-hp., 900-r.p.m., 100 per cent power factor motor 
for driving a hammer mill. The rotor was designed for 
low reactance. The motor was built for open field 
starting and tested 245 per cent starting torque with 



Fig. 3—Speed-Torque and Speed-Current Curves for 
General, Purpose Type of Synchronous Motor 

250 bp., 900 r.p.m., 80 per cent power factor 

110 per cent pull-in torque and 425 per cent starting 
kva. 

Where a high ratio of torque to kva. is required, 
especially during the early part of the starting period, 
and where the starting torque itself must be high with 
a relatively low kva., low-reactance damper windings 
are well suited. 

High-Reactance Windings. It is well recognized that 
to get any appreciable change in the effective resistance 
of any type of a double deck damper bar it is necessary 
for at least a portion of the material of the bar to be 
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of low resistance. In high-speed, high-torque motors, 
wh»re the damper winding must furnish a major por-. 
tion of the impedance to limit the starting current, a 
straight double deck Winding defeats its own purpose. 

* If its reactance is high enough to limit the starting 
current, it is apt to be low in starting torque. And if 
the resistance of the winding is high enough to con¬ 
tribute materially to the impedance of the machine, 
it probably will not have enough decrease in resistance 
at the higher speeds to give the required torque. 

Double deck windings of the conventional induction 
motor type, with two distinct bars placed one over the 
other, have been used rather commonly on slow-speed 
synchronous motors which require nearly a uniform 
torque throughout the starting period. A recent 
A.I.E.E. paper 6 discusses applications of this type and 
presents a set of performance curves for a rubber mill 
motor showing 120 per cent starting torque and 100 



Vo 

Fig. 4—Speed-Torque and Speed-Current Curves for a 
700-Hp., 900-R.P.M., 100 Per Cent Power Factor Synchro- 
nous Motor for Centrifugal Pump Drive 

per cent pull-in torque. Many rubber mill applica¬ 
tions require a somewhat higher starting torque with 
the same pull-in torque. 5 On these latter applications 
motors with the simpler low-reactance winding give 

good performance. 

• • 

One field in which high-reactance rotors may be 
used to advantage is the general purpose class of motors 
and those of somewhat higher horsepower rating, 
which usually have general purpose characteristics. 
These motors require 100 per cent pull-in torque and 
only a little higher starting torque. Due to the usual 
small physical size of these motors, it has been found 
mat bars of an L or inverted T section are well suited. 
The use of a few high-reactance bars, combined with 
low-reactance bars in the same pole head, presents no 
serious manufacturing difficulties and gives sufficient 
impedance at the start to limit the current, yet low 
enough resistance at low slips to give the required 


pull-m torque.* The constants of such* a winding are 
given in Appendix II. Fig. 2 shows an 8-pole rotor 
for a general purpose motor of this type. 

Curves of the tested starting performance of a 
250-hp., 900-r.p.m., 80 per cent power factor motor 
are shown in Fig. 3. • 

. An interesting example of the possibilities of special 
forms of high-reactance rotors is found in the design 
of high-speed motors for centrifugal pump and blower 
drive. 1 his is a good example of an application where 
a low torque per kva. is quite acceptable. The present 
day requirements are at least 100 per cent pull-in 
torque with 50 to 60 per cent starting torque and the 
starting current between 400 and 450 per cent. 

One solution of the problem which has been quite 
successful is the two winding motor described in a 
recent A.I.E.E. paper. 6 This method often gives the 
required starting performance from motors of practi¬ 
cally standard design. However, there are cases, 
especially with small high-voltage motors, where it is 
difficult to obtain the required number of parallels. 
And the control equipment must include an auxiliary 
contact or breaker for closing the second half of the 
winding. 

# For this reason, a high-speed motor with a simple 
type of high-reactance rotor and a normal, high effi¬ 
ciency stator has been developed, which permits the 
use of standard full voltage starting equipment. 

This motor employs a single-cage damper winding 
of the conventional type, except of quite high resistance, 
combined with one or two low resistance* and medium 
reactance bam in each pole. In this type of a winding, 
the resistance* and reactance are both high at stand¬ 
still. However, the impedance of a majority of. the 
bars is mostly resistance. As the#motor comes up to 
speed, the impedance of the high-resistance bars re¬ 
mains approximately constant. The impedance of the 
low-resistance bars, however, decreases materially at 
the higher speeds, and thus effects the necessary reduc¬ 
tion in total rotor impedance. 

A set of test curves on such a motor rated at 700-hp., 
900-r.p.m., 100 per cent power factor is shown in Fig. i. 

These tests were made with the field circuit closed 
through a proper starting _ resistor. With* the field 
open, the starting current is reduced to 275 per cent, 
with a slight increase in starting torque. 

As the applications of synchronous motors become 
more specialized, there will doubtless be a m arked 
improvement in the results obtained from special, yet 
simple, forms of high-reactance damper windings. 
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Fig. 5—Characteristics of Rectangular Bars 

A. Resistance <r = ohms per cu. in. X 10 6 

B. .Reactance d> = specific permeance per cm. leJhgth 


Appendix I 

Characteristics of Various Types of 
Damper Bars 

The constants of a number of types of damper bars 
in common use are presented here for reference and 
comparison. Much of the material has been presented 
before. See Fig. 7 for reference to dimension letters. 


1. Round Bar. The resistance of s the round bar 
, is ordinarily determined by its cross section and the 

specific resistance of the material without reference to 
skin effect. Mr. Fechheimer 7 showed that the perme¬ 
ance is 

1.26 [ 0.62 + | ] 

The figures were obtained by integration in polar co¬ 
ordinates based on flux lines going straight across the 
round slot. Careful flux plots have later shown the 
value of the constant inside the bracket to be 0.66 
instead of 0.62. 

2. Square Bar. In this class are included all bars 
of square or approximately square cross section. Here, 



Fig. 6—Characteristics of Inverted t Bars 

cr ohms per cu. in. X 10 6 

<f> = specific permeance per cm. length 


also, the resistance usually may be calculated without 
regard to skin effect. The permeance is given by the 
well known expression 


1.26 



+ 


dy 

w l 


] 


It is apparent at once that a square bar has a better 
power factor than a round one for the same resistance. 

3. Rectangular Bar. In determining the constants 
of a rectangular bar the displacement of the current in 
the bar itself at the higher frequencies must be taken „ 
into account. The expressions may be conveniently 
derived by the use of integral equations. A more 
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general fosmula has already been presented 1 which 
reduces for a rectangular bar to 

£ = r JA ±i r cosh 2A cos 2 A + j sinh 2 A sin 2 A 1 
* ab * L sinh 2 A cos 2 A + j cosh 2Asin 2 A J 


where 


A = 27ra\ 


r 


r = specific resistance—absolute units 
/ = frequency 

The impedance Z will be given in absolute units. The 
expression does not include the permeance of the slot 
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Fig. 7—Characteristics op Several Common Bars 


above the bar. A set of curves covering various depths 
of 1/4 inch wide bar is shown in Fig. 5a and 5b. 

k. Inverted T Bars. The theory of the calculations 
for the inverted T bar has been presented in a previous 
paper. 1 The impedance formula in hyperbolic nota¬ 
tion is 


z l'r{A+jA) 


b 2 


r R cosh (iS'+yg)—cosh (D+jD) ! 
R sinh (5+j5)-sinh (D+jD) J 


where R = 


bi 4~ hi 
bi — bz 


— A (o&2 T" cti), D 


A (a 2 — «i). 


» * 

In general, bars of this type are of such a shape and 
"size that the skin effect in the conductor itself is negli¬ 
gible. The impedance of the type shown in Fig. 7 
is given by 

z = r« n-105 w 2 (l +G)+jw [r a (24.3+12.6£)+r t 8.32] 

, r 0 + jw At (1.025 + G ) 

where 

r a is resistance of top bar in absolute units per centi¬ 
meter length 

r 6 is resistance of bottom bar in absolute units per 
centimeter length. 

r o — r a - f- r& 

w = 27 rf 

G = ratio of depth to width of slot between bars. 
The impedance Z is given in absolute units. It does 
not include the permeance of the slot above the bars. 

The above list is not inclusive of all types of bars in 
use, but fairly covers the range of common practise. 

Fig. 7 shows sketches of the various types of bars 
together with a comparison of their characteristics. 

m Appendix II 

Characteristics of a Combination of Inverted 
T Bars and Round Bars for a General 
Purpose Motor 

In this appendix examples are given of the constants 
which can be obtained by the use of high and low 
reactance bars in the same pole. The desirable charac¬ 
teristics are a hfgh injpedance with fairly high power 
factor at the start and an appreciable decrease in re¬ 
sistance as the motor comes up to spfed. A sketch of 
a pole using 2 high-reactance bars of the inverted T 
type combined with 4 low-reactance bars is shown in 
Fig. 8. 



Fig. 8 Pole Punching for a General Purpose Motor 


Fig. 6 gives a set of curves for a copper bar of the 
dimensions shown in Fig. 7. 

5. Double Deck Bar. Perhaps the best known 
form of double deck bar for induction motors is that 
consisting of two bars, one above the other. They 
"have been used to a certain extent on synchronous 
motors, although the limited depth of pole head pre¬ 
sents a handicap to their application. 


Instead of handling each bar separately in calculating 
the starting performance, it is convenient to find the 
resistance and permeance constants of an equivalent 
bar of such characteristics that the winding may be 
considered to consist of 6 (in the case of Fig. 8) such 
equivalent bars per pole. The impedance of the 
equivalent bar may be found by multiplying the actual 
impedance of all bars in parallel by the number of bars. 
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The following table gives the specific resistance and 
specific permeance of the equivalejat bar for the pole* 
shown in Fig. 8 with various resistance materials in the 
round bars. The inverted T bar is copper in all cases. 
The equivalent bar will have the same area as one of 


the inverted T bars. 




- 

JL bar 


Equivalent bar 


Round bar 60 cycles 3.5 cycles 

60 cycles 

3 .5 cycles 

<7 <p G <p <7 <f> 

<7 

4> 

cr 

<t> 

1.S7..2.51..2,07. .2.89 0.831 .4.09 . 

. 2 . 10 . 

..2.62. 

. .1.45.. 

.4.23 

2.84..2.51..2.07..2.89 .0.831.4.09 . 

.2.84. 

..2.69. 

..1.74.. 

.5.34 

5.50..2.51..2.07..2.89 .0.831.4.09 . 

.4.20. 

..3.08. 

. .2.08.. 

.7.23 

12.82..2.51..2.07..2.89 .0.831.4.09 . 

. 6 . 21 . 

..4.68.. 

..2.44.. 

.9.70 


cr = resistance per cu. in. X 10 6 

q> = specific permeance per cm. length. 


It will be noted that the highest resistance round 
bars give the greatest decrease in resistance as the 
motor comes up to speed. A 250-hp., 720-r.p.m. motor 
using the last combination listed calculated 14.8 per 
cent damper circuit reactance and 17.3 per cent re¬ 
sistance at standstill. 

Appendix III 

Constants of Single-Cage Winding- on* 
Round Bars 

In some cases where the winding is made of round or 
square bars, all the same size, the slots above the bars 
are deeper at the center of the pole than near the tips. 

Consider a pole with five 3/8 inch round bars. The 
slots over the middle 3 bars are 3/16 inch deep by 
1/8 inch wide and over the two end bars they are 1/16 
inch deep by 1/8 inch wide. In case'it is necessary to 
use bars of different materials to meet the necessary 
resistance, an appreciable change of constants may 
occur as the motor comes up to speed. For bars all of 
the same material, the change is quite small. Three 
examples are illustrated in the following table: 


Center bars 

End bars 


Equivalent bar 


60 cycles 

3.5 cycles 

cr 

’ 

a 

4> 

cr 

<t> 

<7 

<f> 

5.5 . 

.2.72.. 

..5.5 . . 

..1.46.. 

..5.56.. 

..2.16.. 

. .5.51... 

. . 2.21 

1.98. 

. ..2.72.. 

..5.5 . . 

..1.46.. 

..3.04.. 

..2.93.. 

.. 2 . 66 ... 

. .3.05 

5.5 . 

.2.72.. 

..1.98.. 

..1.46.. 

. .3.30.. 

..2.08.. 

. .3.18... 

. . 2.12 


Discussion 

M. R. Lory: Synchronous motors are being applied to a great 
variety of applications which differ widely in starting require¬ 
ments. The popularity of full-voltage starting with its cheaper 
and simpler control has increased the importance of limiting the 
kva. drawn by the motor during the starting period. The prob¬ 
lem of the designer is to meet the torque requirements of the load 
and still keep the current drawn from the line to a minimum. In 
his paper, Air. Shutt has*given a comprehensive summary of the 
various means by which the designer can accomplish this result. 

In Fig. 7 and Appendix I, Air. Shutt has given the constants 
for several types of damper bars including two double-deck ar¬ 
rangements. Mr. Shutt pointed out the difficulty of using 


double-deck windings where the depth of pole head^s limited. As 
a matter of interest, I have calculated these two examples with 
the two bars in parallel but in separate slots, making the per¬ 
meance of the slot above each the same as the permeance which it 
has in the arrangement given in Fig. 7. Calculated on the same 
basis, the values of the constants for the two bars are as follows: 


a <t> 

60 cycles 3 .5 cycles 60 cycles 3.5 cycles 

5 -A.1.83.0.713.3.62.8.16 

5 —B.2.66.1.95 .3.83.4.93 


In many eases the above characteristics are not as desirable as 
those given by the conventional arrangement with both bars in 
the same slot. A*given change in resistance is accompanied by a 
greater change in reactance. However, in some cases the simpler 
mechanical construction will offset the slight disadvantage in 
performance. When a number of bars is used per pole, the high 
reactance of the low-resistance damper may be obtained by con¬ 
centrating it into a fewer number of bars than the high-resistance 
damper. This materially decreases the depth of slot which must 
be put over the low-resistance bars. This principle was utilized 
by Mr. Shutt in the machine he describes for use with pumps or 
blowers. 

This same principle is in evidence when bars of different re¬ 
sistivity are used in a single cage winding, as shown in Appendix 
III. Appendix III does not mention the fact that the slots above 
some of the bars do not have to be deeper than the others to get 
a change in resistance with frequency when the difference of the 
resistivity of the individual bars is large. So as an example, take 
five bars of the proportions of bar No. 1 of Fig. 7 and make one 
bar of resistivity 0.91 and four of resistivity 13.6. The constants 
of the equivalent bar show a pronounced double-deck effect. 
They are as follows: 



cr 


4> 

60 cycles 

3.5 cycles 

60 cycles 

3.5 cycles 

4.46_ 

.3.59. 

.6.08.... 

. 6.6 


I believe that the formula for the value of X 2 for maximum 
inrush is more of theoretical interest than of practical value. I 
find that with the constants normally found in design this 
formula gives either negative values or positive values which are 
so small that they are below what would be obtained in a machine. 

R. EL Hellmund: Mr. Shutt’s paper is further evidence of the • 
excellent progress which has continuously been made by Ameri¬ 
can designers of synchronous motors in the development of 
motors suitable for the many commercial applications. As a re¬ 
sult of such work, the American market has been kept free of the 
numerous more complicated and therefore less desirable excita¬ 
tion and phase-advancing schemes for induction motors which we 
find so extensively discussed and produced in Europe. In this 
country these various arrangements have been investigated and 
built experimentally, but it was found that economically the 
synchronous motor designs were always just one step ahead of 
anything which could be accomplished with the various possibili¬ 
ties of excitation of induction motors. By the use of the simplest 
design features and through painstaking design work, many de¬ 
sirable characteristics have been obtained with synchronous 
motors, and at the same time design proportions have been 
worked out which have resulted in very favorable cost compari* 
sons with domestic induction motors and which for many years 
have been away ahead of any European synchronous motor de¬ 
signs -which have come to my attention. 
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Part of the credit for keeping the more complicated induction 
motor # arrangements off the American market is also due to the 
central station engineers through their permitting starting-cur¬ 
rent and kva. values in excels of those usually permitted in other 
.countries. * 

These remarks may answer the question frequently raised as 
to why various exciter and phase-advancer schemes for induction 
motors have not been commercially exploited in this country. 

C. Co Shutt: The intensive study of the starting performance 
of the synchronous motor has been carried on for a comparatively 
short time when compared to its predecessor in the alternating 
current field—the induction motor. The designer of synchronous 
motors can obtain a great amount of benefit from a study of 
what has been tried and adopted—or discarded—in the starting- 
windings of induction motors. 

In commercial design work the designer is somewhat handi¬ 
capped by the fact that present methods of calculation, which 
accurately take into account the effects of the*field winding, are 


rather laborious. I? is expected that improvements will be made 
in the near future in the methods of calculating the starting- 
performance. m 

In regard to Mr. Lory’s comment on the practical value of the 
formula for the value of 1% which gives the maximum inrush, an 
inspection of the equation as given in the paper will show that 
for high values of resistance X 2 may have an appreciable magni- 
tjude. In actual design work this “critical” value of rotor re¬ 
actance will be noticed particularly on high-speed motors where 
the starting current must be limited largely by the impedance of 
the rotor. In these eases the damper winding resistance is often 
made quite high. 

Mr. Hellmund’s remarks are particularly applicable to the low- 
speed field. The operating advantages of the low-speed synchro¬ 
nous motors permit the use of many low-speed direct-connected 
motors in industrial applications which would otherwise require 
high-speed induction motors, which have relatively high full 
load power factor and efficiency, and reduction gears or belts. 
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F ilm. Characteristics of Electrolytic Condensers 

BY F. W. GODSEY, Jr.* 

1 Associate, A.I.E.E. 


Synopsis.—Electrolytic condensers of the film-forming type have 
some interesting characteristics which have never been satisfactorily 
explained. Extremely thin oxide or hydroxide films formed on the 
surface of the metal anodes seem insufficient in themselves to explain 
the complete action. Likewise, an electromotive equilibrium is 
insufficient to explain the action. 

A resume of former research reveals a great deal of information of 
large practical value in building electrolytic condensers but little of 
value from a theoretical standpoint . Reviewing the prominent 
papers , it appears that aluminum has been the chief subject of dis¬ 
cussion for condenser anodes. Such anodes show small leakage cur¬ 
rents in selected electrolytes at low temperatures. Increasing voltage, 
temperature, or electrolyte concentration cause increases in leakage; 
the addition of impurities also has a deleterious effect. 


The oxide-gas theory of rectification as applied to electrolytic con¬ 
densers by Gunther schulze predicts changes in capacity for variations 
in pressure. Experiments do not substantiate the presence of gas. 
The oxide layer alone is unable to fulfil the necessary conditions 
found. 

Electrolytic condensers with extremely low applied voltages show 
large variations in measured capacity from high-voltage measure¬ 
ments. The results indicate a film in which ion penetration plays a 
large part. 

The presence of a film saturated with water as the dielectric over¬ 
comes a number of former obstacles, and lessens the necessity for the 
very thin films formerly assumed, due to the high dielectric constant 
of water. 0 

***** 


E LECTROLYTIC condensers have been of general 
interest to electrochemists since 1855 when 
Wheatstone 1 presented a paper on the polarization 
of aluminum in electrolytes. 

A number of metals possesses the property of forming 
on their surfaces protective coats when immersed in 
electrolytes. The skin formed is extremely thin nor¬ 
mally; but if the metal is made electrically positive with 
respect to the electrolyte the thickness will increase 



Fig. 1—The Formation of an Electrolytic Condenser 
Anode with Constant Current Through the Electrolyte 

Upper curve liigh current density, lower curve low current density 

until the layer is readily apparent. This film has a 
high electrical resistance, rising in some instances to 
several thousand megohms per square cm. of surface, 
the resistance remaining only as long as the metal is 
the anode in the electrolyte. 

This film assumes the role of the dielectric in a 
condenser, 2 the plates of which are the metal on the 
one side and the electrolyte on the other. 

The metals which form protective films in electro- 

*Development Engineer, New Haven, Conn. 

Presented at the Winter Convention of the A.I.E.E., New York, 
N. Y., January 25-29,1932. 


lytes include aluminum, antimony, bismuth, magne¬ 
sium, zinc, niobium, vanadium, colombium, zirconium, 
tantalum, their alloys, and a number of other metals. 
These metals all can be used in electrolytic condensers. 
Copper and silver exhibit ionic valve action as opposed 
to the electronic valve action of film forming metals. 8 

The choice of electrolytes is narrow when aluminum 
is used as the electrode, but tantalum exhibits valve 
action in all electrolytes except hydrofluoric acid. 
The usual practise in selecting an electrolyte for 
aluminum is to choose the salt of a weak acid and a 
strong base which will nearest meet all specifications. 
A sufficient amount of free acid is usually added to the 



Pig. 2—Leakage Current op 8-Microfarad Condenser 
for Radio Filter Circuits, Formed to 450 Volts, 25 
Deg. Cent. 

solution to insure an acid reaction to retard the pre¬ 
cipitation of aluminum hydroxide. 

If a strip of pure aluminum is made the anode in a 
suitable electrolyte and a constant current is caused to 
flow, the voltage across the cell will rise with increasing 
time as indicated by the curve of Fig. 1. The initial 
portion of the curve is straight, but as the voltage is 
raised, the rate decreases and abrupt bends appear in' 
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• 

the ^curves. Close examination will disclose a faint 
luminescence at the surface of the anode after the first 
bend; and upon further increases small sparks appear 
. at the surface of the aluminum and finally heavy 
sparking takes place between the anode and the elec¬ 
trolyte and large current increases result from small 
increases in voltage. This maxim um voltage varies 
widely under different conditions and it is known as*the 
breakdown voltage; but the useful operating range of 
the condenser is below the first bend in the curve. 
The lower curve of Fig. 1 is for a lower forming current; 
in this case the maximum voltage is not approached. 
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Fig. 3—Leakage Current op Aluminum Anode Plotted 
as a Log Function against Electrolyte Temperature. 
'Bairsto and Mercer) 
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Fig. 4—Leakage Current op 8-Microfarad Aluminum 
Condenser with 350 Volts Impressed, for Different Oper¬ 
ating Temperatures 

Fig. 2 is the characteristic leakage current of an 
eight-microfarad aluminum condenser formed to 450 
volts. The area of the anode is 72 square inches, and 
the solution is saturated sodium borate with the addi¬ 
tion of sufficient boric acid to insure an acid reaction 
from the electrolyte. The leakage current of a con¬ 
denser depends not only upon the voltage, but also the 
materials used and the operating temperature. The 
effect of temperature on the leakage current of alu- 
• minum is expressed by the empirical equation. 4 

I = Ae aT , (loge I = log c A + olT 
where A is a constant, a is a constant dependent only 




on the equivalent weight of the anion in solution, and 
T is the temperature. When the current density is 
high the rise of current with temperature is more rapid 
than predicted. Fig. 3 shows the leakage of an alu¬ 
minum anode plotted as a log function agginst temper¬ 
ature. The variation of film resistance with impressed 
Voltage 5 is illustrated in Fig. 5 which shows clearly the 
asymmetrical characteristic of the cell. 



Fig. 5—Variations op Film Resistance with Impressed 
Voltage in Aluminum Electrolytic Condenser. (Siegmund) 



Fig. 6—Decrease in Leakage Current of Electrolytic 
Condenser with Time. (Siegmund) 

After an anode has had high voltages applied the 
leakage currents are found to be slightly higher for 
normal voltage values upon reduction of the voltage. 
After a relatively short time has elapsed, practically 
the same values of leakage current are obtained. Over 
a long period of time condenser characteristics change 
appreciably, 5 particularly when the condenser is formed 
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initially to a voltage different from the operating volt¬ 
age, Fig. 6. 

With metals that are soluble or slightly soluble in 
the electrolyte, leakage current may increase rapidly 
with concentration of the solution. Using aluminum 
as the anode, the addition of very slight amounts of 
chlorine will increase leakage current many fold. In 



Fig. 7—Aluminum Condensers for Radio Filter Circuits. 
Anode Construction Shown in View on Extreme Lef^’ 

general, the addition of impurities to the electrolyte 
seriously affects the leakage when the impurities 
themselves are incapable of acting as film forming 
electrolytes.« 

The electrostatic capacity of the film formed between 
the metal and the electrolyte is. found to be almost 
independent of the solution, changes only slightly with 



Fig. 8—Capacity-Voltage Relations in Aluminum and 
Tantalum Electrolytic Condensers 

variations in temperature, and is inversely propor¬ 
tional to the voltage of formation of the anode, Fig. 8. 

The variation of capacity with frequency is slight 
but due to the fact that most of the present forms of 
electrolytic condensers have comparatively long re¬ 
sistance paths through the electrolyte to the film, the 
effective capacity decreases with increases in frequency, 
Fig. 9. 


The breakdown voltage, of a condenses depends 
r upon the electrolyte and the anode metal. An ^alu¬ 
minum anode has been formed toJ.890 volts. 6 The usual 
commercial aluminum condenser is formed to 500 
volts. Tantalum condensers are formed commercially 
to 150 volts, with possibilities of units to withstand 



Fig. 9—Effect of Increasing Frequency on Effective 
Capacity of Electrolytic Condenser with High Resistance 
Electrolyte. (Sprague) 



Fig. 10—Formation of Aluminum Anodes in Hot and Cold 
Forming Solutions 



Fig. 11—Influence of Purity of Aluminum on Rate of 
Formation. Forming Current 0.078 Milliamperes ' [per 
Sq. Cm. (Siegmund) 

600 volts. The other metals and alloys are not in 
general use and only a small number are suitable for 
commercial applications. 

The rate of formation of a film varies widely under 
different conditions. In general the gradient of the 
curve in Fig. 10 is independent of the concentration of 
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the ^electe’olyte, and decreases considerably with in¬ 
creasing temperatures as indicated by the lower curve.* 
The rate of formation in volts per second is almost 
. directly proportional to the current density at high 
current densities, so that equal formation voltages are 
produced by equal quantities of electricity through 
the cell. Pure aluminum forms at a lower rate than 
impure aluminum, Fig. 11. 

Commercial aluminum condensers formed to 450 
volts approximately are formed in hot electrolytes; 
current densities range from 5 to 15 milliamperes per 
square inch. After the formation period, the con¬ 
densers are given an aging period of two to eighteen 
hours to further reduce leakage current. Tantalum 
condensers will form with a current density of 15 
milliamperes per square inch at a rate of 60 volts per 
minute in cold sulphuric acid solution. 

An empirical equation for aluminum 6 gives a de¬ 
crease in the breakdown potential with increasing 
ionic concentration, 

V = (514.51 log D-330) volts 

where V is the breakdown voltage for small ionic 
concentrations and D is the dilution in litres per gram 
equivalent of anion. Apparently the cation has very 
little or no influence upon the maximum voltage. 

Table I compares the breakdown voltage of tantalum 
with that of aluminum in 0.1 N. solutions after 24 
hours of formation. 


TABLE I 


Solution 


Aluminum Tantalum 


Sodium chloride. 

Oxalic acid. 

Potassium cyanide. 

Potassium permanganate 
Ammonium chromate 

So'dium silicate. 

Sodium sulphate.. 

Ammonium citrate. 

Borax. 

Diamonium phosphate... 
Ammonium bicarbonate.. 
Citric acid. 


— volts. . 

. .390 volts 

— . 

. .445 

275. 

. .520 

112. 

. . 105 

122. 

. .147 

445. 

. .540 

40. 

. .490 

470. 

. .550 

480. 

. .540 

460. 

. .575 

425. 

. .525 

536. 

. .605 


Some metals will “form” in molten, water-free salts. 7 
Aluminum will form to approximately 80 volts in 
molten potassium nitrate. However, the effective 
film thickness is found to be as high as forty times as 
much as in aqueous solutions for aluminum, and up 
to five times as thick for tantalum. 




TABLE II 


Metal 

* Cation 

Anion 

Maximum voltage 

C hromium.... 

.K. 

.Cr 2 0 7 . 

.131 



Crb 4 . 

.... 141 



Cr(C 2 0 4 > 3 ... 

#•••136 



Cr(CN)j.. . . 

.... 126 




133 Mean. 

The following list of the specific maximum voltages 

applies for 0.05 N. solutions of the 

electrolytes, 8 

Table III. 





TABLE III 


Pd. 

.19.5. 

.Cr 133. 

.H 448 

Pt. 

.20 . 

.Ni 181. 

.Bi 450 

R h. 

.23 . 

.Sn 190. 

.Hg 453 

Au. 

.24 .' 

’.Co 243. 

.Cd 478 

Ir. 

.32 . 

.Cu. 335. 

.A1 660 

Mn. 

.46 . 

.W 363. 

.Sb 435 

Fe. 

.84 . 

.Ag 422 


Only the metals seem to have a definite voltage but 

a few of the other elements seem to give fairly con- 

sistent results, 1 

3 Table IV. 



% 

TABLE IV 



Nitrogen 470... 

... Silicon 490 



Arsenic 465... 

... Fluorine 505 



After voltage* is removed, the rate at which the film 
dissolves depends upon the anode metal *and the elec¬ 
trolyte. Antimony and tantalum are very sensitive 
to current interruptions, but bismuth, magnesium, and 
aluminum films dissolve very slowly. With a reduc¬ 
tion in thickness of the film there, is also an increase 
in capacity. A condenser originally formed to a 
voltage higher than the operating voltage will gain 
capacity until it stabilizes at the new value of voltage, 
the time depending upon the condenser and the voltage 
difference. Capacities will increase more rapidly for 
condensers on reduced voltage when the temperature 
is high. 

The uniformity of capacity measurements for films 
formed in different electrolytes preclude the possibility 
of an effective film resulting from the reaction of the 
metal and the anion. Likewise, different metals have 
different capacity-voltage ratios, which indicates that 
the anode metal is very actively concerned in the film 
structure with film thicknesses ranging from.lO- 6 to 
5 X 10~ 4 cm. 


The maximum voltage is affected also by the nature 
of the anion. In case of anions containing metals, a 
specific maximum voltage is given by that anion for 
any stated concentration and the maximum is de¬ 
pendent upon the metal of the anion. Table II for 
tantalum in 0.05 N. solutions of chromium gives 
practically the same breakdown voltage in each case. 3 


The existence of a film on the surface has been ques¬ 
tioned, 9 and due to the fact that chlor-ion concentra¬ 
tions destroy valve action in aluminum ajid also due 
to the fact that an amalgamated electrode of aluminum 
will not form a film, it has been* proposed that an elec¬ 
tromotive equilibrium exists. 10 

Interference measurements 11 of the thickness of films 
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have given results of 5 X 10~ 6 to 5 X 10~ 4 cm. for alumi¬ 
num. A method of removing the alurriinum and leaving 
the film intact has been tried; 12 the thickness of these 
films as measured with a direct vision spectroscope was 
approximately 7 X 10~ 4 cm. Film thicknesses were also 
measured by computing the weight of anion deposited 
m the formation period by measuring the forming" 
current in coulombs; and also by the increase in weight, 12 
Fig. 12. By assuming a dielectric constant for the film 
equal to unity, the effective film thickness can be com¬ 
puted from capacity measurements and comparisons 



The electromotive equilibrium theory has* been ad¬ 
vanced as a complete explanation of the action at an 
anode surface; 10 - 14 evidence has also been presented 
for the presence of a film which forms when the alu¬ 
minum is the anode and dissolves when the aluminum 
is the cathode. 15 However, oscillograms do not show 
such action during rectification, current passing im¬ 
mediately when the voltage reverses across the film . 
On high voltage rectifiers, the weight of the supposed 
aluminum hydroxide film which would have to be 
formed, dissolved, and reformed many times a second 
is prohibitive to such a theory. One investigator 16 was 
convinced by a microscopic examination of the lumi¬ 
nous points, that they constitute an immense number of 
Wehnelt interrupters in parallel. 

The first satisfactory theory accounting for alter¬ 
nating current rectification was advanced in 1902 by 
Guthe. 17 This was the oxide-gas film theory which 
proposed that a solid oxide or hydroxide film is formed, 
proportional in thickness to the formation voltage. 
Accompanying the oxide layer a thin film of oxygen 
formed on the solid film increases the leakage resistance. 


Fig. 12 Film Thickness on Aluminum Anodes as Mea¬ 
sured by Capacity Measurements, Interference Methods, 
Increase in Weight of Formed Anode over Unforced 
Anode, and by the Formation Current. (Mott) 



Fig. 13 Relative Film Thickness of Different Metals; 
Dielectric Constant Unity. (Guntherschulze) 

have been made for a number of anode metals and 
electrolytes, 13 Fig. 13. 

Relative thickness of films for aluminum and tan¬ 
talum in aqueous solutions and in fused, water-free 
salts are given in Table V. 

TABLE V—RELATIVE THICKNESS AT 50 VOLTS AFTER 30 
MINUTES FORMATION. (THICKNESS X 10~ 7 CM. FOR 
DIELECTRIC CONSTANT UNITY) 


Electrolyte 


Tantalum Aluminum 


Dilute aqueous. 

Pure sulphuric acid 
Fused water-free 

'nh 4 no 3 . 

KH S0 4 . 

Ag N0 3 . 

Ti N0 3 .z. 

* Li N0 3 . 

Na N0 3 .... 

K N0 3 . 

, K 2 Cr 2 0 7 


.4.10 . 6.36 

. 6.69. 10.65 

6.26. — 

6.98. 13.10 

7.12.220. 

10.10 . — 

7.93. — 

12.50.133 

11.10.142 

18.20. 30 



Fig. 14—Aluminum Condensers Operated at Hale op 
the Formation Voltage. Effect of Temperature on the 
Rate of Capacity Change. (Siegmund) 

Rectification was attributed to the high mobility of 
free electrons when penetrating the films as compared 
to the relatively heavy and slow moving anions of the 
electrolyte. The electrons are able to easily penetrate 
the films even under very low accelerating fields, but 
the ions are not able to penetrate the oxide film deeply 
enough to reach the anode metal. Since there is an 
abundance of free electrons in the metal and none in 
the electrolyte, rectification will take place. • • 

This theory has undergone considerable expansion. 
The gas layer was thought to carry the principal burden 
so far as voltage drop was concerned due to the low 
specific inductive capacity of oxygen; and the oxygen 
film was supposed to constitute the real capacity of the 
anode.. Fig. 15 shows the relative thickness of the gas 
and oxide layers on an alumin um anode. This con¬ 
venient mechanism was employed to explain many of 
the former discrepancies observed for electrolytic 
rectifiers and condensers. Guntherschulze 18 calculated 
potential gradients as high as 8,000 volts per micron * 
in such very thin films. 

In an experiment to detect the presence of gas, 18 an 
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aluminunj anode was formed to 400 volts, and the 
voltage was suddenly reduced to 4 volts. The calcu- • 
lated reduction in pressure was from 2,100 to 0.21 kg. 

, P er cm. 2 ; but instead of an expansion of gas and reduc¬ 
tion in capacity, the capacity increased slightly. Fig. 16 
is illustrative of the supposed arrangement of oxide 
layer and gas film adsorbed in the pores of the oxide 


edly present as an adsorbed gas in the oxide film, 
relatively free from external disturbances and not 
obeying the gas laws. Oscillograms from an electro¬ 
lytic condenser under pressure are shown in Fig. 17. 

The results of some measurements by the writer on 
electrolytic condensers operating in alternating current 
’circuits at very low voltages are shown in Fig. 18. For 



Fig. 15—Relative Thickness op Gas Later Compared to 

Oxide Film on Aluminum Anode. (Guntherschulze) 

film. Hydrostatic pressure applied to the electrolyte 
of rectifiers caused decreases in rectification. 19 Pres¬ 
sures up to 20 atmospheres were applied, and results 
indicated that the gas-oxide theory was correct. 

An attempt was made by the writer to correlate the 
discrepancies found, and a condenser was constructed 
with provisions for applying pressure up to one hundred 
atmospheres. Both electrodes were of aluminum and 
of the same area of 350 sq. cm. The condenser was 
formed to 100 volts on a 60 cycle circuit, and oscillo¬ 
grams were made of the applied voltage and current 
at 80 volts 60 cycles for pressures ranging from atmo¬ 
spheric to 1,500 lb. per sq. in. The r.m.s. value of 
current was found to be 0.297 ampere in every case, 


t.o n. (nh 4 ; 2 hpcu 


aluminum PLATES 350 SQ. CM. IN 

80 VOLTS, 60 CYCLES, 23 DEG. CENT. 




1000 LB. PER* SQ.IN.ABS. 1500 LB-PER SQ.IN. ABS- 

Fig. 17—Aluminum Electrolytic Condenser under 
* Hydrostatic Pressure 



Fig. 18—Electrolytic Condensers wi& Very Low Applied 
Voltages on 60 Cycles A-C. 



Fig. 16—Roughly Equivalent Structure of Film on 
Anode Showing Gas Layer in the Gross Film, and the 
Continuous Oxide Layer 



Fig. 19’—Ion Distribution in the Oxide Film of an Electro¬ 
lytic Condenser with Various Applied Voltages 


and the oscillograms showed no change in current wave 
shape when sine wave voltage was applied. 

If the experiments of Carman and Balzar 19 on the 
effects of increased pressure on rectification are dis¬ 
counted, the reduced voltage experiment of Gunther¬ 
schulze and the writer's work with condensers under 
pressure both indicate that there is no gas film present. 
There may be oxygen present; but if so, it is undoubt- 


both aluminum and tantalum the effective capacity 
decreased rapidly when the applied voltage fell below 
five millivolts. Both condensers were symmetrical 
condensers for a-c. operation formed to 60 volts a-c. 
at 60 cycles, and all measurements were made at 
60 cycles. 

An explanation of the reduction in effective capacity 
can be made on the basis of diffusion of ions through- 
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out the oxide film under accelerating fields. Referring 
to Fig. 19, there are shown in an illustrative manner 
cross-sections of an oxide film under three conditions 
of impressed voltage. For the case of zero applied 
voltage very few ions from the electrolyte penetrate 
the oxide film, and the effective thickness of the film 
approaches the gross thickness. When low voltages - 
are impressed more ions penetrate the film under the 
accelerating fields, and the effective thickness decreases 
with a consequent increase in capacity. As the voltage 
increases further, the ions penetrate deeper until the 
layer next to the anode metal is reached. 



Fig. 20—Tantalum Electrolytic Condenser poe Battery 
Charging Circuits. (Fansteel Products Co., Inc.) 

Any ions penetrating this film constitute leakage 
current; the film therefore preserves a fairly constant 
thickness of effective film by natural growth resulting 
from leakage current. Thus after a certain critical 
voltage is reached for a given film the effective capacity 
of the film can change only slightly with variations in 
voltage. 

Summarizing the foregoing, it appears that the 
normal film in electrolytic condensers is an oxide or 
hydroxide of the anode metal which is of a greater 
gross thickness than the effective film, this effective 
film maintaining itself relatively impermeable to ion 
penetration by the expedient of natural growth of film 
wherever leakage currents flow. Both the effective 
film and the gross film are probably saturated with 
sufficient water from the electrolyte to account for the 
extremely high capacities encountered by virtue of the 


high dielectric constant of water, approximately 80. 
-A dielectric constant approaching this value for*the 
effective film makes possible film§ of sufficient thickness 
that the voltage gradients encountered formerly may 
be materially reduced. 

Recent work of the writer has shown that polariza¬ 
tion capacity may account for a large part of the mea¬ 
sured capacity, this polarization probably occurring in 
the outer layers of the gross film. A future paper 
discusses the influence of polarization in electrolytic 
condensers. 

The writer wishes to express here his appreciation of 
the assistance received from the members of the 
Electrical Engineering Department of Sheffield Scien¬ 
tific School of Yale University, a large portion of the 
preparatory work having been done at Dunham 
Laboratory of Electrical Engineering. Particular 
appreciation is expressed to Prof. Wesley B. Hall for 
much constructive criticism, and to former Prof. A. E. 
Knowlton for valuable assistance in the preparation 
of this paper. 
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’Po,wer Losses in Electrolytic .Condensers 

* ' BY F. W. QODSEY, JR.*" 
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Synopsis, Electrolytic condensers on a-c. circuits have higher 
power losses than would be expected from the leakage currents and 
electrolyte resistances. Likewise , losses change with the applied 
voltage , with temperature of the cell , with the frequency of the applied 
voltage , and with external circuit conditions governing current wave 
shape in such ways that it is almost impossible to predict results in 
advance. 4 

The current wave usually contains large harmonics when a sine 
wave of voltage is impressed , indicating a non-linear function in the 
impedance of electrolytic condensers. Increases in voltage , fre¬ 
quency , electrolyte temperature, and concentration of the electrolyte 
cause increases in the harmonics in the current wave. 

Dielectric losses in an oxide film or a gas-oxide film are too low to 
account for the total losses in electrolytic condensers; and in general 
the losses in a polarization cell are higher than those found in elec¬ 
trolytic condensers. Polarized cells show some characteristics which 
are similar to the peculiarities of electrolytic condensers; a number of 
low-voltage condensers very closely approach the actioyi of polariza¬ 
tion cells. 


Electrolyte potentials of symmetrical condensers on a-c. circuits 
are lower than the theoretical values. These discrepancies can be 
accounted for only by a voltage distribution in the electrolyte. Con¬ 
trolling the potential from outside sources has small influence on 
power losses except for extreme values of potential. 

An equivalent circuit can be drawn for a condenser from the 
losses, the applied voltage , and the electrolyte potential. ■ On the 
basis of dielectric theory , the principal portion of the losses is attrib¬ 
uted to the voltage drop above the rectifying region. The losses now 
approach those for a polarization cell. 

A film on the anode surfaces saturated with the electrolyte solvent 
would explain the characteristics as measured , and also make it pos¬ 
sible to predict characteristics with some accuracy. Ion penetration 
of the outer regions of the film and a comparatively continuous film 
near the anode explain the non-linear characteristics of electrolytic 
condensers. 

The variation of the electrolyte potential can be predicted on the 
basis of the above theory , and power losses are also more easily 
predictable. 


E LECTROLYTIC condensers consist of electrodes 
immersed in proper electrolytes with means for 
obtaining electrical contact to the electrodes and 
the electrolyte. The action of electrolytic condensers 
is due to films formed on the surfaces of the anodes. 
One class of condenser known as the dry type utilizes 
a hygroscopic, viscous electrolyte which will not flow 
from between two parallel electrodes separated by a 
suitable spacer, 1 such condensers have comparatively 
short electrolyte paths, and consequently much lower 
electrolyte resistance. They possess the further ad¬ 
vantage that it is very simple to roll the electrodes and 
the electrolyte into a compact cartridge similar to the 
impregnated paper condensers. One such condenser is 
now available having 2.5 yf. of capacity per cubic 
inch of space, with a rated voltage of 450 volts. 

‘Three of the important film theories include the 
electromotive equilibrium theory, the solid oxide film, 
and the gas-oxide film theory. The writer’s adsorbed 
liquid theory supplements the older theories. 2 The 
solid oxide film theory considers that the entire elec¬ 
trical stress is distributed across the oxide film as the 
dielectric. 3 The gas-oxide theory postulates an in¬ 
active film of oxide and hydroxide which serves to 
support an extremely minute layer of gas carrying the 
major portion of the electrical stress. 4 The electro¬ 
motive equilibrium theory states that the oxide film 
is only supplementary to the principal action of the 
condenser which is entirely electrochemical in nature. 5 
The writer’s adsorbed liquid theory 2 more recently 
advanced proposes that the oxide film is the carrier of 

*Development Engineer, New Haven, Conn. 

1. For references see Bibliography. 

, m Presented at the Winter Convention of the A.I.E.E ,, New York , 
N. YJanuary 25-29 , 1932. 


an adsorbed volume of liquid, the solvent of the elec¬ 
trolyte, which carries ions the signs of which will vary 
with their positions with respect to the anode and the 
applied voltage. This theory takes advantage of the 
fact that the solvent, in most cases water, has a di¬ 
electric constant over 80. 

As a source of power loss, the leakage current of the 



Fig. 1—Leakage Current of 8-Microfarad Filter Con- 
denser Formed to 500 Volts D.C. 

Aluminum anode in saturated borax solm * 

majority of the electrolytic condensers is negligible, 
Fig. 1. Leakage current will in most cases account for 
less than one-tenth of one per cent of the total losses. 
A redissolving film 6 which would, dissolve when current 
was passed in the permeable direction and would again 
reform when it was attempted to pass current in the 
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impermeable direction would account *ior high losses, 
but this theory is open to many objections. 

Resistance of the electrolyte can *be controlled by 
the temperature of the condenser, and by the composi¬ 
tion of the electrolyte; the majority of suitable electro¬ 
lytes have fflgh electrical resistance. However, the 
power factor of an electrolytic condenser increases 
with rising voltage, Fig. 2. Increases in temperature 
should reduce power losses, but measurements show 
increased losses with increasing temperatures, Fig. 3. 
The anode construction of Fig. 4 gives rise to a temp¬ 
erature power factor curve such as shown in Fig. 5 
due to the long current conduction paths to a large 
portion of the anode. This defect has been overcome 



Fig. 2—-Dependence of Power Factor on Applied Voltage 

Aluminum condenser in 1.0 N. diammonium phosphate formed at 100 
volts 60 cycles per sec., 23 deg. cent. 


IOO Volts _ 
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Fig. 3—Power Factor vs, Temperature of Electrolyte 

Aluminum condenser in 0.9 N. diammonium phosphate formed at 100 
volts, 60 cycles per sec. « 



Fig. 4 —Anode Construction of 8-Microfarad Aluminum 
Filtei? Condenser for Radio Use, 450-Volt Rating 


in sulfuric acid emphasizes the inadequacy of the 
. resistance of the electrolyte to explain the power 
losses in electrolytic condensers, Fig. 6; the total re¬ 
sistance of the electrolyte is only a few hundredths of 
an ohm, and the power factor would be less than one- 
tenth of one per cent were the losses found in the 
electrolyte. 

When a sine wave of alternating voltage is applied 
to an electrolytic condenser, large variations in current 



Fig. 5—Power Factor vs. Temperature in Aluminum 
Electrolytic Condenser for Radio Service 


Electrolyte borax and boric acid 



A.C VOLTS 60~ 


to some extent by special shaping of anodes and vent¬ 
ing in suitable places. 7 

Typical electrolyte resistances range from 400 ohms 
to 100 ohms per cm. cube for aluminum condensers, 
and may go as low as 3 or 4 ohms per cm. cube for low 
voltage tantalum condensers. The total resistance of 
the electrolyte of the condenser of Fig. 2 and Fig. 3 
is approximately 0.8 ohms, decreasing possibly 50 
per cent for the higher temperatures of Fig. 3. The 
maximum power loss in the electrolyte of this con¬ 
denser accounts for a power factor slightly under 
one-half of 1 per cent, much lower than the over-all 
values which range from 1.25 to 20 per cent. Tantalum 


Fig. 6—Tantalum Electrolytic Condenser on 
Alternating Voltage 

Electrolyte sulfuric acid (Sp. Gr. 1.275) formed at 100 volts 

wave shape are found (Fig. 7); the oscillograms show 
the current waves 180 deg. out of phase. The wave 
shapes for aluminum anodes are different in detail 
from tantalum, but of the same general form, Fig. 8. 

Temperature increases result in increases in current 
and a shift in phase angle toward higher power factors 
as shown in Fig. 9. These changes are small in so far 
as the wave shape is concerned until comparatively 
high temperatures are reached. Changing the con- 
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centratiop, of the electrolyte does not seem to alter 
the dffect of temperature changes to any great extent 
except by a further shift toward an increase in power 
^factor when, comparatively high concentrations are 
'reached. (Figs. 10 and 11.) 

Increases in the frequency of the voltage applied to 
the condenser are evident in the current wave shape 
in the same manner that all influences tending to in¬ 
crease the current loading per unit of area of the anodes 
become evident, namely by increases in the harmonics 

TANTALUM PLATES -90 ,a cm. 
in H 2 S0+ 1.275 Sp.Gr.8L 100qms 
Fe SO 4 / Litre 
on 60~A.C 


vESSWolts/ 


-1= 0.335 amps* 
24° C. 


E=55 Volts 


-1=0.175 amps" 
24° C. 


E= 100 Volts 



‘1=0.505 amps 
24° C 

E = 70 Volts 


-1= 0.223 a mps* 
24° C 


E = 40 Volts 


-1=0.130 amps 
24° C 


E=70 Volts 



-I* s 0.4l0amps7 

8°C 


-1=0.220 a mps^ 
8°C. 


E* 40 Volts 


-1=0.120 amps, 
8°C. 


Fig. 7—Current Wave Shape and Applied Voltage 
Tantalum condenser 


\E=IOQ/Volts 


harmonics of varying amplitudes. Any changes in 
* operating conditions which tend to increase current 
density at the anode surface will increase the ampli¬ 
tudes of the harmonics. The harmonics are usually 
distributed in such a way that a distinct peak in cur¬ 
rent is evident aside from the out-of-pha3e condenser 


0.530 ampsS 
57°C. 



-1=0.439 amps/ 1 
53° C. 


-1=0.475 ampsS 
54° C. 



-1=0.413 amps/ 
23° C. 



-1=0.438 amps. 
15° C. 


Fig. 9— Current Wave Shape and Temperature 
of Electrolyte 

350-sq. cm. aluminum plates on 60 cycles a.c. in 1.75 N. diammonium 
phosphate, 80 volts impressed and formed at 100 volts 


*M= 0.42£amps Xs "' / 
49°C.(3.5N.soln.)80V.60- 



-1=0.413 amps 
35°C.(3.5 N soln.) 



* -I=0.407amps 

24° C (3.5N.soln.) 

Fig. 10—Effect of Temperature Variations on Current 
Wave Shape of Electrolytic Condenser of Fig. 9 

3.5 N. solution 


/“I=0.725 amps\ 


vE 5 8SWoIts> 


/l=0.524 amps/ 


vE 5 70\VoIts j 


^1=0.432amps' 


E=55Volts 


E=40 Volts 


-1*0.328 amps 


T=0.235amps 


Fig. 8—Current Wave Shape and Applied Voltage 

350-sq. cm. aluminum plates on 60 cycles a.c. in 3.5 N. diammonium 
phosphate, formed at 100 volts, temperature 23 deg. cent. 


and a general if not rapid decrease in phase angle. 
However, the out-of-phase component of current is as 
usual almost unchanged as seen in Fig. 12. 

1 In general, the current wave shapes of electrolytic 
condensers in circuits where sine waves of alternating 
voltage are impressed may possess a large number of 


Aluminum condenser formed at 
Operated at 100 v. 60 Cyctes 

100 v. A.C. 

80 Volts _ 





0 1.0 2.0 3.0 4.0 

NORMALITY OF'fNHJaHPOfELECTROLYTE AT 2I°C. 

Fig. 11—Power Factor Variations with Changes in 
Electrolyte Normality in an Aluminum Condenser 

<• 

component of current which is plainly evident and 
changes very little, this peak occurring in phase with the 
impressed voltage. 

Power factors of electrolytic condensers are high for 
reasons other than leakage and resistance. To ascribe 
an additional loss to a poor phase angle for the effective 
dielectric film will account for another part of the total 
loss. Adhering to three of the original film theories 
presented, the solid oxide film, the gas-oxide film, and 
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the adsorbed* liquid film, the possibilities of the three 
can be investigated. The solid oxide film theory calls 
for an extremely thin film of oxide o? the anode metal, 
which may however be shielded to some extent by a 
gross thickness of film in which there is considerable 
penetration *of the electrolyte. The phase angle of a 
crystalline film would be much too small to account 
for the large losses encountered; and the action of an 
amorphous layer of oxide only a few millimicrons 
thick is as yet unknown. The gas-oxide theory is open 
to the same objections from the standpoint of power 
losses, a thin gas film merely being substituted for the 
thin oxide film. The adsorbed liquid theory offers 
more possibilities since polar rotation is undoubtedly 
present to account for the high dielectric constants, 
yet it is doubtful that the losses could ever approach 


TANTALUM ELECTRODES-90°cm. 
in H 2 S0 4 1.275 Sp.Gr.(Trace of F e S0 4 ) 
22°C. 





‘I s 0.223 amps' 
50 ~ 


JE* 80 Volts 



-1=030?'amps. 
70 ~ 




-1=0.180 ampss 
40- 





ALUMINUM ELECTRODES-325°cfri. 
in 3.5N.(NH 4 )2HP0 4 $6°C. # 



Fig. 12—Influence of Frequency on Current Wave Shape 


the losses found; and in such a condenser variations in 
electrolyte concentration should have little or no 
effect upon the phase angle. 

The most promising field for investigation of the 
power losses now seems to be the electromotive equilib¬ 
rium theory. As mentioned above, the electromotive 
equilibrium theory considered alone is insufficient to 
explain* all the action occurring in electrolytic con- 
lensers, but the extent to which polarization capacity 
inters the question has been investigated in some detail. 

An electrolytic cell capable of polarization can be 
ubjected to a flow of current and then discharged 
hrough a resistance,* acting in some respects as a 
:ondenser which has been charged and which has a 
:ertain capacity; this is known as the polarization 
:apacity of the cell. Its place is the point of contact 


between the electrode and the electrode, ayd is quite 
<■ distinct from the case of a non-conducting layef, for 
instance an oxide layer as on an aluminum condenser. 
Polarization capacities have been found £0 be depen¬ 
dent upon the frequency of the impressed voltage and' 
the magnitude of the voltage or current intensity; 
and the phase displacement varies from 0 deg. to 
90 «deg. leading. There are in general three character¬ 
istic groups into which electrolytic cells may be divided. 

The capacity may be independent of the frequency 
of the impressed voltage, and the phase displacement 
is zero or at least very small. The capacity can be 
considered as the result of an electric double layer as 
it must exist according to Helmholtz at point of con¬ 
tact of electrode and electrolyte, or perhaps produced 
by a condensation on the surface of the electrode of 
the dissolved metal salt according to Warburg. The 
double layer capacity is especially effective in small 
concentrations of ions, which practically eliminates 
it from consideration in electrolytic condensers of the 
aluminum and tantalum anode type for high current 
densities and voltages over a few volts. 

The polarization may be due to the change in con¬ 
centration and the diffusion of the dissolved salt. 
Warburg, M. Wein, and Neumann have shown that 
the capacity, in case the diffusion predominates, is 
inversely proportional to the square root of the fre¬ 
quency, with a phase angle of 45 deg. leading. The 
double layer exists in these cases also, but it becomes 
entirely insignificant compared to the influence of 
diffusion if the concentration of ions of the dissolved 
salt is not too small. 

In the case of a salt so little dissociated and of such 
a concentration that a polarization on account of the 
change in concentration of the salt under weak cur¬ 
rents is imperceptible, nevertheless a polarization can 
occur, if the speed of dissociation of the non-dissociated 
part of the salt does not ensue quickly enough com¬ 
pared to the current change to prevent a change in 
ionic concentration. In this case the capacity is 
inversely proportional to the frequency, and the phase 
displacement is 90 deg. This case was found experi¬ 
mentally by M. Wein on palladium heavily charged 
with hydrogen—and by Kruger with mercury elec¬ 
trodes in solutions of complex mercury salts.* This is 
another case that need not be confused with the action 
in the ordinary electrolytic condensers. 

It therefore appears that the only case of polarization 
capacity which must be considered is the case of con¬ 
centration or diffusion capacity. Warburg 8 has de¬ 
veloped the theory of concentration cells when a sine 
wave of alternating current is forced through the cell. 
Selecting a symmetrical cell with parallel plate elec¬ 
trodes 

_ a . r x 1 • 

E = Ku Sm L " + *1 
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where K Is the polarization capacity. The value of 
% , 

9 . 7T 

the constant \p is for this case, and 

* 

CoVkqe'-y 

K ~ 2 RTVuf 

In the above equation R is the gas constant, / is the 
number of ions given by one molecule of the salt, y 



Fig. 13—Degeneration or Oscillatory Charge of Polari¬ 
zation Cell Due to Increase in Current Density 


the total valency of ions from one molecule, and T is 
the absolute temperature. 

Thus, the current is found to lead the voltage by 45 
deg. when a sine wave of voltage is impressed on a 
concentration cell for low values of current density. 
The capacity is also observed to be inversely propor¬ 
tional to the square root of the frequency. 

When the current density is high the above relation 
is no longer true, and harmonics are introduced into 



Fig. 14—Degeneration op Oscillatory Charge op Polari¬ 
zation Cell Due to Increased Ion Concentration 

the current wave when a sine wave of voltage is im¬ 
pressed. However, it is very interesting to note that 
the effective capacity will not change, greatly, and the 
phase angle of 45 deg. is particularly interesting from 
the standpoint of power losses in electrolytic condensers. 

Kruger 9 developed equations for the charge of polar- 
<» ized cells in inductive circuits, and obtained experi¬ 
mentally the necessary results to confirm them. Very 
low voltages were applied to the cells to avoid gas 


polarization, and it was found that increases in current 
^density would change a charge from an oscillatory 
charge to an aperiodic charge, Fig. 13. Likewise, 
increases in the ion concentration of the solution show 
the same effect, Fig. 14; and one very interesting 
development is the fact that an oscillatory circuit can 
be converted very easily to an aperiodic circuit by 
increasing the inductance in the circuit. It is also 
observed as a definite characteristic of most electrolytic 
cells that only a definite number of oscillations occur 
before the charge degenerates into an aperiodic form 
which may tail-out indefinitely. 

The behavior of an electrolytic condenser made up 
with nickel anodes in a caustic solution for use in low- 


Nickel - Steel 
Electrolytic ( -. 

Condenser 
Charge of 0,75- 
Condenser No. I £ 
(Ni.Plate pos.) ^ 
EOC 025- 

R 

E=I3.3Volts R=10^i 
6.6 « 

4.5 Temp.72° F 
Charge of 4 

Condenser No.l 
(Ni.Plate pos.) 053 
= C 

< 2 


CHARACTERISTICS OF CONDENSER NO. I 


R 


E=6.7 Volts R=Oil I 
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0 

Discharge of 
Condenser No.l ic 
in an * 
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c L43l < 

R=0.34.a l*l.32xl(fV 
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Discharge of 
Condenser No.l 15 

in an ^ 
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C =*= < 



1 

0 0.01 

K- 
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R=0.34xx L-I32 xI 0 4 H.' 
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0.04 0.05 


0.06 



0.01 


0.02 


0.01 0.02 
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Fig. 15—Low-Voltage Filter Condenser with Large 
Amount of Concentration Capacity 


Charge and discharge characteristics 


voltage filters was very similar to the action found by 
Kruger for concentration cells. The charging charac¬ 
teristics were strongly suggestive of a condenser in 
which concentration capacity plays a large part. 
Fig. 15: the discharge characteristics in inductive 
circuits also indicate the predominance of concentra¬ 
tion capacity with very high initial concentration in 
the electrolyte. A low-voltage electrolytic condenser 
of the semi-dry type intended for the same low-voltage 
filter use showed better condenser characteristics, 
Fig. 16. The charging characteristics of the semi-dry 
condenser were found to approach those of a perfect 
condenser, although the decrease in charging current 
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with time was not rapid enough to satisfy a logarithmic 
function. 

When a high-resistance film is present on the surface 
of an electrode immersed in an electrolyte, somewhat 
different results may be expected than from the case 


«* 



Fig. 16 Semi-Dry Electrolytic Condenser with Pasted 
Aluminum Electrodes for Low-Voltage Filter Use 
Charge and discharge characteristics 


TANTALUM ANODE 90 a crru. 
in H 2 SO 4 Sp.Gr. 1.275 with Trace 
of FeS04.24°C 


r\ 100 Volts 
r\ 0.172 Henry 

- 



<*01 0.02 
TIME IN SECONDS 

100 Volts 
.^035 Henry 


100 Volts 
0.60 Henry 



ALUMINUM ANODE 325 a cm 
in 3.5 N. Diammonium Phosphate 
24° C 

70 Volts l\ 55 y 0 if q 

0.042Henry- j\ f 0 ^ nry 


90 Volts 
0.172 Henry 


55 Volts 

^^0^2 Henry 


Fig. 17 Oscillatory Discharge of Electrolytic Con¬ 
densers in Induction Circuits of Very Low Resistance 


of diffusion capacity alone. However, diffusion capac¬ 
ity undoubtedly exists" at the point of contact of the 
film and the electrolyte. 

_ Ordinary aluminum and tantalum condensers were 
discharged through inductive circuits and oscillograms 


of current were obtained, Fig. 17, with strqng indica- 
< tions of the presence of diffusion capacity. Tantalum 
showed the characteristic increase in attenuation of 
the oscillatory component with* increase in inductance, 
and also was noteworthy in that the period of the' 
oscillatory component became shorter as the cell dis¬ 
charged and the concentration decreased. Aluminum 
indicated an even greater diffusion capacity than 
tantalum, and the decrease in attenuation is strikingly 
evident as the initial concentration is decreased for the 

table 1 


Tantalum (formed at 110 volts) 

Capacity /xt. per 


Volts 

Inductance 

sq. cm. 

100. 

.... 0.042 henry.... 

.0.201 

100. 

-0.172. 

.0.190 

100. 

_0.350. 

.0.170 

100. 

_0.600. 

.0.161 

Aluminum (formed at 110 volts) 

70. 

_0.42 . 

.0.085 

55. 

_0.42 . 

.0.091 

90. 

-0.172. 

.0.093 

55. 

_0.172. 

.0.087 


same circuit conditions by lowering the initial voltage. 
Increasing the inductance of the discharge circuit for 
the aluminum condenser caused a rapid approach to 
the aperiodic discharge predicted by Kruger 9 for con¬ 
centration cells. 

The effects of diffusion or concentration capacity in 
ordinary electrolytic condensers are somewhat s imil ar 
to the effects predicted for simple concentration cells; 
but there is the fundamental difference in that in most 
electrolytic condensers the diffusion capacity is in 
series with a more or less effective dielectric layer. 



Fig. 18—Aluminum Electrolytic Condenser Formed at 
120 Volts in 1.75 N. Diammonium Phosphate in Series with 
Inductance of 0.015 Henry 


Area of aluminum electrodes 350 sq. cm. each, temperature 23 deg. cent., 
total applied voltage 115-sine wave 60-cycle. 


The following capacities calculated from the oscillo¬ 
grams of Fig. 17 by integrating over the first quarter 
cycle of the discharge to find the coulombs of elec¬ 
tricity stored in the condenser for a given voltage, 
show a decrease in effective capacity for decreasing 
frequency, Table I. 

These variations in effective capacity have been 
noticed in electrolytic condensers only in freely oscillat- * 
ing circuits and exist to a negligible extent in circuits 
where alternating voltages are impressed from a source 
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of power suppTy. Condensers with non-linear current 
voMage characteristics are difficult to handle as simple 
capacities without introducing errors. 

Harmonics in the current wave can be emphasized 
in a-c. circuits by placing inductance in series with the 
condenser, Fig. 18. 

In a symmetrical electrolytic condenser on a-c. 
circuits, in order to prevent heavy leakage currents, 
it is necessary that the aluminum or tantalum elec¬ 
trodes always have a positive potential with respect 
to the electrolyte of the condenser. Assuming an 



Electrolyte 

electrode 


Fig. 19—Circuit for Applying and Measuring Elec¬ 
trolyte Potential in Electrolytic Condensers on A-C. 
Circuit 


equal voltage division between electrodes, the m aximum 
alternating voltage applied to one electrode is equal 
to half of the total applied voltage. The maximum 
instantaneous voltage is therefore equal to 0.707 by the 
total applied voltage, and the d-c. potential of the 
electrolyte which must be negative with respect to the 
electrodes at all times is therefore equal to 0.707 by 
the a-c. voltage on the condenser. In order to insure a 
minimum of leakage, it is possible to raise the potential 
of the electrodes with respect to the electrolyte by 



Fig. 2(K-Power Factor Control by Means op Control op 
Electrolyte Potential of Electrolytic Condenser 


means of a separate source of direct current, Fig. 19. 
Referring to Fig. 2, the power factor is improved 
greatly by operating the condenser on an a-c. voltage 
well below the voltage of formation; by maintaining 
the voltage of formation higher than the operating 
voltage by means of some external source of direct 
current it should be possible to greatly improve the 
power factor, providing that other effects do not over¬ 
weigh the advantages gained. However, when the 
voltage of the electrolyte was controlled from an 
external source, the expected results were not obtained, 


very little if atoy improvement in power factor being 
noted. (Figs. 20 and 21.) 

Since there no improvement in power factor 
when the electrolyte of a symmetrical condenser was 
maintained at the proper potential with respect to the 
electrodes by auxiliary means, the actual potential of 
^ the electrolyte was measured with an electro-static 
voltmeter connected to the midpoint of the trans¬ 
former supplying the condenser and to the electrolyte. 
The potentials found for aluminum and for tantalum 
electrolytic condensers were 50 to 75 per cent of the 
expected values, Fig. 22. These departures from the 
theoretical values on the basis of complete rectifier 
action at the film and a dielectric capacity type of 
condenser are much too large to admit of experimental 
error, and furthermore are very consistent in their 
values. 



h- 20 


I_!_I_I_1-1 

0 * 10 20 30 40 50 , 

VOLTS A.C. 

Fig. 21—Variations of Power Factor of 8-Microfarad 
Filter Condenser with Amplitude of the A-C. Component 
for Various Values of D-C. Polarization 

High power factor due principally to the long electrolyte conduction paths 

It was thought at first that these low values might 
be due to a pulsating electrolyte potential which would 
reach a maximum value of the theoretical voltage twice 
every cycle, but subsequent oscillograms of "the varia¬ 
tion in electrolyte potential disclosed a ripple in the 
d-c. voltage of approximately one-quarter of one per 
cent or less, Fig. 23. This is further proof that losses 
in electrolytic condensers on a-c. circuits should not 
be ascribed to leakage current when operated at 
normal voltages. 

The maximum value of alternating voltage applied 
to the rectifying film on the electrodes of electrolytic 
condensers is therefore 50 to 75 per cent of the theoreti¬ 
cal value. 

The phase angle of the part'of the electrolytic con¬ 
denser across which this voltage appears is an unknown 
quantity; but if it is assumed that this effective film 
is any one of the three mentioned above, a solid di- 
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electric, a gas filled solid, or a liquid filled solid, the 
phase angle is extremely close to 90 deg. leading. 

On the assumption that the power toss in the effec¬ 
tive film is negligible, it is possible to locate the voltage 
vector of the effective film with respect to the current 
and voltage vectors for the entire condenser, Fig. 24. 
The condenser current I c is shown leading the total „ 
applied voltage by the phase angle a , and the effective 
film voltage E e y/ is approximately in quadrature with 



Fig. 22 —Electrolyte Potentials of Aluminum and Tan¬ 
talum Electrolytic Condensers on A-C. Circuits 


on the basis of a resistance drop, furtherfnore the phase 
$ngle shows that it is not a piire resistance. 

It becomes very quickly apparent upon consideration 
of the properties of this residual voltage vector after 
all of the measurable quantities are accounted for, that 
the electromotive equilibrium theory is justified to 
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Fjg. 23 —Effect of Wave Shape on Impressed Elec¬ 
trolyte Potential, and the Normal Fluctuations in Elec¬ 
trolyte Potential 


Fig. 24— Voltage Distribution in Electrolytic 
Condenser on Alternating Current Circuit 


some degree. The phenomenon of polarization capac- 
ity will account for the leading phase angle of the 
vector E eU and when a larger portion of the loss is 
assigned to the voltage appearing across the effective 
film , the phase angle of the electrolyte voltage vector 



Fig. . 25—Schematic Drawing of Cross-Section of Film on 
Electrolytic Condenser Anode 


the condenser current. In order to complete the voltage 
triangle, the vector E el must be added with a phase 
angle of /3 with respect to the condenser current. This 
vector Eei is of interest now, since the power losses are 
practically all accounted for by its phase angle; it is 
the voltage drop whicR appears in the electrolyte of 
the condenser, and it has just been shown that the 
voltage drop in the electrolyte is much too small as 
calculated to account for the magnitude of this vector 


Showing regions of high and low ionic penetration and the equivalent 
circuit diagram 

increases. Thus, it appears that in the great majority 
of electrolytic condensers of the formed film type there 
are two distinct kinds of capacity present, dielectric 
capacity and polarization capacity. 

Selecting a typical example of an aluminum con¬ 
denser, with a total impressed voltage of 80 volts at 60 
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cycles, tfce power factor was found to be 9 per cent, further penetration than under _ the case of normal 
The d-c. potential of the electrolyte was measured at» diffusion. By way of explanation, the termmo ogy 

32 volts, leaving a distribution of 44.8 volts on both used for the anion and the cation assigns to that ion 

electrodes ,of the symmetrical condenser in series, which is attracted to the cathode the name cation, and 
The remainder of the out-of-phase voltage 34.8 volts, vice versa, there being some ambiguity in the terms as 
appears as a voltage drop in the electrolyte. Added used by physicists and electrochemists, 
to this quadrature drop is the in-phase drop of 7.2 „ Thus referring again to Fig. 25, a film of insulating 
volts, giving a total drop in the electrolyte of 36 volts material of a thickness comparable with the wave- 
at 20 per cent power factor, or a phase angle of approxi- length of visible light, varying in composition from an 
mately 78 deg. leading. The resistance of the elec- extremely dense layer against an anode to a relatively 

porous outer surface and presumably saturated with 
/5 i water, acquires a space charge which varies in density 

_ with the location in the film. The distribution of the 



fRBClOKNCY - C VCL.C3 PER SECOND 

Fig. 26—Effect of Variations in Frequency Upon the 
Power Factor of Electrolytic Condensers 

Alu min um plates 350 sq. cm. in diammonium phosphate 1.0 N. at 23 
deg. cent, (formed, at 100 volts) 

trolyte will account for less than one volt drop, and 
that in phase with the current; apparently polariza¬ 
tion is occurring in the gross film covering the effective 
film, or very near to the gross film. 

However, polarization capacity of the kind found in 
this type of electrolytic condenser was found to have 
a phase angle of 45 deg. leading, which does not agree 
with the 78 deg. for the above case. Obviously, there 
are modifying factors and it will appear that polar¬ 
ization capacity as such must be handled differently 
than from the standpoint of clean electrodes in an 
electrolyte. The writer has advanced a theory of 
film penetration to account for the variations in capac¬ 
ity of electrolytic condensers at very low voltages. 2 
A diagrammatic cross-section of such a film is shown 
in Fig. 25, and below it is shown the equivalent circuit. 
In the equivalent circuit, the in-phase components of 
the equivalent circuit are shaded lightly or heavily, to 
indicate, low conductivity or high conductivity of the 
film at that point as the case may be. 

Calculations from the measured capacities of such 
anodes show that the gross film as measured by optical 
methods may reach thicknesses as great as fifty times 
that necessary for the requisite capacity. Thus, it is 
necessary that the film be conducting through at least 
a part of its thickness, and it can best be described as a 
semi-permeable membrane which increases in density 
as the anode is approached. 

In such a film structure, the penetration of the film 
« by the electrolyte will be retarded in the case of cations 
by reason of the direction of the electric field, and in 
the case of anions the field will accelerate them to even 


electrical field through the film will depend upon the 
configuration of the space charge and movements in 
the film, assuming that the film material itself is a 
relatively good insulator. Thus, the potential gradient 
will increase as the anode is approached, placing a 
larger portion of the electrical load upon the region of 
the film unoccupied by large numbers of anions; and 
likewise by reason of this'high electrical field, subject¬ 
ing the film to high mechanical forces in compression, 
tending to increase its density and continuity. 

The action of such a film in an electrolytic condenser 
with p uls ating direct current applied is such that the 
space charge will vary with the impressed voltage, 
with some dependence upon the rate of diffusion of 
anions, in such a way that the equivalent electrical 
circuit shown in Fig. 25 will be disturbed for even small 
changes in total applied voltage, giving rise of a current 
wave shape with many harmonics evident as a result 
of the variable characteristic of the film. The smaller 
the voltage change, .the less will be the variation in the 
space charge characteristics of the film and the nearer 
will the current wave shape approach a sine wave for a 
sine wave of applied voltage. 

The region of the film nearest to the anode was 
described as being relatively free of ions; whether or 
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Fig. 27—Effect of Frequency Upon Electrolyte Poten¬ 
tial of Symmetrical Electrolytic Condenser 

Aluminum 

not it is saturated with the solvent of the electrolyte 
is open to question, but it is more likely that it is 
saturated than not since the dielectric constants of the 
alu minum compounds are relatively low compared to 
water, and the volt-ampere loading of this region would 
be excessive in the case of low dielectric constants. 
This portion of the film is shown in the equivalent 
diagram as pure capacity with little or no resistance 
loss, and it is believed that across this region the 
rectifying action of electrolytic rectifiers occurs. The 
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boundary can t>e fixed definitely on th£ side adjacent 
to the anode metal, but on the other side of this rectify¬ 
ing region of low dielectric loss and high electrical re¬ 
sistance, the boundary cannot be fixed so definitely. 
It moves about with the applied voltage, the thickness 
of the formed^film, the mobilites of the anions, and the 
temperature of the film and electrolyte. Thus, the 
leakage current and breakdown voltage of a particular 
film are dependent upon the above mentioned variables. 
No definite plane of demarcation between the rectify¬ 
ing region and the adjacent region saturated with ions 



Normality of Electrolyte 


F IG . 28—Effect of Electrolyte Concentration Upon 
Electrolyte Potential of Symmetrical Condenser 

Aluminum 

can be located, the one shading gradually into the 
other. A definition of the boundary of this rectifying 
region can be stated as the point at which the maximum 
voltage drop from the anode is equal to the electrolyte 
potential when the film is made half of a symmetrical 
electrolytic condenser in an a-c. circuit. 

The entire film is then seen to form a dielectric sheet 
similar to the stratified dielectric of Maxwell showing 
absorption as do all stratified films; and*possessing the 
further interesting feature that the leakage of any one 
strata is controlled by many factors, and will change 


strata. The thickness of the ionic space charge in¬ 
fluences the characteristics of the condenser, as well 
as does the mobility of the ions in the film.. The 
increase in effective capacity of the condensers in the 
above described freely oscillating circuit with increases 
in natural frequency of the circuit, Table I, can then 
. be attributed to the predominance of the leakage re¬ 
sistance paths over the space charge effect in the cases 
cited. However, this is the only case where such 
action has been noted by the writer, the effect of 
variations in frequency upon effective capacity usually 
being negligible. This would be expected ordinarily 
since the phase angle of any stratum approaches 90 deg. 
leading as the anode metal is approached, and only the 
outermost strata, must have sufficiently poor phase 
angles to exert any serious influences under increased 
frequency and the accompanying changes in relative 
impedance of the respective strata. 

Increases in frequency will cause increases in loading 
of the outer strata, with increases in power factor. 
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Fig. 29—Electrolyte Potential of Electrolytic Con- 
denser as Influenced by Temperature 

Aluminum 

periodically with an applied periodic voltage variation, 
giving rise to a dielectric sheet with a non-linear voltage- 
current characteristic. 

For the current flow in the resistance paths, the ions 
in the film constitute the space charge in the film and 
must also supply the electrical charge to take care of 
the excess voltage imposed on the rectifying film by 
reason of the resistance paths. Thus, the ions in the 
film fulfil two requirements, the one providing elec¬ 
trical conductivity through regions of the film and the 
other providing an electrical charge of real thickness 
to supplement the dielectric strain in the parallel 


Fig. 30—Electrolytic Condenser Power Factors as 
Controlled by Solvent of the Electrolyte 

Tantalum condenser 

The effect of frequency upon the power factor of an 
al um in um electrolytic condenser is shown in Fig. 26, 
and the variation in d-c. potential of the electrolyte 
for the same condenser is shown in Fig. 27. 

Increasing the concentration of the electrolyte 
should increase the space charge density in the film, 
with a resultant increase in d-c. potential of the elec¬ 
trolyte, Fig. 28. The condenser illustrated in*Fig. 28 
is the same condenser as in Fig. 11. 

Variations in impressed voltage have a similar effect 
to both frequency changes and increased concentra¬ 
tion for high voltages; and the results are shown in 
Figs. 2, 6, and 22. Increases in the space charge 
density are general for increases in voltage, with 
particularly high increases in the outer strata. Tem¬ 
perature rises produce a similar effect to voltage rises 
through increased mobilites of anions, Fig. 29. 

The temperature drop through the film can be calcu¬ 
lated from the known losses and the assumption that 
the transfer of heat from the film to the electrolyte 
follows the general rules of heat transfer between 
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liquid anc^ solid surfaces in contact, a value of approxi- e 
matoly 7.3 g-cal. per sq. cm. per hour per deg. cent., „ 11 
being acceptable for the case of electrolytic condensers. 6 
For the condenser of F ig. 2, with a total area of both e 
electrodes of 700 sq. cm. and a current flow of 400 t 
milliamperes at 100 volts, the power factor is 17 per s 
cent. The loss per hour is 6.8 watt-hr. or 5,860 g-cal. , s 
per hour, with a temperature difference between -the 
film and the electrolyte of approximately 1.15 deg. cent. 

An attempt was made to change the capacity of a 
tantalum electrolytic condenser by changing the nature 
of the solvent for the electrolyte. Methyl alcohol was 
added to sulfuric acid electrolyte, with some expecta¬ 
tion that penetration of the film by the alcohol might 
occur with a consequent loss in capacity due to the 
lower dielectric constant of methyl alcohol as com¬ 
pared with water, approximately 30 to 80. Capacity 
variations were negligible, and the small errors in 
observation were as large as the observed variations. 
However, some very curious effects were noticed upon 
the power factor of the condenser, and a small effect 
upon the d-c. potential of the electrolyte for the higher 
operating voltages. The peculiar humps in the curves 
of Fig. 30 are attributed to the increased loading of the 
outer strata of the film due to penetration by the 
alcohol, thereby increasing the voltage drop in the 
outer strata and thus raising the power factor. The 
curve of d-c. potential of the electrolyte against alcohol 
content indicates this action also. Work on electrolyte 
condensers was discontinued before any further in¬ 
vestigations could be made along similar lines. 

The author wishes to express his appreciation to 
Professor Wesley B. Hall of Sheffield Scientific School 
of Yale University and to Mr. A. E. Knowlton, formerly 
of Yale for their valuable assistance rendered in the 
preparation of the material for this paper both while 
at Yale and subsequently. 
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POWER LOSSES IN ELECTROLYTIC: CONDENSERS 

(Godsey) 

„ „ „ 05 an d 26 of Mr. Godsey’s paper interested 

, H - H * k" of sotne recent work in our laboratory 

me particularly becaus factor—frequency characteristics 

which may help to expUmP undertaken for an 

of electrolytic capacitors even wioug 


entirety different purpose. In studying the causes of dielectric 
loss in insulating materials we have made artificial imperfect 
dielectrics by sealing conducting liquids in fused quartz tubes. 
We have found that the measured effective capacitance and di¬ 
electric loss as functions of frequency of such a composite dielec¬ 
tric can be completely explained in terms of the equivalent circuit 
shown in Fig. 1 which may be reduced to the ^simpler circuit 
shown in Fig. 2 .* 



Fig. 1—Equivalent Circuit of Fused Quartz Tubes 
Containing a Conducting Fluid 



Fig. 2—Simpler-Circuit Which Can be Made Equivalent 
to Fig. 1 by - the Use of Definite Algebraic Relations Be¬ 
tween Coefficients 

If a dielectric can be represented by the equivalent circuit of 
Fig. 2 in wdiich the coefficients are assumed to be independent of 
frequency, then the general form of the effective capacitance and 
loss curves will be as shown in Fig. 3. 

If the coefficients of capacitance and resistance in Air. Godsey’s 
Fig. 25 can be assumed to be independent of frequency then this 
complicated combination of series and parallel arrangements of 
resistance and capacitance can be reduced to an equivalent cir¬ 
cuit similar to Fig. 2 above and the changes in effective ca¬ 
pacitance and loss with. frequency in an electrolytic capacitor 
should follow Fig, 3. Thus Fig. 26 may be only a special ease of 
this more general form. » 

Probably the coefficients in Fig. 26 cannot be assumed tp be 
independent of frequency since the ionic concentration at a given 
point in the oxide film wifi change with time. Nevertheless, I feel 

C^£CdC 

EFFECTIVE 

CAPACITANCE N 


C(oj=OJ) =C 1 


DIELECTRIC 
LOSS \ 


Y3=alcc' togiou 'oj=a-VRc 

p IG . 3 _Variations with Frequency of Effective Ca¬ 

pacitance and Dielectric Loss for the Equivalent Circuit 
Shown in Fig. 2 (Plotted for Case Where C = C i) . 

that a study of the dielectric properties of electrolytic capacitors 
over wide ranges of frequency and temperature should add 
considerably to existing knowledge of the mechanism involved 
j Slepian: The principal obstacle to the use of electrolytic 
condensers in the power field has been the high power factor 
usually obtained in such cells. An attempt to locate and e. p ain. 
the losses occurring in these cells, such as Mr Godsey has mad© 
in this paper, is therefore extremely praiseworthy. 

*The results of this study will be published in the near future. 
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In work whicli I carried on over a period of^years some twelve 
years ago, I quickly found that the properties of aluminum cells 
were extremely complicated and that such c%Lls frequently behave 
in most unexpected ways. For example, it was generally be¬ 
lieved that the halogens were extremely deleterious. I found that 
the addition of a fractional per cent by weight of a soluble fluoride 
had an extrenMy beneficial effect upon the power factor, re¬ 
ducing the losses generally many fold. With the addition of such 
traces of fluoride I was able to make cells with power factors 
under 2 per cent. 

However, I was never able to make cells with such low power 
factors which would.stay efficient indefinitely. In all eases there 
was a gradual rise in power factor with continuous operation over 
a period of years. Starting at 2 per cent the power factor would 
become 5 or 6 per cent in the course of a year and continue to 
rise slowly for years afterwards. This w r as with a superposed d-c. 
excitation upon the cells. Without the superposed d-c. excita¬ 
tion the rise in power factor was very much more rapid. Investi¬ 
gation showed that apparently changes in the electrolyte played 
a part in the rise in power factor since, if the plates of an old cell 
were placed in fresh electrolyte the power factor returned to a low 
value, although not quite as low as in the original cell. The power 
factor rose much more rapidly, however, with time in the new 
electrolyte than in the old, indicating that there had also been a 
change in the electrode. The change in the electrolyte I assumed 
to have been the formation of colloidal aluminum hydroxide and 
I ask Mr. Godsey if he can suggest any reason why the presence 
of such substance should effect the losses in the cell. 

In general I found that in operation on alternating current 
some of the generalizations made from d-c. studies were not 
applicable. For example, on direct current the capacity of an 
aluminum cell seems to be independent of the nature of the 
electrolyte and to vary inversely with the d-e. voltage, but on 
alternating current the capacity was different in different electro¬ 
lytes and varies with the time. Generally also, the capacity was 
lowest in those eases where the power factor was low. This may 
seem to be inconsistent with the picture of Fig. 25 which Mr. 
Godsey has drawn explaining the losses and it would be interest¬ 
ing to have him comment upon that point. 

F. W. Godsey, Jr.: The study of artificial imperfect dielectrics 
referred to by Mr. Race is interesting from the point of view of 
electrolytic condensers in that the action in a composite dielec¬ 
tric such as Mr. Race describes would closely approach the action 
in an electrolytic condenser under certain conditions. 

However, the circuit of Fig. 25 is only very roughly equiva¬ 
lent and the coefficient of capacitance and resistance can under 
no circumstances be assumed to be independent of frequency. 
This is due to the fact that the conducting particles and ions in 
the outer layers of the film not only constitute leakage resistance 
paths, but also constitute a considerable portion of the electrical 
charge of the inner layers of the film. Thus, the capacitance and 
resistance coefficient are not only variable for different frequen¬ 
cies, but vary through wide limits for different current densities 
and applied potentials. It is the author’s conclusion that it is a 
hopeless task to attempt to set up a simple equivalent circuit for 
an electrolytic condenser. 

As Mr. Race suggests, it would add considerably to existing 
knowledge of electrolytic condensers if a study of the dielectric 


properties were made over wide ranges of frequency and tem¬ 
perature, provided that sufficient precautions were taken to 
overcome the inherent difficulties due to electrolyte resistance 
and cell constants. * 

Mr. Slepian’s comments in connection with the addition of 
halogens to the electrolyte of electrolytic condensers are very 
interesting. Since most of the previous work on electrolytic 
condensers was done on direct current, it was soon found that 
the 9 addition of halogens greatly increased leakage current for a 
small amount of the halogen ion. However, as I have shown, the 
leakage current in electrolytic condensers is in general a negligible 
factor in computing power losses. 

Referring to Fig. 25, it will be seen that the addition of any 
ion to the electrolyte which will serve to penetrate the outer film 
layers wfill reduce the value of leakage resistance in the outer 
layers. 

By a proper control of the leakage resistance of these outer 
film layers, it is possible to either increase the power factor or to 
reduce the power factor of the condenser. Theoretically, the 
power factors encountered will be lower when the resistance is 
zero and when the resistance is infinite. By the addition of halo¬ 
gens, this resistance can be controlled to some extent and it 
would appear from Fig. 25, that with increased conductivity of 
the outer film layers, there should also appear an increase in 
effective capacitance. 

The observation that the capacity in alternating current cir¬ 
cuits was lowest in cases where the power factor was low can 
very probably be assigned to the case of newly formed condensers 
upon which the oxide films are relatively thin and continuous in 
the outer layers so that there is less penetration of the outer 
layers by ions. Upon aging, the film grows in thickness and the 
continuity of the outer layers is in all probability so broken up 
that ion penetration is much more readily effected and the leak¬ 
age currents in the outer layers are therefore excessive. It is 
apparent from an inspection of Fig. 25 that if the leakage re¬ 
sistance in the outer layers is high, the effective capacity will be 
low. 

Mr. Slepian’s suggestion that the formation of colloidal alumi- 
nun hydroxide in the electrolyte accounts for a large part of the 
rise in powder factor with time of the electrolytic condensers is 
I believe, substantiated by the references to the importance of 
the condition of the outer film layers made in the papers under 
discussion. The placing of an anode with a formed film upon it 
in an electrolyte in which there is colloidal aluminum hydroxide 
would result, upon the passage of current, in the collection of this 
colloidal hydroxide upon the plate. Since the thickness of the 
oxide film upon the anode is only about one micron for a 300-volt 
film, a very small deposit of the colloidal hydroxide would very 
effectively increase the thickness of the outer film layers and 
would in all probability increase the series resistance of the outer 
film layers with an attendant increase in power loss. (Two addi¬ 
tional papers on electrolytic condensers were presented at the 
Sixty-First General Meeting of the Electrochemical ^Society in 
Baltimore on April 23, 1932. These papers have some bearing 
upon the comments of Mr. Race and Mr. Slepian, and are identi¬ 
fied as preprint 61-27 and preprint 61-28, pages 331 to 357 
inclusive.) 


, Electrical Precipitation 

Some Fundamental Theory and Experiments 


BY A. W. SIMON* 

Non-member 

W HILE numerous articles have been published on 
electrical precipitation (the Cottrell process), 
they have been concerned largely with the engi¬ 
neering features of Cottrell treaters or the special fea¬ 
tures of the application of the process to particular 
industries. The fundamental theory of the process or 
the quantitative laws underlying it, on the other hand, 
have received but scant attention. From the theoretical 
side we have but two papers which treatcthe subject with 
any degree of thoroughness: one, based on the kinetic 
theory but limited to tube treaters, by Deutseh , 1 
and the other, based on the law of mass action, by one of 
the present authors . 2 From the quantitative experi¬ 
mental side also but little has come to light; we need 
mention only that in a paper by Schmidt 3 it is set forth 
that the precipitation efficiency (percentage removal) is 
an exponential function of the gas volume treated 
(although it is not stated what kind of an exponential) 
and also of the “length of discharge electrode;” while in 
a paper by Horne 4 the relation between precipitation 
efficiency (percentage removal) and secondary voltage 
is exhibited in the form of a curve; further that in 
another paper by Deutseh it is stated that Horne and 
Anderson have arrived at an empirical formula, con¬ 
necting the precipitation efficiency 17 with the length of 
pass L and the velocity V of the gas, of the form: 

„ = 1 -K l ' v 

and, finally, that Anderson 6 gives the equivalent 
formula: 

1 — v = K‘ 

where t is the time the gas remains in the precipitator. 

As a matter of fact, outside of the few points just 
mentioned, quantitatively very little is generally avail¬ 
able regarding the fundamental principles involved in 
electrical precipitation; and many operators today are 
still entirely in darkness regarding the effect of such 
fundamental factors as voltage, current, velocity, size 
of discharge electrode, etc., on the percentage removal, 
i. e., the “precipitation efficiency ”. 7 In the present 
work a number of these relations are, we believe, for the 
first time, clarified and exhibited. 

I. Quantitative Theory of the Cottrell Process 
From the theoretical point of view it is logical to infer 
that the Cottrell process can be considered as a reaction 
between the dust particles on the one hand and the 

*Termessee Coal, Iron & Railroad. Company. 

1 . For references see end of paper. 

Presented at the Winter Convention of the A.I.E.ENew York, 
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electrically charged gas particles (gas ions) on the other. 
Such a reaction would presumably follow the law of 
mass action familiar in chemistry, since after all the 
chance of a dust particle being precipitated depends on 
its change of encountering an ion, and therefore should 
be proportional to the number of ions present, whereas 
the actual number of dust particles encountering ions 
should also be proportional to the number of dust par¬ 
ticles present. On this basis, if we denote by dq/dt the 
rate of removal of the dust particles, we have: 

— dq/dt = kqi j (1) 

where q is the concentration of dust particles at any 
instant, i is the concentration of the ions, and k a con¬ 
stant, which depends, however, on the particular gas 
and fume treated. 

Integrating this equation directly we have: 

q/q 0 = e~ kli ( 2 ) 

where q 0 represents the original concentration and t the 
treatment time. 

This equation can be interpreted in two ways; either 
statically or dynamically. The static case would corre¬ 
spond to the experiment where the whole volume of the 
precipitator is filled with a quiescent gas containing sus¬ 
pended material of concentration q 0 and tjie precipita¬ 
tion process is continued for a length of time t, at the 
end of which period q is the concentration remaining in 
suspension; the,dynamic case, on the other hand, is 
where the dust-laden gas is flowing through the precipi¬ 
tator, in which case q 0 is the entering"and q the emergent 
concentration, and t the time the gas remains in the 
precipitator. 

The left member of ( 2 ) is obviously the fractional 
part of the entering concentration passing through 
unprecipitated, i. e., emerging from the precipitator, 
whereas in many cases the fractional part precipitated is 
of interest. If we denote this (fractional) part by v, we 
have that the left member of ( 2 ) is equal to (1 - 17 ), 
whence we can rewrite ( 2 ) asf 

v = l-e- kU (3) 

In a particular case we may assume i to be constant, in 
which case we can put ki identically equal to a new con¬ 
stant a, whence we have as a final result: . 

77 = 1 — e ~ at (4) 

Equation (4) expresses two fundamental laws of elec¬ 
trical precipitation, which we shall now consider in detail. 

First, from the definition of 17 , it follows: The frac¬ 
tional part of the incoming concentration precipitated is 
independent of this concentration. This really justifies 
the use of the quantity 17 , that is to say, establishes the 
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“precipitation efficiency” (percentage''removal) as a 
uniquely determinable quantity (independent of the in¬ 
coming concentration). 

If interest centers not so much on the amount of ma¬ 
terial precipitated, as on the cleanliness of the emerging 
gas, it is the~quantity (1 - 17), which we will denote by 
which is of importance. In this case we can rewrite- 
( 4 ) as 

S = e~* ( 5 ) 

A second fundamental law which follows directly 
from eq. ( 4 ) is that the fractional part of the incoming 



Fig. 1—Theoretical Precipitation Efficiency (Per¬ 
centage Removal) of a Cottrell Precipitator as a Function 
of the Length of the Precipitator 


concentration precipitated depends on the length of time 
the gas remains in the precipitator. -! 

From this Jaw we can deduce directly also, how the 
precipitation efficiency varies with the gas volume V 
(treated per minute) and the distance D traversed by 
the gas in the precipitator, i. e., the “length of pass.” 
Obviously, if A represents the effective cross-section of 
the treater, these quantities are related to each other, 
and also to the velocity v of the gas in the precipitator 


by the equation: 

t = D/v = DA/V (6) 

whence we can rewrite ( 4 ) in the several forms: 

r, = 1 - e~ aD/v ( 7 ) 

v = l-e~ aAD/v ( 8 ) 

. „ = l-e~ KD ' v ( 9 ) 


where A is a constant of'the precipitator depending, 
however, on the particular gas and fume treated and 
on treater conditions (temperature, etc.), but, of course, 
not on D and V. Eq. (9) expresses some important 
facts regarding Cottrell treaters now to be considered 
in greater detail. 


* 

either one or the other of these curves, so that ihey may 
be regarded as the two fundamental types of character¬ 
istic curves of the Cottrell process. 

Without, for the moment, going into the.mathemati- 
cal relations, it will be seen from Fig. 1 that the cleaner * 
the gas becomes, that is to say, the more dust is precipi¬ 
tated, the more difficult it becomes to precipitate the 
remaining dust or to make the gas cleaner, a fact which 
in practise is found pretty much universally true. In 
fact the curve of Fig. 1 really expresses a law which 
holds generally for gas cleaning; for the assumptions 
made in deducing eq. ( 9 ) for Cottrell cleaning hold also 
mutatis mutandis for other types of cleaner. To be 
specific, it will be noted that the foregoing theory is 
based on the chance of an encounter between a gas ion 
and a dust particle; however, it might equally well be, 
in the case of a wet washer, the chance of a water drop¬ 
let encountering a dust particle, or in the case of a bag 
filter, the chance of a fiber ensnaring a dust particle. 
Therefore, with the proper interpretation of D, thig 
formula can be applied to these cases also. 

The above more or less qualitative statement, that 
the cleaner the gas is the harder it is to make it cleaner, 
can be restated quantitatively as follows: 

Consider the total pass D split up into equal intervals 
of length l and consider the relation between the dust 
concentration entering and emerging from the yth of 
these intervals. In practice each interval might repre¬ 
sent a separate Cottrell unit, the gas passing through 
the separate units in succession (i. e., the units being 


0 

u. 

u. 


Fig. 2 Theoretical Precipitation Efficiency (Per¬ 
centage Removal) of a Cottrell Precipitator as a Function 
of the Gas Volume Treated per Minute or the VeBOcity 

connected in series). For the purpose in hand it is more 
convenient to rewrite eq. ( 9 ) in the form: 

v = 1 - e ~ m ( 10 ) 



In order to exhibit the relations expressed by eq. (9) an< * t ^ en substitute for (1 - 77) its value £, whence we 
more clearly, the curve giving the precipitation effi- have finally: 

ciency as a function of the effective length of the treater f = e (11) 

is reproduced in Fig. 1; and as a function of the volume as the formula to be used. Next if we denote by q,- the 
treated per minute (or its equivalent the velocity of the concentration of the dust leaving the yth segment of 
gas in the treater) in Fig. 2. Anticipating somewhat, it length Z, and by /,• the fractional part which q,- is of the • 
might be stated that most of the quantitative laws in- concentration q j _ 1 entering the interval, we have: 
volved in electrical precipitation satisfy or approximate /,• = = e ^ 1 = consti (12) 
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In other ^vords: the fractional part of the dust passing 
( unprecipitated) through any pass of a series of identical 
Cottrell passes is the samgfor every pass. 

• U we denate by Pj the fractional part of the dust pre¬ 
cipitated in any pass, we have also, since p 3 - = 1 - /,: 

Pi = (1 — /j) = 1 - consti = const 2 (13) 

that is to say the fractional part of the dust precipitated in 
any pass of a series of identical Cottrell passes is the same 
for every pass. 

In practise this means that if the first pass of a series 
of passes takes out 70 per cent of the dust entering it, 
the second pass will take out also 70 per cent of the dust 



View of Set-Up Used in Experimental Study of 
Electrical Precipitation 


entering it, but 70 per cent of the 30 per cent of the 
original dust leaving the first pass and entering the 
second; the third pass will take out also 70 per cent of 
the dust entering it but 70 per cent of only the 9 per 
cent of the original dust leaving the second pass and 
entering the third; etc. 

'From the point of view of the dust concentration 
leaving successive passes, the relations become still 
simpler, the first pass transmits, for example, in the 
above case 30 per cent of the dust entering it; the second 
pass 30 per cent of the dust entering it but 30 per cent of 
30 per cent of the original dust; the third pass transmits 
30 per cent of 30 per cent of 30 per cent of the original 
(entering)' dust, etc. 

Gathering these results in a table we have: 


' • 

engineers this is" a familiar case, since there are numer¬ 
ous other devices which obey the same economic law. 

Let us now turn to an examination of Fig. 2. As 
already stated, this curve exhibits the relation between 
the precipitation efficiency and the gas volume treated 
(per unit time). Since the latter is proportional to the 
velocity of the gas in the treater Fig. 2 also exhibits 
the relation between the precipitation efficiency and the 
velocity of the gas in the treater. 

From this curve it is readily seen that the rating of a 
Cottrell treater in terms of the gas volume alone is 
meaningless, since the rating depends on the desired 
efficiency, which in turn depends on the dust content of 
the original gas and the desired cleanliness of the treated 
gas. That is to say, if a customer is satisfied with dirtier 
gas, the rating of the treater can be increased, and vice 
versa . 

A further series of deductions which can be made 
from the above fundamental formulas, namely eqs. 
(7), (8), and (9), concerns the effect of the manner of 
connection of Cottrell unit& on the resulting precipita¬ 
tion efficiency. In practise, of course, for well-known 
reasons, a Cottrell treater is not made in the form of a 
single large unit, but of a number of smaller units, and 
ininstalling these the question naturally arises whether 
there is any advantage (as regards precipitation effi¬ 
ciency) in connecting them in series over connecting 
them in parallel; or whether perhaps a series-parallel 
connection is better, etc. In particular, for example, 
if six units are available they can be connected sym¬ 
metrically in four different ways as showiTin Fig. 3 and 
designated A, B, C, D. 





Fig. 3—Four Methods of Connecting Symmetrically Six 
Cottrell Passes as egards Gas Flow 


Pass 

In 


Down 


Through 

1.... 

. . 100.0%.. 

, .70% of 100.0% =70.0% . . 

. 30 % of 100.0 % =30.0 % 

2. . . . 

, . 30.0 %.. 

. .70% of 

30.0% =21.0%. . 

. 30 % of 

30.0% = 9.0% 

3.. . 

. . 9.0%. 

. . 70 % of 

9.0% = 6.3% . . 

. 30 % of 

9.0% = 2.7% 

4. . . . 

. . 2.7%.. 

. .70% of 

2.7% = 1.89% . 

.30% of 

2.7%= .81% 


From the point of view of costs, after the first 70 per 
cent has been removed, it costs just as much to take out 
the next 21 per cent as it did the first 70 per cent, and 
then as much again to take out the next 9 per cent as it 
did the first 70 per cent, and so on. Of course to most 


In general, if there are available a total number N of 
passes, such that N = mn, where m and n are any two 
integral factors of N, then it is obvious that the installa¬ 
tion can be connected so that it consists of m units in 
parallel where each unit consists of n passes in series, or 
n units in parallel, where each unit consists of m passes 
in series. 

In order to answer the question raised above, we have 
only to note that the fundamental variable which deter¬ 
mines the cleaning efficiency is the treatment time t, 
i. e., the length of time the gas remains in the precipita- 
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tor. Since this quantity is equal to D/v, where D is the 
total distance traversed by the gas in the electric field * 
and v is the velocity, which in turn is given by V/A, 
where V is the total volume treated per minute and A 
the total effective area of the installation, the cleaning 
efficiency for any two arrangements is the same pro¬ 
vided D/v is the same for the two cases. * 

For the case then that we have m units in parallel 
each consisting of n passes in series, we have, provided 
we let l represent the length of each pass and a its effec¬ 
tive area: 

t = D/v = nl/(V/ma) = N (al/V ), (14) 

that is to say, the resulting cleaning efficiency of the 
installation depends only on the total number of passes 
(and the total volume treated) and not on their manner 
of connection. For the alternative case where we have 
n units in parallel each consisting of m passes in series 
we have: 

t = D/v = ml/(V/no) = N (al/V), (15) 

as before. 

On the basis of cleaning efficiency alone then the four 
schemes of connection shown in Fig. 3 would be exactly 
equivalent. 

It will be seen that the schemes of Fig. 3 all represent 


curve of Fig. 1 would hold for a particular ga^and fume 
in a particular treater, whereas if the nature of the gas, 
nature of the fume, spacing of discharge electrodes, 
operating voltage, etc,, were changed, our formulas give 
us no inkling of how the precipitation "constant/" that 
is, the quantity a in eq. (4) would change. Strictly 
speaking, the theory developed above indicates how the 
precipitation efficiency varies with the treatment time, 
all other conditions being constant . For this reason, in 



\ / 



Fig. 5—Schematic Diagram of Laboratory Smoke Concen¬ 
tration Meter 


rO 
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n 

Fig. 4 —Non-Symmetrical Connection op Six Cotteell 

Passes 


symmetrical schemes of connection; it might be asked 
w hat would happen for a non-symmetrical scheme such 
as shown in Fig. 4. Without going into details, it might 
be answered that for this case, if the units are left wide 
open, the resulting efficiency will be less for the case of 
Fig. 4 than for the case of Fig. 3; but by distributing 
properly the gas flow the scheme of Fig. 4 can be made 

to give exactly the same efficiency as the scheme of 

Fig. 3. 

. P ar ticular, if 1/6 of the gas is passed through the 
single pass, 2/6 through the double pass and 3/6 through 
the triple pass (by properly adjusting suitable valves), 
then the resulting efficiency theoretically will be the 
same for Fig. 4 as for Fig. 3. 

Here again what we have said for Cottrell cleaners 
ought t b hold also for wet washers or bag filter installa- 
10 ns, or any other type of cleaner which satisfies our 
fundamental assumptions. 


II. ^ Experimental Study op the Cottrell Proce 
. ^fortunately the theory developed above does n 
give us the precipitation efficiency in terms of all t 
fundamental variables involved in the Cottrell proce' 
Z? 18 tc \ s y’ have had to predicate always that c< 
tam conditions remained constant; for example t 


the experimental portion of this work, it is necessary to 
follow a slightly different procedure than would corre¬ 
spond to a direct verification of the theoretical formula. 

To begin with we shall have to list those variables 
which are known by experience to enter in, and deter¬ 
mine experimentally how they affect the precipitation 
efficiency. We shall also verify the validity of our theo¬ 
retical formulas for the conditions under which they are 
assumed to hold. 

The selection of these variables requires some knowl- 



Fig. 6—Schematic Diagram op Smoke Generator Used in 
the Experiments 

edge of the Cottrell process. We might list: the (sec¬ 
ondary) operating voltage, the (secondary) current, the 
gas velocity, the length of the treater, the size of the 
ischarge electrode, the spacing of the discharge elec- 
rodes, spacing of the discharge electrode to collecting 
electrode, the nature of the fume treated, the nature of 

e gas carrying the fume (last including temperature * 
and pressure). 

Of course it is not necessarily true that all these vari- 
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ables are independent or fundamental; that is to say, the 
size of the discharge electrode or the voltage might enter a 
in only as they affect the current flow; and it might be 
possible to express the whole process in terms of a few 
fundamental variables such as the space current, the 
electric field, the velocity, and the mobility of the fume 
particles in the particular gas. 

However, since the effect of the fundamental variables 
might be difficult of direct verification, the procedure in 
the present study has been to determine the effect of the 
secondary variables (voltage, current, etc.) directly on 
the precipitation efficiency and also to determine the 
interrelation between the secondary variables; for ex¬ 
ample, the effect of the voltage on the precipitation 
efficiency is determined directly, and, also, for example, 
the relation between the voltage and current is deter¬ 
mined independently. With this prelude we can pro¬ 
ceed to the experiments. 

Development of the Method of Measuring the Concentration 
of Suspended Material in Smokes, Fumes and Mists 
Possibly the reason so little has been done heretofore 
in the experimental study of the Cottrell process was the 



Close-Up op Experimental Precipitation and 
Smoke Recorder 


lack of a suitable means of measuring quickly and accu¬ 
rately the concentration of the suspended material 
entering and leaving the experimental precipitators. 

Heretofore, the only method available for this purpose 
was the rather tedious and inaccurate filter method, in 
which a measured volume of the gas is drawn off through 
a filter and the resulting deposit weighed. Theoretically 
this process sounds simple enough, but in practise it is 
attended with many difficulties tending to produce in¬ 
accuracy, furthermore, the method is very tedious, and 
finally, the result is only an average value over a con¬ 
siderable time interval. Where many experiments have 
to be carried out, as was the goal in our present study, 
the filter method is too slow even if it were sufficiently 
accurate. 

We set ourselves the problem of developing a rapid 
(in fact, instantaneous) and accurate method of deter¬ 
mining the concentration of suspended material in gases. 
In the following we shall refer to the resulting instru¬ 
ment as the smoke concentration meter, now to be de¬ 
scribed. 


The development of the instrument and a study o. e 
principles underlying it was a considerable task m i se , 
and since the fundamental principles involved am a 
form of the instrument have been described elsew ei t., 
in the present work we shall confine ourselves to a brie 
description of the method and apparatus used. 

’ Briefly the instrument depends on the fact that when 
a beam of light is passed a fixed distance through a. gas 
containing suspended material, the fractional part of the 
light transmitted depends on the concentration of the 
suspended material. In particular It can be shown that 
if L 0 is the intensity of the light entering the smoke-laden 
column of gas, L the intensity emerging, x the length of 
the column, and to the concentration of suspended ma¬ 
terial, (expressed, of course, in weight of material pei 
unit volume) then we have the relation: 

log (Lo/L) = kmx 

where k is a constant which depends, however, on the 
nature of the material (only on the grain size in the case 
of opaque material, but also on the wave length of light 
used and on the optical properties of the suspended ma¬ 
terial in the case of semi-opaque material such as acid 
and oil mists). 

In the case of electric precipitation studies one is 
interested usually not so much in the actual concentra¬ 
tions (in grams per cubic meter or grains per cubic foot) 
as in the ratio of concentrations, as appear, for example, 
in our fundamental formula (2). It is then not neces¬ 
sary to make afl absolute calibration of the meters, but 
more convenient to choose an arbitrary Unit, which in 
our particular case we chose as that concentration for 
which over a two-ineh path, 100 log (L„/L) is equal to 
unity. It will ‘be seen that this is a very convenient 
unit to operate with where this type of meter is used, 
since in order to get the concentration (in terms of this 
arbitrary unit), it is necessary only to subtract log L 
from log Lo and multiply the difference by 100. In 
fact, in our particular case we kept L„ at a constant 
value and prepared a chart which gave us the concen¬ 
tration in terms of the observed L directly. 

The particular form of meter used is shown diagram- 
matically in Fig. 5. In this, B represents a long rec¬ 
tangular box, with two glass §ides W i, W 2 , through which 
passes lengthwise the smoke-laden gas to be measured. 
The box is made long so that the gas (and smoke) will 
distribute itself uniformly between the windows W h 
W 2 . Perpendicularly to the axis of this box and on an 
optical bench is set up an optical system consisting of a 
light source S, a lens L x which renders the light from the 
light source parallel, after which it passes as a parallel 
beam through the window W u the smoke-laden gas, and 
the exit window W 2 , whence a second lens L 2 recon¬ 
centrates it on a light sensitive element T (a thermo¬ 
pile) which in turn sends a current I (proportional to the 
amount of light L falling on it) through the milliam- 
meter M. 

Careful experimental investigation showed that the 


m 
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current developed by the thermopile T was rigorously eter) and the oil feed, as well as the temperature of the 


proportional to the amount of light L falling on it, so 
that we can put: 

log (Io/I) = log (Lo/L) = kmx (17) 

The setting corresponding to L 0 , namely I 0 , is made 
(with no smoke in the apparatus) by adjusting a series^ 
resistance R in the thermopile circuit. As above stated 
I 0 is adjusted to a constant value and to facilitate the 
work the concentration (in arbitrary units) is read di¬ 
rectly from a previously prepared chart. 

Two such meters are used; one on the inlet and the 
other on the outlet side of the precipitator. 

The “Smoke” Generator 

Prerequisite for experiments of this type is a constant 
and controllable source of smoke of constant character¬ 
istics. The development of this element of our set-up 
was also no small task. Furthermore, it was desired to 
produce a smoke which would not deposit on the win¬ 
dows of the smoke meters and thus coat them over, since 
otherwise the meters would read inaccurately. As 
might be inferred, the production of the required smoke 
generator was successful only after considerable experi¬ 
mentation with various substances and design of 
generators. 

Ironically, while it is fairly easy to produce smoke, it 
is by no means an easy task to produce a constant source 
of smoke of constant characteristics, i. e., to produce a 
smoke both the quantity and quality of which are con- 
• trolled, and furthermore one which will not coat the 
windows of the measuring apparatus. 

After much experimentation the scheme finally 
adopted was a modified form of the one originally de- 
veleped by Tolman 9 and his colleagues’in their experi¬ 
mental study of smokes. The “smoke” strictly speak¬ 
ing, mist-generating apparatus is shown in Fig. 6. The 
material “smokefied” was lubricating oil just as in Tol- 
man’s work. The principle of operation is that oil is 
dropped at a regulated rate into a copper U-tube im¬ 
mersed in a lead bath maintained at a temperature of 
480 deg. cent, by means of a Bunsen burner and thus 
vaporized, while a stream of air is blown simultaneously 
through the U-tube, this air stream recondenses the oil 
in the form of a fine mist and serves to carry it out of 
the apparatus. 

The amount of oil and air fed into the apparatus is 
carefully controlled and duplicated by means of needle 
valves fitted with graduated dials. The function of the 
various <parts of the smoke generator will be clear from 
the accompanying figure. 

Inserted between the generator and the electric pre¬ 
cipitator, however, is a galvanized iron tank which 
serves the double purpose of an equalizer or mixer and a 
trap for the larger droplets. This tank is provided with 
two valves by means of which the amount of smoke fed 
into the precipitator is regulated, the unused portion 
being allowed to escape to the outer air. 

Fy duplicating the air pressure (read on a manom- 


' bath, smoke of uniform quality and quantity is pro¬ 
duced, the exact concentration required being regulated 
by means of the gate valves on the mixer tank. 

Furthermore, our last requirement of a smoke which 
will not coat over the windows is realized, because in 
practise the windows take on a transparent film of oil 
of constant thickness, the excess simply draining off. 
The absorption by this film, of course, is corrected for by 
making the I 0 setting with the oil film present. 

The Experimental Electric Precipitator 
The precipitator used in the experiments to be de¬ 
scribed below is shown diagrammatically in Fig. 7. 

It consists of % horizontal iron pipe, through which the 
smoke-laden gas flows as shown by the arrows, with a 
discharge electrode in the form of a wire extending along 
the axis of the pipe and supported by means of insulators 
(made of Pyrex cane) bent in the form shown. The wire 
is adjusted to center by sighting through four sets of 
peep sights and adjusting the insulators. The high 
tension current is supplied by the lead-in, which enters 
through a Pyrex bushing (made of Pyrex capillary tub- 



Fig. 7 —Schematic Diagram op the Electric (Cottrell) 
Precipitator Used in the Experiments 


ing). The effective treater length is from the center of 
the inlet pipe to the center of the outlet pipe. If de¬ 
sired, the length of discharge electrode can be fixed 
exactly by slipping a tube over the wire, thus limiting 
the distance over which corona forms. 

The precipitator is set on a slight incline so that the 
precipitated oil runs out of the precipitator pipe and into 
the end bells from which it is removed from time to time. 

The High-Tension Generator 

It would be desirable to use high-tension direct cur¬ 
rent for the experiments; however, since this is difficult 
to generate, we chose pulsating alternating current rec¬ 
tified by means of a kenotron. While in commercial 
installations mechanical rectification is employed, the 
mechanical rectifier with its attendant sparking com¬ 
plicates the phenomena by introducing considerable 
high frequency into the circuit. However, a more seri¬ 
ous drawback is that with mechanical rectification a 
considerable and variable fraction as high as half of the 
secondary voltage is across the mechanical rectifier, and 
this fact complicates the voltage measurement. In the 
case of the kenotron it may be assumed that there is a * 
negligible drop across the kenotron during the trans¬ 
mitting cycle, so that the secondary voltage can be cal- 
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culated 4'rom the applied primary voltage or in most 
cases the phenomena can be expressed directly in terms 
of the primary voltage, to which the secondary voltage 
is simply proportional. 

The secondary current was measured by means of a 
direct current milliammeter. It would have been bet¬ 
ter, of course, to use double-wave rectification, however, 
it is not likely that the phenomena would be essentially 
different, and we chose single wave rectification for the 
sake of economy. 



Fig. 8—Diagram of High-Tension Circuit Employed :n 
the Electrical Precipitation Experiments 

A wiring diagram of the high tension circuit is shown 
in Fig. 8. The kenotron was rated at 30,000 volts, 100 
milliamperes, although only about 1 milliampere was 
used in the experiments. The voltage applied to the 
primary of the high-tension transformer was regulated 
with an induction regulator. 

The amount of gas passing through the precipitator 
was determined by means of an orifice meter, the differ¬ 
ential across the orifice being measured by means of a 
draft gage. 

The set-up consisted of (1) the smoke generator, (2) 
the equalizer trap, (3) the orifice meter, (4) the inlet 
concentration meter, (5) the precipitator, (6) the outlet 
concentration meter, (7) an exhauster to draw the air 
through»the system, (8) an outlet to the stack for the 
waste gas; all in series. 

In setting up the apparatus extended use was made of 
the laboratory supports and supplies furnished by the 
Gaertner Scientific Corporation of Chicago, whom we 
wish to thank for the excellency and usefulness of this 
apparatus. In particular, for example, the concentra¬ 
tion meters were made by mounting light source, lenses, 
etc., on Gaertner optical benches; the boxes of the 
meters, the precipitator, the orifice meters, piping, etc., 
were mounted on Gaertner universal laboratory sup¬ 
ports, which were found extremely useful and con¬ 
venient. 


III. Experiments on Electric Precipitation 
Proper 

The use of an oil mist in these experiments in place of 
a dry fume has three great advantages which need to be 
emphasized: - 

First, a practical difficulty encountered in precipi¬ 
tating dry dust, metallurgical fume, etc., is that after 
the material reaches the collecting electrode it does not 
necessarily stay there but may be blown off by the gas 
stream or thrown off by the electric (coulomb) force ex¬ 
erted on it by the charge on the collecting electrode (it 
is of course a well-known fact in electrostatics that an 
element of area of a charged surface is subjected to a 
repulsive force numerically equal to 47rcr, where a is the 
surface density of charge). In such cases the precipita¬ 
tion proper is masked by this phenomenon. By the use 
of a liquid such as oil, it is assured that all the material 
which reaches the collecting electrode is held fast there, 
that is to say, it is assured that one is dealing purely with 
electric precipitation. 

Secondly, in the precipitation of certain dry (dielec¬ 
tric) materials, as soon as these deposit on the collecting 
electrode, the latter exhibits corona also due to the local 
overstressing of the field by the dielectric material. 



The Smoke Generator 


This phenomenon, known in precipitation parlance as 
“back corona,” is obviated in our case by the-use of a 
liquid, in particular by the use of an oil. 

Thirdly, when dry fume is precipitated, as the process 
goes on, a layer of material is built up on the collecting 
and also on the discharge electrode, these layers, even if 
they do not exhibit back corona, progressively change 
the electrical conditions. This r is obviated also by the' 
use of oil, for the latter drains continuously away and 
leaves a certain equilibrium thickness of film on both 
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current developed by the thermopile T was rigorously 
proportional to the amount of light L falling on it, so 
that we can put: 

log (Jo/I) = log (L„/L) = kmx (17) 

The setting ^corresponding to L 0 , namely I 0 , is made 
(with no smoke in the apparatus) by adjusting a series^ 
resistance R in the thermopile circuit. As above stated 
I 0 is adjusted to a constant value and to facilitate the 
work the concentration (in arbitrary units) is read di¬ 
rectly from a previously prepared chart. 

Two such meters are used; one on the inlet and the 
other on the outlet side of the precipitator. 

The “Smoke” Generator 

Prerequisite for experiments of this type is a constant 
and controllable source of smoke of constant character¬ 
istics. The development of this element of our set-up 
was also no small task. Furthermore, it was desired to 
produce a smoke which would not deposit on the win¬ 
dows of the smoke meters and thus coat them over, since 
otherwise the meters would read inaccurately. As 
might be inferred, the production of the required smoke 
generator was successful only after considerable experi¬ 
mentation with various substances and design of 
generators. 

Ironically, while it is fairly easy to produce smoke, it 
is by no means an easy task to produce a constant source 
of smoke of constant characteristics, i. e., to produce a 
smoke both the quantity and quality of which are con¬ 
trolled, and furthermore one which will not coat the 
windows of the measuring apparatus. 

After much experimentation the scheme finally 
adopted was a modified form of the one originally de¬ 
veloped by Tolman 9 and his colleagues in their experi¬ 
mental study of smokes. The “smoke” strictly speak¬ 
ing, mist-generating apparatus is shown in Fig. 6. The 
material “smokefied” was lubricating oil just as in Tol- 
man’s work. The principle of operation is that oil is 
dropped at a regulated rate into a copper U-tube im¬ 
mersed in a lead bath maintained at a temperature of 
480 deg. cent, by means of a Bunsen burner and thus 
vaporized, while a stream of air is blown simultaneously 
through the U-tube, this air stream recondenses the oil 
in the form of a fine mist and serves to carry it out of 
the apparatus. 

The amount of oil and air fed into the apparatus is 
carefully controlled and duplicated by means of needle 
valves fitted with graduated dials. The function of the 
various .parts of the smoke generator will be clear from 
the accompanying figure. 

Inserted between the generator and the electric pre¬ 
cipitator, however, is a galvanized iron tank which 
serves the double purpose of an equalizer or mixer and a 
trap for the larger droplets. This tank is provided with 
two valves by means of which the amount of smoke fed 
into the precipitator is regulated, the unused portion 
being allowed to escape to the outer air. 

Ey duplicating the air pressure (read on a manom¬ 


eter) and the oil feed, as well as the temperature of the 
bath, smoke of uniform quality and quantity is pro¬ 
duced, the exact concentration required being regulated 
by means of the gate valves on the mixer tank. 

Furthermore, our last requirement of a smoke which 
will not coat over the windows is realized, because in 
practise the windows take on a transparent film of oil 
of Constant thickness, the excess simply draining off. 
The absorption by this film, of course, is corrected for by 
making the L setting with the oil film present. 

The Experimental Electric Precipitator 
The precipitator used in the experiments to be de¬ 
scribed below is shown diagrammatically in Fig. 7. 

It consists of a horizontal iron pipe, through which the 
smoke-laden gas flows as shown by the arrows, with a 
discharge electrode in the form of a wire extending along 
the axis of the pipe and supported by means of insulators 
(made of Pyrex cane) bent in the form shown. The wire 
is adjusted to center by sighting through four sets of 
peep sights and adjusting the insulators. The high 
tension current is supplied by the lead-in, which enters 
through a Pyrex bushing (made of Pyrex capillary tub- 



Fig. 7 —Schematic Diagram of the Electric (Cottrell) 
Precipitator Used in the Experiments 


ing). The effective treater length is from the center of 
the inlet pipe to the center of the outlet pipe. If de¬ 
sired, the length of discharge electrode can be fixed 
exa ctly by slipping a tube over the wire, thus limiting 
the distance over which corona forms. 

The precipitator is set on a slight incline so that the 
precipitated oil runs out of the precipitator pipe and into 
the end bells from which it is removed from time to time. 

The High-Tension Generator 

It would be desirable to use high-tension direct cur¬ 
rent for the experiments; however, since this is difficult 
to generate, we chose pulsating alternating current rec¬ 
tified by means of a kenotron. While in commercial 
installations mechanical rectification is employed, the 
mechanical rectifier with its attendant sparking com¬ 
plicates the phenomena by introducing considerable 
high frequency into the circuit. However, a more seri¬ 
ous drawback is that with mechanical rectification a 
considerable and variable fraction as high as half of the 
secondary voltage is across the mechanical rectifier, and 
this fact complicates the voltage measurement. In the 
case of the kenotron it may be assumed that there is a 
negligible drop across the kenotron during the trans¬ 
mitting cycle, so that the secondary voltage can be cal- 
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culated tfrom the applied primary voltage or in most 
cases the phenomena can be expressed directly in terms' 
of the primary voltage, to which the secondary voltage 
is simply proportional. 

The secondary current was measured by means of a 
direct current milliammeter. It would have been bet¬ 
ter, of course, to use double-wave rectification, however, 
it is not likely that the phenomena would be essentially 
different, and we chose single wave rectification for the 
sake of economy. 
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Fig. 8—Diagram of High-Tension Circuit Employed in 
the Electrical Precipitation Experiments 


A wiring diagram of the high tension circuit is shown 
in Fig. 8. The kenotron was rated at 30,000 volts, 100 
milliamperes, although only about 1 milliampere was 
used in the experiments. The voltage applied to the 
primary of the high-tension transformer was regulated 
with an induction regulator. 

The amount of gas passing through the precipitator 
\yas determined by means of an orifice meter, the differ¬ 
ential across the orifice being measured by means of a 
draft gage. 

The set-up consisted of (1) the smoke generator, (2) 
the equalizer trap, (3) the orifice meter, (4) the inlet 
concentration meter, (5) the precipitator, (6) the outlet 
concentration meter, (7) an exhauster to draw the air 
throughJdie system, (8) an outlet to the stack for the 
waste gas; all in series. 

In setting up the apparatus extended use was made of 
the laboratory supports and supplies furnished by the 
Gaertner Scientific Corporation of Chicago, whom we 
wish to thank for the excellency and usefulness of this 
apparatus. In particular, for example, the concentra¬ 
tion meters were made by mounting light source, lenses, 
etc., on Gaertner optical benches; the boxes of the 
meters, the precipitator, the orifice meters, piping, etc., 
were mounted on Gaertner universal laboratory sup¬ 
ports, which were found extremely useful and con¬ 
venient. 


III. Experiments on Electric Precipitation 
Proper 

The use of an oil mist in these experiments in place of 
a dry fume has three great advantages which need to be 
emphasized: 

First, a practical difficulty encountered in precipi¬ 
tating dry dust, metallurgical fume, etc., is that after 
the material reaches the collecting electrode it does not 
necessarily stay there but may be blown off by the gas 
stream or thrown off by the electric (coulomb) force ex¬ 
erted on it by the charge on the collecting electrode (it 
is of course a well-known fact in electrostatics that an 
element of area of a charged surface is subjected to a 
repulsive force numerically equal to 47rcr, where <r is the 
surface density of charge). In such cases the precipita¬ 
tion proper is masked by this phenomenon. By the use 
of a liquid such as oil, it is assured that all the material 
which reaches the collecting electrode is held fast there, 
that is to say, it is assured that one is dealing purely with 
electric precipitation. 

Secondly, in the precipitation of certain dry (dielec¬ 
tric) materials, as soon as these deposit on the collecting 
electrode, the latter exhibits corona also due to the local 
overstressing of the field by the dielectric material. 



The Smoke Generator 


This phenomenon, known in precipitation parlance as 
“back corona,” is obviated in our case by ther>use of a 
liquid, in particular by the use of an oil. 

Thirdly, when dry fume is precipitated, as the process 
goes on, a layer of material is built up on the collecting 
and also on the discharge electrode, these layers, even if 
they do not exhibit back corona, progressively change 
the electrical conditions. This c is obviated also by the 
use of oil, for the latter drains continuously away and 
leaves a certain equilibrium thickness of film on both 
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electrodes, which film then remains constant. The high 
degree to which results could be duplicated m the ex¬ 
periments described below attest to the effectiveness o 
this step. Also, of course, the use of oil obviates having 
to clean out the apparatus mechanically, since the 
accumulated oil drains out by itself. 

1. Relation between the outlet and the inlet concentrator. ~ 
According to our theory above, in particular eq. (2), the 
ratio of the outlet to the inlet concentration, other fac¬ 
tors being constant, should be constant; that is to say, 



INLET CONCENTRATION 

p IG 9 —Relation of Outlet Concentration to Inlet Con¬ 
centration in the Experimental Precipitator 

if the inlet concentration is varied, the outlet concen¬ 
tration should vary in proportion. _ 

In Fig. 9 the experimental results obtained m this 
connection have been plotted. They show that over-a 
considerable range proportionality indeed easts be¬ 
tween the outlet and the inlet concentration. This fact 
greatly simplifies further experimentation, since except 
in special investigations the subsequent experiments can 
• all be carried out at a single conveniently chosen 
concentration. 


3 Relation between the precipitation efficiency and the 
'length of pass. While strictly speaking, in order to deter¬ 
mine the relation between the precipitation efficiency 
and the length of pass, the length of the precipitator . 
tube itself would have to be varied, m a tube treater tne 
effective length of the treater can be varied also by 
varying the effective length of the discharge electrode. 
This can be done with the apparatus of Fig. 7 by slipping 
a tube over a definite section of the discharge electrode, 
thus cutting down the corona. For convenience how¬ 
ever, in place of a tube, slotted aluminum cylinders 
(large size aluminum wire) is slipped over the discharge 
electrode in sections. With a sufficiently large wire 
covering the discharge electrode the corona can be 
limited to the uncovered part of the latter. We found, 
however, that with the particular size of wire we used, 
there was still some corona coming off the aluminum 
sections, so that the results have to be interpreted m a 
slightly modified way, for the precipitator really con- 
sists of two precipitators with different sizes of discharge 
electrodes in series. In order to evaluate this case it is 

necessary to proceed as follows: ., 

Consider (Fig. 11) a precipitator tube of total length 
D, of which a section of discharge electrode of length x is 



Ejg. 11 —Method op Limiting Effective Length of 
Discharge Electrode 



Fig . io—Experimental Efficiency-Velocity Curve. Com- 
FARE WITH THE THEORETICAL CURVE OF FlG. 2 


In particular, also, this experiment establishes the 
uniqueness of the quantities £ and (1 — £) an , ; 

iustifies the use of the term “precipitation efficiency, 
since this is now experimentally proved to be indepen¬ 


dent of the concentration. . . , 

2 Relation between the precipitation efficiency ana the 
treatment time. Since the treatment time is difficult of 
direct measurement and in practise is directly pro 
nortional to the length of pass and inversely propor¬ 
tional to the velocity, we shall discuss the phenomenon 
in terms of the latter two quantities, (see below). 


of one diameter, while the remainder of length (D - x) 
is of another. Let q» denote the concentration entering 
the first section; q u that leaving the first and entering 
the second; and <? 2 that leaving the second. Then we 

should have the relations: 

q x /q 0 = e - a ^D-x) an( j q 2 / qi = e~“ 2X (18) 

from which by direct multiplication we obtain: 

q,Jq 0 = e-^ D ~ x) - a * x ( 19 ) 

or taking logarithms: 

log (qM = - «i D - (a, - ai) * ( 2 °) 

Since all quantities except x on the right hand side of 
(20) are constant we can put: 

log (qi/qo) = Ci — c 2 x 

In other words for a precipitator of this type, provided 
the inlet concentration is held constant, the logarithms 
of the observed (1 - u)’s when plotted against the cor¬ 
responding exposed lengths of discharge electrode should 
fall on a straight line. The slope of this line furthermore 
represents logarithm of the ratio of the concentration 
leaving a section of unit length of the precipitator to 
that entering it. 

The experiment is then to hold the inlet concentration 
constant and vary the exposed length of discharge elec¬ 
trode by slipping sections of (slotted) larger wire over 
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it. In particular, 4-in. lengths of aluminum wire 0.125 
in. in diameter were slipped over a discharge electrode 
0.023 in. in diameter, r 

The experimental results obtained are exhibited in 
Figs. 12 and 13. In the first of these the logarithm of 
(1 — rj) is plotted against the exposed length of discharge 
electrode. It is seen that except for very short lengths * 
of discharge electrode, the logarithm of (1 — v) finder 
these conditions is indeed a linear function of the length 
of discharge electrode as demanded by eq. (21), which 
it will be noted is a direct consequence of the funda¬ 
mental law expressed by eq. (2). In order to exhibit 



Fig. 12 —Test of Whether the Experimental Efficiency- 
Length of Pass Curve is an Exponential 



0 4 8 12 16 20 

LENGTH OF DISCHARGE ELECTRODE 

p IG . i3 —Precipitation Efficiency as a Function of 
Length of Pass (Length of Discharge Electrode) in Ex¬ 
perimental Precipitator 

Circles denote experimental points; full line tlie theoretical exponential 
curve 

these results in a way more in accordance with Fig. 1, 
in Fig. 13 the observed efficiencies have been plotted 
directly against the exposed length of discharge elec¬ 
trode, the circles representing the experimental results 
and the full line the theoretical exponential curve which 
best fits the data. It will be seen that the agreement is 
very close except for very short lengths of discharge 
electrode, hence we can conclude that the precipitation 
efficiency is an exponential function of the length of pass 
as demanded by eqs. (7), (8) and (9). 

Relation between precipitation efficiency and the 
velocity of the gas in the treater. Since the exact velocity 
is not of great interest but merely the law of variation 


of the efficiency with the velocity, for convenience in the 
curves in place of the velocity the square roots of the 
pressure differentials across an orifice plate inserted ahead 
of the experimental precipitator have been plotted. The 
square root of this differential is of course proportional 
to the velocity. According to theory the efficiency- 
velocity curve should have the same general form as the 
curve exhibited in Fig. 2. In Fig. 10 the experimental 
values obtained have been entered as the small circles, 
while the full drawn curve represents the theoretical 
exponential curve which best fits the data. It is seen 
that the agreement here between theory and experiment 
is very perfect. 

5. Relation between precipitation efficiency and the 
secondary current. It will be noted that our fundamental 
relation, namely eq. (2), involves the quantity i, which 
was defined as the concentration of the ions. This 
quantity can be considered under a given set of condi¬ 
tions (ionic velocity) as proportional to the space cur¬ 
rent in the precipitator. If the latter does not vary 

7 



Fig. 14 —Precipitation Efficiency as a Function o? the 
Secondary Current (Current Variel by Changing Applied 
Voltage) 

from point to point lengthwise of the precipitator we may 
take i proportional to the (total) secondary current, in 
which case the precipitation efficiency would be also an 
exponential function of the secondary current. Un¬ 
fortunately, however, it is not possible directly to vary 
the secondary current in a precipitator without simul¬ 
taneously varying the voltage, hence we must be satis¬ 
fied with the determination of the relation between the 
precipitation efficiency and the secondary current 
with the voltage also varying. The exponential curve 
obtained in this connection is exhibited in Fig. 14. It 
will be seen that it does resemble an exponential (com¬ 
pare Fig. 1), although careful analysis shows that it is 
not a pure curve of this type. 

It was noted, however, in taking these points that the 
secondary current itself, and to some extent the secon¬ 
dary voltage, also, was affected by the concentration of 
the smoke entering the precipitator; it was noted, for 
example, that the admission of smoke to the precipitator 
always resulted in a drop in the secondary current, and 
that this drop increased with the concentration of the 





460 


SIMON AND KRON: ELECTRICAL PRECIPITATION 


Transactions A. I. E. E. 


• • 

smoke admitted. This led to a special study of the 
secondary current (smoke) concentration relation now to 
be described. 

6 . Relation between the secondary current and the 
(inlet) concentration of smoke . The phenomenon men¬ 
tioned just al?ove was studied quantitatively. For this 
purpose the inlet concentration of the smoke was varied 
in definite steps and the corresponding secondary cur¬ 
rents (primary voltage being constant) were noted. 

The experimental results are exhibited in Fig. 15. 
Here again the experimental points are entered as small 
circles while the theoretical exponential curve which 
best fits the data is drawn as thefull line. It is seen that 
the fit is fairly good, but still not perfectly exact, point¬ 
ing to some disturbing factor. 

The explanation of this phenomenon is simple. The 
admission of smoke results in the formation in place of 
the very mobile gas ions present in the clear air, of the 
much less mobile and slower moving charged oil drops 
with a corresponding decrease in the speed of transfer 
of charge between electrodes,'A. e., reduction in current. 
Paradoxically then in practise a precipitator actually 
takes less current when under load than it does when 
idle; however, this is explained by the fact that when no 
suspended material is present the energy is wasted in 
carrying gas ions across the intervening space between 
electrodes against the frictional resistance of the gas. 



INLET CONCENTRATION 

Fig. 15—Secondary Current as a Function of the Con¬ 
centration of the Smoke Entering the Precipitator 

Small circles represent experimental points; the full line a theoretical 
exponential curve 

Incidentally, of course, the question also arises 
whetheivthe secondary voltage is modified by this phe¬ 
nomenon. We tested also this point by connecting a 
Braun electrostatic voltmeter across the precipitator, 
and it was noted that there was an increase in secondary 
voltage simultaneously with the decrease in the secon¬ 
dary current as might be expected. 

7. Relation bettveen Secondary current and primary 
voltage (corona characteristic ). The relation between the 
current and voltage for the case of concentric cylinders 
for air is of course well known. However, in view of the 


results of the previous sections it becomes of interest to 
examine how the corona characteristic of such a system 
is modified by the presence of a dispersoid. Accord¬ 
ingly, characteristic curves of the particular precipita- . 
tor were obtained with clean air and smoke-laden air 
in the precipitator. 

The results are exhibited in Fig. 16. In this figure 
the upper curve 1 represents the corona characteristic 
for clean air or gas; the other three the same for various 
definite concentrations of smoke- or mist-laden air. 
The latter were obtained by keeping the inlet concen- 



PRIMARY VOLTAGE 

Fig. 16—Corona Characteristic of Clear and Smoke- 
Laden Air 

Curve 1 for clear air, lower curves for successively increasing concentra¬ 
tions of smoke 

tration constant for each curve but assigning to it the 
successive values of 55, 25, and 8 arbitrary units (of 
concentration). These lower curves then represent the 
corona characteristics for a precipitator under various 
working conditions. Of course, in view of the results of 
the previous section, the amount by which the current 
is depressed will depend on the concentration of the 
smoke entering the precipitator. It is of importance to 
note that the arcover point is not affected appreciably. 

8. Relation between precipitation efficiency and primary 
voltage. Unfortunately, as in the case of the current 
curves, the effect of the voltage (or more fundamentally 
the electric field within the precipitator) cannot be 
determined directly, since a change of the voltage in¬ 
volves a change of the current also as already noted in a 
previous section. It is of interest nevertheless to deter¬ 
mine how the precipitation efficiency varies-directly 
with the applied voltage. 

The results of the experiment are exhibited in Fig. 17. 
It will be noted that the curve also partakes of the 
general nature of an exponential. It will be seen that no 
precipitation occurs until the voltage reaches about 9.3 
volts. This is explained by the fact that for the particu¬ 
lar wire used the corona current does not begin (Fig. 16) 
until this voltage is reached. The curve then rises 
almost linearly, but eventually bends over much like 
the curve of Fig. 1, and ends abruptly at the arcover 
voltage. This curve is very similar to that obtained by 
Horne. However, it must be emphasized in connection 
with this curve that the relation is not a fundamental 
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relation because the current is also allowed to vary 
(confpare section 11). 

9. Relation between precipitation efficiency and power 
input. Sincg it is not possible to vary current and volt- 
’ age independently in a given precipitator, it is of inter¬ 
est to study the precipitation efficiency as a function of 
the power input. For this purpose, while this procedure 
is not rigorously correct, we formed the product of the 
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PRIMARY VOLTAGE 

Fig. 17 —Precipitation Efficiency as a Function of the 
Applied Primary Voltage (Current Also Varying) 

primary voltage and the secondary current and took 
the result as proportional to the power input. 

The experimental results are plotted in Fig. 18. The 
curve is very similar to the efficiency-current curve. 
It will be seen that here also as in the case of the effi¬ 
ciency-pass curve, the cleaner the gas becomes the 
harder it is to clean it further, i. e., the more energy it 
takes to remove the residual. 



Fig. 18—Precipitation Efficiency as a Function of Power 
Input into the Precipitator 

10. Effect of diameter of discharge electrode on the 
efficiency-voltage relation. Of great interest in con¬ 
nection with the design of a Cottrell treater is the effect 
of the diameter of the discharge electrode on the precipi¬ 
tation efficiency. Firstly, of course, it is well-known 
how the wire diameter affects the corona characteristic, 
in particular, that with larger wire sizes the same cur- 
• rent is obtained at a higher voltage than with a smaller 
wire. The first effect is then to shift the corona charac¬ 
teristic, that is to change the operating voltage. Sec¬ 


ondly, it is also well known that the size of the dis- 
• charge electrode affects the magnitude of the electric 
field at any point within the treater tube; in particular 
for the same applied voltage the field in the vicinity of 
the collecting electrode and in the greater portion of the 
treater tube will be increased by using larger wires. 
Both effects combined tend to increase the electric field 
within the treater (ignoring, of course, the zone im¬ 
mediately around the discharge electrode). Hence by 
changing the wire size we have a method of changing 
the electric field within the treater; in particular of 
answering the question whether a high field and low 
space current or the reverse is desirable. In this and the 
following sections this point is studied in detail. 



Fig. 19—Efficiency-Voltage Curves for Various 
Diameters of Discharge Electrode 
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Fig. 20—Efficiency-Current Curves for Two Qiameters 
of Discharge ^Electrode 

Firstly, let us take up the effect on the efficiency- 
voltage curve as exhibited in Fig. 17. The experimental 
results for four wire sizes, 0.010-in., 0.023-in., 0.047-in. 
and 0.081-in. are exhibited in Fig. 19. It will be seen 
that all of these curves are of the same general shape 
and reach approximately the same peak value of pre¬ 
cipitation efficiency. Hence from this angle there is 
apparently little to be gained by changing the wire size , 
the result is only to shift the phenomenon to a different 
voltage range . This indicates that the voltage insofar 
as it determines the electric field within the treater volume 
is of little importance —a highly interesting result—all 
the more so when it is considered that the voltage did 
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not enter into our fundamental deductions. It would 
seem then that the voltage enters in only as it deter- • 
mines the current flow, and we shall next study the 
phenomenon from this angle. 

11. Effect o/ size of discharge electrode on the efficiency- 
current relation. The rather remarkable result obtained 
in the previous section suggests plotting the efficiency 
for various wire diameters in terms of the (secondary) 
current flowing in the treater. The experimental results 
for two wire sizes, namely 0.010-in. and 0.017-in. are 
plotted in Fig. 20. They show that the current alone is 
the determining factor; that is to say, if the current flow is 
duplicated (with different sizes of discharge electrode) 
the efficiency is duplicated—a very remarkable and 
important result, particularly as regards the theoretical 
interpretation of the Cottrell process. It tends to sup¬ 
port the theory advanced by Hauer 10 and Deutsch. 11 
that the charging of the smoke particles has nothing to 
do with the strength of the electric field, i. e., is not an 
influence effect, but is due solely to the charges im¬ 
parted to the smoke particles by the kinetic agitation of 
the gas molecules. Put in another way, the whole trick 
of electric precipitation consists merely in charging the 
dust particles. The only effect of the electric field is 
subsequently to sweep the charged particles out of the 
space between electrodes, and for this purpose its actual 
magnitude between limits, of course, is not of great im¬ 
portance. The result also supports our theoretical 
deductions, since our fundamental assumption was that 
the whole process could be treated on tfie basis of chance 
encounters between ions and smoke particles, and that 
this chance of encounter was not influenced by the 
electric field. c 

- IV. Summary 

On the basis that the chance of a dust particle being 
precipitated depends on its chance of encountering an 
ion, a formula is deduced giving the precipitation effici¬ 
ency (percentage removal) as a function of the length of 
time the gas remains in the treater. As a corollary the 
precipitation efficiency is deduced as a function of the 
length of the treater and the gas velocity. As further 
corollaries the resultant precipitation efficiency of a 
number of equal Cottrell. passes (or separate treating 
units) is deduced to be independent of their manner of 
connection as regards gas flow. 

An optical method of measuring the concentration of 
suspended material in smokes and mists, a method of 
generating smoke of constant and controllable quality 
and quantity as well as a laboratory Cottrell precipita¬ 
tor for studying experimentally the fundamental laws 
involved in electrical precipitation are described. 

The relation between the concentration leaving a Cot¬ 
trell precipitator, other conditions being constant, is 
shown experimentally to be a constant fraction of the 
concentration entering the precipitator. The precipi¬ 
tation efficiency (percentage removal) as a function of 
the length of pass, the gas velocity, the electric current, 


the voltage, and the power input is determiqfd experi¬ 
mentally. It is demonstrated that these curves*par- 
take of the nature of exponentials. The current flow¬ 
ing in the precipitator is shown to be a function of the 
incoming concentration, decreasing with it according to * 
an exponential law. Corona characteristics (current- 
voltage curves) of a smoke-laden gas are determined and 
shown to be different from that obtained in clean air or 
gas. It is shown that the voltage insofar as it deter¬ 
mines the electric field within the treater has little effect 
on the cleaning efficiency, this holds also for the size of 
discharge electrode. The voltage and size of discharge 
electrode are only of importance in so far as they deter¬ 
mine the electric current, which is the fundamental 
variable. With, different sizes of discharge electrode it 
is necessary to duplicate only the current in order to 
duplicate the precipitation efficiency. From these 
results it is indicated that the charging of the dust or 
smoke particles, not the sweeping of the particles out 
of the field is fundamental in determining the efficacy of 
the process, or, the performance of a particular treater 
under a given set of conditions. 

V. Conclusion 

While the present theoretical and experimental study 
is more extensive perhaps than any that has been made 
before, it is still far from complete; and it is hoped that 
the experiments described and experimental method 
developed will stimulate further research in this field. 

In conclusion we wish to thank Mr. G. G. Crawford, 
at whose suggestion this work was undertaken, for his 
interest and inspiration, and Mr. H. C. Ryding for the 
generous support he has given us in this work. We also 
wish to acknowledge our indebtedness to Mr. H. Ray¬ 
mond for many contributions in the design and con¬ 
struction of the apparatus used in these experiments. 
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Discussion 

J. C. Hale: The collected data covering work done under the 
auspices of Research Corporation, Western Precipitation Com¬ 
pany, Lurgi Apparatebau-Gesellschaft, Siemens-Schuckertwerke 
and Lodge-Cottrell, Ltd. have been freely interchanged and it 
is from all these that I am drawing the following information. 
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As the authors have pointed out, there has not been a great 
amount of Sata presented through the engineering societies on 
the quantitative laws governing precipitation. One reason is that 
few outside of those in the development and engineering de¬ 
partments of 4 he companies engaged in the application of the 
‘processes in the various industries are interested in this phase of 
the problems of gas cleaning. Of the large volume of data which 
has been collected and exchanged by the various investigators, 
usually only that portion has been published which has a direct 
bearing on some particular application. 

Referring to the authors’ mathematical analysis, equations 
( 4 ), ( 5 ), ( 7 ), ( 8 ) and ( 9 ) are, as the authors state, various forms 
of the same expression. Consider equation (4); e is the base of 
the naperian logarithm and a: is a constant. I may, therefore, 
select a new constant K equal e ~ a and rewrite this equation as 

n = 1 — K l or 1 — n — K l 

With this simple substitution, we have the identical equation 
developed and reported by Anderson and his co-workers and 
presented in his 1919 report of tests made during that year at an 
experimental plant at Santa Cruz. 

Equivalent formulas have been arrived at and published by 
European investigators, notably Heinrick and Deutsch, Engi¬ 
neers of the Precipitation Companies in Germany. This equa¬ 
tion has been a most valuable contribution to the art of precipita¬ 
tion and it has been very extensively used. It must not, however, 
be regarded as inexorable. The fact that the “constant” of this 
equation is not always constant has served first, to stimulate the 
attention given by engineers in an attempt properly to evaluate 

• it and second, to retard the publication of the results so far ob¬ 
tained until these results are more complete. It might be men¬ 
tioned that K has been shown to vary considerably with the gas 
velocity. Maximum and minimum determinations of K under 
different conditions have shown well established variations of the 
order of 2 to 1. In the hands of one thoroughly familiar with its 
limitations, the formula is nevertheless a valuable working tool. 

The mathematical analysis leading to equation (15) shows that 
identical efficiencies will obtain whether precipitator units be 
connected in series or in parallel or in series parallel with respect 
to gas flow provided the gas is properly divided in the cases of 
unsymmetrical arrangements. This conclusion serves, however, 
as a good example of the pitfalls to which one is led by the appli¬ 
cation of scientific principles to a field which is at least as much 
an art as it is a science. For example, in a problem requiring a 
very low friction loss, equation (15) points to the use of a large 
number of units in parallel. It can be shown mathematically by a 
somewhat involved calculation, that the combined efficiency of 
parallel units decreases rapidly as the gas distribution becomes 
unequal. Equal distribution of gas through too many parallel 
units is most difficult and the selection of a proper number of 
units to be paralleled is, therefore, not a matter of efficiency 
calculated on the basis of any formula, but a matter of experience 
with regard«*to distribution. Similarly, to go to the other ex¬ 
treme, we might be led to a design with a large number of units 
connected in series, to eliminate the difficulties of equalizing gas 
distribution. This, however, would involve a high gas velocity 
and material precipitated in the first of a series of units might be 
mechanically swept along the surface of the collecting electrode 
of that unit, picked up by the gas stream and carried to the 
following units and ultimately to the outlet main. This con¬ 
tingency is not considered in any formula for efficiency, but serves 
to indicate one of the many dangers to which scientific formulas 
may lead unless they are made subservient to the many require¬ 
ments of different conditions met with in practise,—again 
pointing to precipitation as an art more than a science. 

• As the authors point out, the constant which appears in the 
formula applying to smoke concentration meters is dependent 
upon the grain size of the smoke particles. In spite of this state¬ 


ment, however, efficiency is determined in all of t£e tests without 
regard to this factor. That it is not an insignificant factor is 
indicated in the pape* by Tolman and others, referred to by the 
authors. It is there stated that the light beam strength varies 
with the concentration of dust between certain limiting formulas 
in which, for small particles, the particle diameter appears 
directly as the cube and for large particles inversely as the first 
power. The Tyndall beam instrument gives, fundamentally, a 
measurement of visibility which is proportional to concentration 
only if the size of particles is a constant. A user of a precipitation 
installation will seldom be satisfied with an efficiency determina¬ 
tion based upon visibility, as he requires the removal of the 
suspended matter from the gas stream and not merely its con¬ 
version into larger particles. 

This characteristic of the concentration meter used will ac¬ 
count for some of the errors which I believe exist in the authors’ 
results as given in sections 8 , 9, 10 and 11. 

Admittedly, the filter method of measurement of concentra¬ 
tions gives integrated values over a period of time and is a slow, 
tedious process. It is our experience that it is the most accurate 
method and the only one acceptable as a true measurement not 
requiring calibration and independent of variables, such as size 
of particles, which influence other apparatus. Even this method 
has, of course, certain practical limitations in its commercial 
application, especially where there may be very sudden changes 
in gas velocity. 

The smoke generator used is certainly a most ingenious and 
carefully worked out device. I most heartily agree with the 
authors’ comments on the difficulty of producing a controlled 
quantity and quality of smoke for experimental use. That the 
smoke produced may vary as to size of particle is pointed out by 
Tolman in the paper previously mentioned. 

In the absence of conclusive information as to the relative 
merits of half wave and full wave rectification, of locating the 
vacuum tube in the* grounded side of the circuit or in the high 
potential side, and of using a mechanical recti^er, I see no 
reasonable objection to the use of any of these methods. The im¬ 
portant point is that the same equipment and the same methods 
of measurement of electridal values be used throughout. 

There are three «f the authors’ conclusions which lead to a 
difficulty if they are expressed mathematically and then com¬ 
pared. 

Equation (3) may be written rj ~ f(i ). 

The statements in section 6 and the . curve Fig. 15 may be 
expressed i =/i(c). 

By combining these we may write rj = A(c). 

The authors’ statement in italics at the bottom of page 451 
may be expressed mathematically as “77 is not any function of c.” 

The incompatibility of these equations indicates the necessity 
of some explanation or qualifications of the authors’ conclusions 
upon which they are based. 

I do not believe that any general conclusion should drawn 
or simple formulas of relationship established between efficiency 
and current voltage or power input as given by the authors in 
Figs. 14, 17 and 18. While these are characteristic curves appli¬ 
cable to some problems, there are marked exceptions which are 
both too numerous and too conclusive to be ignored. Many well 
confirmed tests on commercial installations prove that^ under 
some conditions increasing the current and power does not give 
any increase in efficiency. 

The conclusions based on the data represented by Figs. 19 and 
20 are misleading in that two important factors entering into^ the 
results exert an entirely different effect on the results obtained 
by the experimental equipment used and results obtainable by 
equipment of commercial dirhensions. These factors are the 
limitations of the smoke concentration meter already referred to 
and the relatively small diameter of the pipe used. 

The authors state that “the whole trick of electrical precipita¬ 
tion consists in merely charging the dust particles.” This reduces 
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the whole problem to the simple question of selecting an electrode 
assembly to give the maximum corona discharge, which is 
certa inl y a question capable of accurate scientific solution. We 
know, however, based upon a very wide experience in dealing 
with a variety of problems, that it is out of the question to draw 
any such an ideally simple conclusion. We have learned the 
futility of att#npting to disregard the wide variations in other 
conditions. It is the existence of an almost infinite number of 
combinations of these variable conditions which so far removes* 
the problem from the range of an exact science as to lead those 
most intimately connected with it to prefer the designation “art 
of electrical precipitation.” 



Electrical precipitation has been under study and development 
both here and abroad for over twenty years, and from my nine¬ 
teen years experience I feel that in justice to those scientists and 
engineers, who have during that time devoted so much research 
and effort to the art, the part of the authors’ conclusion that 
refers to the possible scope of the work which has been done 
heretofore should be sincerely questioned. 

J. J- Toroks In making some studies on precipitation some 
time ago I reviewed a treatise on this subject by Ladenburg 
which was published in the Annalen der Physik, 1930, Vol. 4, 
page 863. Herein Ladenburg presents a very interesting picture 
of the process of electrostatic precipitation. I believe that it 
would be worth while to review this at this time for it attacks 
the problem from a different standpoint than that taken by 
Messrs. Simon^nd Kron. 

Ladenburg considers the smoke or dust as a minute particle 
floating in the atmosphere. This particle he^ assumes to have 
various diameters. The irregular shapes of such particles can 
effectively be represented as spherical. In an electrostatic field 
through which a largejiumber of ions are moving the behavior of 
this particle will be as follows: 

First assume that the particle has a dielectric constant greater 
than one. Under this condition the electrostatic field around the 
particle will be distorted. Lines of force now tend to concentrate 
into the particle as shown in Fig. 1 of this discussion. The ions 
which are moving in this field will follow very closely the direc¬ 
tion of the lines of force of the electrostatic field, consequently 
they will strike the dust particles where they will be retained. 


Thus the dust particle acquires a charge. Tftis charge increases 
until the field around the particle is distorted by tlfe chajge so 
that instead of the lines of force converging on the particle they 
now swing around it and the other ipns in passing through the 
field will not strike the particle. In other words, the charges ac¬ 
quired by the particle in a particular field will increase until they 
repel the oncoming charges and thus it will come to an equi¬ 
librium. It can readily be seen from Fig. 2 that the larger the 
particle the greater the distortion it will cause in the field and 
consequently the larger charge it will acquire. The forces acting 
upon the particle, however, are proportional to the charges it 
acquires. Consequently, the larger particles which have ac¬ 
quired the greater charge will be removed from the field first. 
The smaller particles which have acquired less charge will require 
more time to be forced across the field and as a result their time 
of precipitation is somewhat longer. 

If we assume that the dust particle has a dielectric constant 
equal to air there i§ no concentration of the lines of force into the 
particle, thus only the ions in whose path the dust particle lies 
will be entrapped upon the dust particle. This perhaps will re¬ 
quire a little longer period of time for the particles to acquire a 
charge which will distort the field so that no further ions will be 
entrapped upon it. It is to be remembered also that under this 
condition the charges entrapped on the particle are less than if 
the particle had a higher dielectric constant. 

As the size of the particle diminishes, the charge acquired by 
it becomes so small that the time of precipitation becomes very 



long. However, these smaller particles are precipitated in a 
period of time much less than required from a theoretical stand¬ 
point. This discrepancy is accounted for by the electric wind 
effect. The turbulent motion set up within the precipitator by 
the corona causes the air to move rapidly from one electrode to 
another. In this turbulent action the small particles are from 
time to time brought very close to the electrode and with the 
small motion it can obtain through its electrostatic forces it will 
be pulled to the plate and be deposited there. 

From this analysis we find that in precipitators the larger 
particles are removed first and as time progresses the smaller 
particles will be taken out. 
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T HE usual commutation theories deal with the 
reversal of the current in the commutating .coil 
and with means for bringing about such reversal 
either along a straight line or a curve. The principal 
object in such studies is to accomplish commutation 
without excessive current densities under the brush. 
It is recognized that frequently it is impossible to realize 
this, but little attention has been paid to the fact that 
unless such ideal conditions are obtained we actually 
have to deal with a switching phenomenon and that the 
problem should be analyzed with this in mind. The 



necessity for introducing the concept of switching is 
important inasmuch as ideal conditions can be obtained 
in but very few practical cases. This paper gives a brief 
analysis of the various considerations entering into the 
switching phenomena at both the leading and the trail¬ 
ing edges of the brush and indicates how commutator 
and brush burning is affected by aiding or hindering the 
switching operations. 

Let us assume that the circuit of armature coil 1 in 
Fig. 1 is about to be short-circuited by brush B and that 
at this moment a voltage e is induced in the coil by its 
rotation in the commutating field, or possibly by the sta¬ 
tor field of an a-c. machine. It is evident that sparking 
in the minute point or edge of the brush B which first 
touches the segment a will be largely influenced by the 
speed with which the circulating current in the coil can 
build up as compared with the rate of increase of the 
area common to the brush and the segment a. This in 
turn means that the speed of the commutator will have 
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.an influence as well as the rate of increase of the circu¬ 
lating current. The latter is determined by the voltage 
e and the self-inductance and resistance of the circuit of 
coil 1, if the coil carries no flux common to other closed 
circuits. This condition would exist if brush B does not 
short-circuit any other armature coil and if the field 
winding F is open-circuited, and under the further 
assumption that there are no secondary damping cur¬ 
rents in the stator structure. Under these conditions, 
the entire main flux F and the leakage fluxes L a cause a 
rather high self-inductance in the armature coil 1, and 
consequently a slow building up of the circulating cur¬ 
rent. Fig. 2 represents a circuit equivalent to the arma¬ 
ture coil 1 with the assumptions made so far. 

The conditions change ifiaterially if the shunt wind¬ 
ing F is connected across the armature circuit as shown 
in Fig. 1, as well as across certain load circuits L and 
various circuits of the generator G. We now have 
within the armature coil a leakage reactance flux L, and 
a mutual inductance M between the armature coil and 
the field circuit. The latter in turn has a leakage flux 
L f , and it is closed partly through the armature circuit 
having resistance and inductance, and partly through 
several other circuits also having a resistance or induc¬ 
tance, or both; in other words, we have equivalent cir¬ 
cuits somewhat as illustrated in Fig. 3. The rate of 
change in the circulating current will now depend upon 
all these factors* and therefore any change of constants 
in the field circuit or any of the other circuits may have 
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Fig. *2 

a certain influence upon the commutating conditions. 
Similarly, any damping currents which can be induced 
in the solid portion of the stator yoke, or in coil shield 
or damper windings surrounding the poles, may have an 
influence upon commutation. The various resistances 
and reactances shown in the secondary circuit of Fig. 3 
are replaced by a single inductance X 2 and a single re¬ 
sistance i ?2 in Fig. 4, which while not fully equivalent 
to Fig. 1 somewhat simplifies the problem. 

All the various constants previously mentioned will 
also have an influence when the circuit of the coil 1 is 
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opened while a circulating current is still flowing in it. 
There will be one difference, however^ in that the high 
leakage and self-inductances, which are helpful in the 
case of closing the circuit, will be harmful in the opening 
because they^ considerably increase the energy to be dis¬ 
sipated in the spark which forms at the trailing edge of 
the brush. Mutual inductance, which aids in opening' 
the circuit as will be explained, is disadvantageous when 
it is closed because it allows a rapid building up of cur¬ 
rent. The effect of inductance on the opening operation 



may be made clear by following the switching operation 
in detail first for a machine with open stator circuits, 
wound with one coil per slot, and a brush spanning one 
commutator bar, so that no account need be taken of 
mutual inductance between a commutating coil and any 
other closed winding. A circulating current is assumed 
to be flowing when coil 1 passes from under the brush. 

When a circuit containing resistance and self-induc- 
tanee such as shown in Fig. 2 is opened by the separation 
of contacts (the brush and the bar in this case), an arc 
or spark will *be formed between the electrodes, because 
at the last point of contact the temperature may become 
very high and "explosions” take .place" at this point, 
giving rise to sufficient energy density -to establish the 
cathode spot of an,arc on the negative electrode. 1 As 
the contacts separate further the arc becomes longer and 
finally becomes unstable and vanishes. Any calculation 
of the decrease to zero of the circulating current due to 
commutator bars passing from under the brush must 

X, R| x 2 r 2 



consider this short arc or spark formed. The arc char¬ 
acteristic, i. e., the arc voltage as a function of the cur¬ 
rent through it, depends on the arc length. The latter 
in turn is varying and depends on the way in which the 
arc is lengthened as a function of time, or, in other 
words, on the speed of the commutator. 

If the transient arc characteristic is accurately known 
for a particular condition, the energy dissipated in the 

1. Slepian, Temperature of a Contact, Jour, of A.I.E.E., 1926, 
p. 930. 


arc can be calculated. 2 This energy may be divided into 
two parts; the energy stored eleetromagnetically iif the 
circuit, and the energy supplied to the circuit during the 
time duration of the arc. In the case of the commu¬ 
tating coil, the latter energy may be supplied by the 
voltage induced in the coil by its rotation in the commu¬ 
tating field, or in an a-c. machine it can also be induced 
by transformer action between the stator field and the 
coil. Usually the total arc energy will lie between the 
values of once and twice the energy stored in the mag¬ 
netic circuit. This stored energy varies directly with 
the self-inductance coefficient L and the square of the 
current to be broken, and hence the arc energy also de¬ 
pends upon these factors. The length of time during 
which the arc orspark is present also increases with an 
increased coefficient of self-inductance. Since a trailing 
edge spark is harmful in so far as it burns the commuta¬ 
tor and brushes, it is desirable to keep the energy to be 
dissipated in the spark as low as possible. This can be 
done by lowering the self-inductance, reducing the 
current to be interrupted, and also by the proper utiliza¬ 



tion of mutual inductance, which will be discussed next. 

As previously indicated, circuits having mutual in¬ 
ductance with a commutating coil are established by the 
field or stator circuit being closed through the armature 
and other circuits, or by damping currents in the stator 
structure. Other circuits having mutual inductance 
with the commutating coils usually exist if the winding 
is chorded, if there is more than one coil per slpt, or if a 
wide brush is used; or, in fact, whenever the sides of at 
least two coils which are being commutated during a 
common time interval lie in the same slot. In this case 
the mutual inductance between coils must be con¬ 
sidered. For example, if the brush is wide as shown in 
Fig. 5 and short-circuits the two armature coils 1 and 2, 
coil 1, which is about to be open-circuited, still has 
leakage fluxes L h but it also has mutual fluxes M with 
the field winding as previously described, and mutual 
fluxes M a with the armature coil 2, the latter in turn 
having leakage fluxes L-> of its own. This may better be 

2. Rudenberg, “Elektrisehe Schaltvorgange,” p. 188. (Julius 
Springer, 1923.) 
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shown by, the simplified although not fully equivalent 
cirailt indicated in Fig. 6. If such a circuit containing 
mutual inductance in addition to self-inductance and 
resistance i^ opened with a switch, the decrease of the 
’ current in the primary circuit may again he calculated 
if the transient arc characteristic curve is known. It is 
found that in this case all of the stored energy need not 
be dissipated in the switch. The decrease of current in 
the primary circuit will induce voltages in the secondary 
circuits such as to cause their currents to change. This 
means that part of the energy stored in the primary cir¬ 
cuit may be transferred to the secondary circuits and 
dissipated as PR loss in them or held in storage in the 
secondary circuits. Consequently, the energy dissipated 
in the spark may be, and usually is, reduced by intro¬ 
ducing mutual inductions. The magnitude of the re¬ 
duction depends on the degree of mutual coupling be¬ 
tween the circuits, and upon the circuit constants, such 
as resistance and self-inductance., of all the circuits 
having mutual inductance with the commutating coil. 
It follows, therefore, that as conditions in the stator 
circuits change, the commutating condition may also 
change, although such factors as load current, speed, 
and commutating fields, which are usually considered 
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as the only ones determining the commutating condi¬ 
tions, remain unchanged. For similar reasons, differ¬ 
ent conditions of mutual inductance between the vari¬ 
ous armature coils will have an appreciable influence. 
The conditions of the mutual flux M a and leakage 
fluxes Li and L 2 in Fig. 6 will of course be appreciably 
different when the coils are located in separate slots and 
when the coils are located in the same slot. This dif¬ 
ference leads to the frequently observed condition that 
certain commutator segments show more burning than 
others. •These considerations also explain why fre¬ 
quently a split-throw of the armature coils improves 
commutation as a result of its effect upon the relation 
between leakage and mutual inductances of the coils. 
Without the split-throw a good transfer of energy from 
coil to coil in the same slot may take place, but the last 
coil in the slot is not well coupled to the first coil in the 
next slot and hence considerable energy must be dis¬ 
sipated when the circuit of the last coil in a slot is 
broken. The split-throw reduces this maximum dissi¬ 
pation of energy in the spark because at least one coil 
• side of the coil under commutation is always closely 
coupled with another coil side, and, assuming that the 
brush is wide enough to short-circuit the adjacent coil, 
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better transfer of energy can take place. The bene¬ 
ficial effect thus obtained consists not only in decreasing 
the maximum sparking but also in bringing about more 
uniform sparking on the different commutator bars, 
which in turn reduces irregular wear and differences in 
the heating of the bars; irregular heating of the bars if 
occurring to any marked extent is likely to cause differ¬ 
ences in expansion of the bars and therefore mechanical 
irregularities in the commutator surface, with conse¬ 
quent-further accumulative harmful effects on commu¬ 
tation. 

In all of the previous discussions on the constants of 
the circuits which may influence commutation, only re¬ 
sistance and reactance have been mentioned. However, 
with the high frequencies of commutating currents, it is 
quite possible that at times certain capacity effects in 
the various circuits may exert an influence upon com¬ 
mutation conditions. 

Having established the new concept of switching and 
the fact that the various machine and external circuits 
may have an influence u]5on commutation, we have 
found a means for explaining many other practical ex¬ 
periences which cannot be explained by the conventional 
commutation theorites. It can be readily seen, for 
instance, that there may be a difference in commutation 
between shunt, series, or separately excited machines, 
between laminated or solid field structures, etc., al¬ 
though the speed, current, and commutating field are 
the same. It follows that in the case of a-c. commutator 
machines the commutation may be affected by the size 
and type of transformer to which the machine is con¬ 
nected and by various other factors. Interesting results 
may be obtained with two series-connected motors on a 
motor car, especially in a-c. motors having no damping 
effects in their field structure. If in s*ach a case the com¬ 
mutating impulses transformed into the fields of the two 
motors are exactly in opposition, no damping current 
can flow in the fields. Such opposition of voltages will 
occur if the relative position of the two commutators is 
such that the brush edge in one motor lines up with the 
mica insulation while in the other motor it happens to 
be in the center of the bar. If the relative commutator 
position changes so that the brushes in both motors will 
have the same position with regard to the mica insula¬ 
tion, the commutating impulses reflected in the fields 
will be in phase and damping current current can flow, 
thus causing conditions entirely different from those 
previously mentioned. With two such motors on a 
motor car having slightly different speeds caused by a 
difference in the wheel diameters, periodic variations of 
commutation will take place. With the two motors 
connected in parallel across the same transformer, simi¬ 
lar variations may take place. Even a change in design 
from series to parallel connected fields in the motor may 
influence commutation. With such machines as phase- 
advancers or regulating machines connected into the 
secondary of induction motors, the switching theory 
readily explains differences in commutation which have 
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been observed by the authors for different connections 
of such machines to various external circuits. 

The introduction of the switching concept into the 
commutating problem is, of course, not necessary when 
ideal commutating conditions exist. There are also 
cases which approach the ideal sufficiently close to make 
the consideration of the switching concept unnecessary 
in practise. Again, where the commutating conditions 
are not ideal but where the brush short-circuits several 
armature coils, their mutual effect may be so predomi¬ 
nating that the characteristics of the field and external 
circuits may have little influence. However, in general 
the commutating phenomenon cannot be considered as 
completely analyzed unless the possibility of the switch¬ 
ing phenomenon as influenced by the various circuits 
has been given due consideration. 

Discussion 

Ernst Webers I cannot quite agree -with the authors in that 
the commutation problem has been given little attention as a 
switching phenomenon. On th& contrary, the complete funda¬ 
mental differential equations of commutation in a general case 
were established as early as 1908 especially by R. Riidenberg 
(. E.T.Z . 1908, page 65) following previous discussions on the 
problem which go back to 1905 when G. Mie and E. Arnold de¬ 
rived a mathematical condition for good commutation 'which 
since then often has been the center of much discussion. The 
complete differential equations take into account all the inductive 
couplings of the armature coils at the point to be short-circuited, 
and under short-circuit conditions. In addition the inducing 
effects of the external fields as produced by jhe main poles and 
by the commutating poles are taken care of. The one reason why 
no further progress has been made in this mathematical investi¬ 
gation is that it is not possible in general to integrate the under¬ 
lying systems of differential equations. r 

An excellent brief summary of the theory of commutation may 
be Ibund in German Manual Starkstromtechnik , Yol. I, U. 494 
(published by W. Ernst u. Sohn, Berlin 1930) treated by C. 
Trettin. The system of differential equations, when the brush 
covers for example four segments and thus short-circuits three 
armature coils, is given by: 
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where i v denotes the currents in-the segments; u, v, w the respec¬ 
tive currents in the armature coils under short-circuit condition, 
r v the resistances of the closed coil-circuits, L the self, and M vu the 
mutual^nductances of the coils, and e\ e ", e nr the electromotive 
forces induced by the fields in the commutation zone. If all the 
parameters involved were constants it would be easy to solve for 
the currents and to deduce theoretically their shape under any 
condition of external uncompensated fields. However, all the 
parameters are variable, such as the inductances due to satura¬ 
tion, eddy currents and the changing positions of the coils rela¬ 
tive to the field system; the resistances due to the varying contact 
area of brush and segment, the dependence of brush resistance on 
temperature, contact pressure, and current density. The equiva¬ 
lent circuits given in Figs. 3, 4 and 6 of the paper appear, from 
this recognized point of view, as very rough approximations. 


The variation of resistance for example extends oyer a range 
from several thousands of ohms to infinity. f 

In view of this extreme complexity we may finally state that 
commutation is one of the most intricate problems of scientific 
engineer in g. To arrive at some result, it was but natural, that * 
either restrictions in great number were imposed on the illus¬ 
trative system (1) in order to fit it to the mathematical means 
available for a solution, or estimations were made as to the 
influence of the various terms when straight line commutation 
was set as the aim. Several of the conclusions arrived at by 
authors from energy relations can thus be found in the literature. 
In a recent book published by J. Springer, Berlin, 1929, L. 
Dreyfus treats the whole problem of commutation on a mathe¬ 
matical, rigorous, but not very convenient way. The Siemens 
Sehuckert-Werke, (Mr. C. Trettin), Berlin, as well as L. Dreyfus, 
hold several patents to use damper windings in slots or as wedges 
in order to influence the inductance at the instants of short- 
circuiting and breaking the short circuit of the coils, by these 
means causing the electromagnetic energy to be dissipated in 
heat in several parallel circuits. 

The variations of the inductances with time are very small 
contrasted with those of the resistances. Assuming that over 
small time intervals both parameters may be taken as constants, 
the transient will be of the type of an exponential curve, the time 
constant of which is given by T = L f /R', if 1/ is the effective 
inductance for the considered interval of time. At the first 
instant, R' is very large, the time constant very small, the rate 
of change of the current large and therefore a tendency to spark. 
However, since the time constant increases rapidly to a finite 
value, the danger is not pronounced. Conversely for the break¬ 
ing of the contacts, since R ", the respective resistance at the 
trailing edge of the brush, is rapidly increasing, the time constant 
will decrease at the same rate to almost zero, so that the tendency 
to spark at the trailing edge is obvious and unavoidable. This 
physical picture is a first approximation and not at all the single 
criterion; however, it serves to show the importance of the 
variation of the resistance. 

In conclusion may I emphasize the paramount influence of the 
brush material. Practise shows again and again that cases of 
bad commutation, considered as hopeless by theoreticians, are 
satisfactorily solved by engineers who patiently try various kinds 
of brushes until they succeed in finding the ‘‘adequate brush’ ’ 
for that special ease. Investigations are under way to throw 
some light on the action of contact resistance and its dependence 
on the brush material, but we are still lacking complete data-on 
this subject. 

Thomas T. Hambleton: The consideration of commutation 
from the standpoint of switching may not be entirely new as 
most designers of commutating machines must recognize com¬ 
mutation as a high-speed switching of armature coils. The 
consideration of the possible influence of external circuits is 
entirely new to me. Of course it is desirable to view any com¬ 
plex problem from as many angles as possible, andJt is in this 
respect that the paper should prove to be of value. 

I fail to see where the paper presents any new knowledge that 
will enable designers to produce better commutating d-c. ma¬ 
chines. I would therefore ask the following questions: 

1. Has the consideration of commutation as a switching 
operation resulted in a method of more accurately pre-determin¬ 
ing the commutation performance of d-c. machines? 

2. Has it indicated any change in design proportions which has 
produced better commutation? 

3. Have any specific cases been observed where commutation 
in d-c. machines has proved to be affected by external circuits; 
field circuit, damping circuits or external load circuits? 

4. Is it not a fact that the considerations set forth in this 
paper apply almost entirely to a-c. commutating machines? 

5. Has it been possible to compensate in the design of machine 
for the effect of external circuits on commutation? 


June 1932 • 


COMMUTATION CONSIDERED AS A SWITCHING PHENOMENA 


469 


% 

G. W. I^enney: The usual theory of commutation is based on 
the assumption that the brush contact drop is the same for all • 
bars and that every other part can be built exactly as designed, 
so that the current reversal can be a straight line function or 
, some other function which would be uniform for every coil. We 
are all familiar with the fact that the theory developed from these 
simple assumptions does not explain many of the troubles en¬ 
countered in practise. For example, in the case of a large 250- 
volt generator running at constant speed and load ther^ is 
commonly one coil per slot, so that all coils are theoretically 
alike and therefore for any given load and speed there should 
be a value of interpole flux which would exactly reverse the coil 
current in the period when a bar is under the brush, thereby 
giving black commutation. And yet we know that there are 
many cases where even for steady load conditions there is no 
value of commutating pole flux which will give black commuta¬ 
tion. If the sparking is observed with a stroboscope it will often 
be found that a given value of interpole flux*will give sparkless 
commutation on certain bars, but sparking at other bars. If the 
interpole flux is changed slightly, the sparking will disappear at 
the given bars, but sparks will appear at other bars, so that when 
observed with the unaided eye, the sparking will appear to be 
constant for a considerable range of commutating pole flux. 

When we consider that a relative movement of one-ten- 
thousandth of an inch between one bar and the adjacent bars 
may seriously disturb the uniformity of contact drop, or that a 
slight deposit of carbon on one bar may have an equally serious 
result, it seems unreasonable to expect to maintain a uniform 
contact drop at all times. 

The method of analysis described in this paper when combined 
with the characteristics of the brush under quickly changing cur¬ 
rent density in a portion of the brush face gives a means of 
analyzing the performance of the coil during commutation when 
ideal conditions do not exist. 

The ability of a machine to commutate satisfactorily when 
slight disturbances occur either in the contact, at the commutator 
or in the rest of the circuit, should be a much more valuable index 
of its performance in service than the conventional analysis based 
on perfect conditions. 

C. G. Veinott: The general principles, given in the paper, of 
course, apply equally well to lap or wave windings but the state¬ 
ment that with “a brush spanning one commutator bar ... no 
account need be taken of mutual inductance” does not. This is 
true with a lap winding but is not true for a two-circuit wave 
winding of four poles or more because the number of commutator 
bars per pole is not an integral number. The discussion to 
follow does not refute any of the facts presented in this paper but 
only supplements the latter with information on wave windings 
not covered in the paper. 

Some time ago I studied the commutating conditions in a wave 
winding and obtained, by graphical integration, the curve of the 
reversal of current in the commutating coil against time. I came 
to the conclusion that, in a wave winding of 4 or more poles, when 
only two brush arms are used, the commutating conditions are 
different under the two brush arms. This is due to differences in 
the coupling conditions of the coils undergoing commutation. 
As the authors have brought out that differences in the coupling 
conditions affect commutation, I only need to show how the 
coupling conditions under the two brush arms differ. 

To be specific, consider a 4-pole wave-wound, retrogressive 
armature having 33 slots and 33 commutator bars with the 
armature winding chorded of a slot. Assume two brushes 
spaced 90 deg. apart, each brush spanning % bars. Calling the 
brushes positive and negative solely for the purposes of identifica¬ 
tion and not to indicate actual d-c. polarity, consider the period 
when the positive brush just starts to span bars No. 8 and No. 9. 

* This condition is represented in Fig. 1. Let us ignore, in this 
analysis, the mutual inductive effects of the field circuit and only 
consider other armature coils since effects due to each other 


circuits would only be superimposed upon the effects we are 
considering. (In Fig. 1 the coils represent single coil sides, the 
numbers the slot in ■fthich the coil side lies, and the letter b or t , 
whether the coil side is in the bottom or in the top of the slot.) 
We observe this significant fact: the coils short-circuited by the 
positive brush begin commutation without bein^ coupled with 
any other coils undergoing commutation. At this point the 
negative brush is merely riding upon bar No. 33. 
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Fig. 2 


In Fig. 2, we see the positive brush finishing its commutation. 
Observe that during the last Mths, including the finish of the 
period of commutation, three of the four coil sides short-circuited 
by the positive brush are mutually coupled with three of the four 
coil sides short-circuited by the negative brush at that time. 
It can be seen further that the coils short-circuited by the nega¬ 
tive brush start commutation with three coil sides coupled. 

In Fig. 3 we see the coils short-circuited by the Negative brush 
finishing commutation with no coupling. At this time the posi¬ 
tive brush is riding upon bar No. 9. 

This brings out very 'clearly the fact that the commutation 
may be quite different under one brush than under the other.* 

If the brushes span one bar, somewhafr the same conditions 
obtain except that the coils under the positive brush start com¬ 
mutation loosely coupled (one coil side coupled) and finish with 
close coupling (3 coil sides coupled). The coils under the negative 
brush start commutation closely coupled and finish commutation 
loosely coupled. 

Considering commutation as a switching phenomenon, it 
follows that, when the coils under the positive brush finish 
commutation, if an arc is formed, all of the stored energy need 
not be dissipated in the arc to burn the commutator since much 
of this energy can be transferred through mutual # inductive 
effects. When the coils under the.negative brush finish commu- 
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Fig. 3 

tation, if an are is formed, they can transfer but little, if any, 
energy to other coils undergoing the process of commutation. 
Of course, there is always the possibility of transferring some of 
this energy to the armature working circuit, but this transfer of 
energy must be relatively small. 

F. W. McCloskey: It has become increasingly difficult of late 
years to predict the commutation characteristics of d-c. machines 
in which the loads applied are of a rapidly fluctuating nature. 
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Undoubtedly this is due in part, at least, to the fact which is 
brought out in this paper, that the customary method of figuring 
commutation does not embrace all the factors involved. 

Street-ear motors are subjected to this type of load, particu¬ 
larly in notching up the controller. Observations of such motors 
have shown that with peak currents of, say, twice the one-hour 
rating obtained in notching, the sparking may be in the neighbor¬ 
hood of twice as severe as when the same load is applied midef 
steady conditions. It is therefore evident that stand tests in 
which steady loads are applied cannot be relied upon entirely as 
a criterion of the commutation results to be expected in service. 

As pointed out in the present paper, this is one of the conditions 
which the usual theories of commutation do not take into ac¬ 
count. In the design of motors for this type of service, particu¬ 
larly in these days of rapid acceleration of street cars, careful 
consideration must be given to this angle of commutation. 

Thomas Liiwille: Messrs. Hellmund and Ludwig have pre¬ 
sented their ideas without having carried them beyond pure 
theory. Therefore, in a practical sense the paper does not help 
solve the designers’ difficulties with commutation. What must 
be hoped for is a commutation analysis reaching definite con¬ 
clusions based on consideration of all the factors involved making 
it impossible to derive conflicting results by rational argument. 
Such results are possible now because the problem is so large and 
complex that restricted standpoints often form the basis for 
analyses, only a part of the factors being considered. The result 
is that many different opinions are held making confusion and 
disagreement. 

Rising from these observations to the plane of theoretical 
thought in order to discuss the paper on its own level it seSms 
that commutation has always been considered (in most of our 
minds and broadly speaking) as a switching phenomenon. The 
object has been to accomplish the switching; i. e., to make and 
break the contact between the brush and each segment, with no 
current flowing. It makes little difference* whether we start, 
knowing that the current will flow and appear as sparks if certain 
conditions exist, or with the premise that the current is already 
flowing. The objective in each case, is to prevent sparking and 
the analysis is likely to be the same. The possible difference is 
thart we cannot definitely treat a sparking case mathematically 
as such. « 

In the commutation of a machine, the brush in making and 
breaking the contact with each segment increases and decreases 
the contact area at a definite rate. If in decreasing the area, for 
instance, the circuit conditions tend to diminish the current at a 
slower rate, the current density in the contact increases. This is 
equivalent to saying that the job of “forcing” the current change 
is thrown on the brush. Carbon brushes have a fairly definite 
limit to their ability in this connection. As the area diminishes 
the circuit resistance increases diminishing the current faster. 
If too mu$h is demanded of the brush (if this variable component 
of the circuit resistance must increase too rapidly to reduce the 
current in the definitely prescribed time keeping the density 
within the limits of stability) then the brush arcs. 

In my own work I have endeavored for some time to calculate, 
entirely by circuit analysis, the variable current density in the 
contact between the brush and any segment of both simple and 
complex machines. The development of a general method 
giving definite and practical conclusions now seems possible. 

It is based, of course, upon the assumption of stable brush 
characteristics. Hence, sparking is not considered. Interesting 
results are promised since, for poorly commutating machines, the 
solution shows high current density occurring in some cases on 
the leading edge of the brush, more often on the trailing edge, 
and sometimes on both. " These high current densities indicate 
that sparking is likely,—that it actually will occur if the density 
is sufficiently high. When it is determined at what density (for 
average conditions) the contact drop characteristic of a brush be¬ 
comes unstable, or glowing and arcing begin, I expect we shall 
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be able to say, by the calculation, when a machine will spark and 
when it will not. Furthermore since the circuit conditions depend 
upon the design dimensions it looks possible to answer by calcu¬ 
lation many of the questions now perplexing the designers. 

In one sense it does not seem that commutation should be 
called a “switching phenomenon” or by any name suggestive of 
a restricted point of view. Rather, it seems preferable to con¬ 
sider it always broadly as a circuit problem in which boundary 
conditions must be met in a fixed interval of time. Truly in the 
contents of the paper Messrs. Hellmund and Ludwig have con¬ 
sidered it thus. 

One point should be called to attention. In practical machines 
where several coils are commutating simultaneously the mutual 
inductances between the armature coils and the main pole 
windings, when taken together, have the effect of canceling one 
another with the result that no current is induced in the main 
pole windings. He^ce, the external load circuits have little effect 
upon commutation except in particular cases. The fact that 
they do is a true idea but, possibly, overemphasized. The most 
important disturbers of good commutation are still those fluxes 
locally in and about the commutating slots; fluxes established 
by each armature coil which are not mutual with any other cir¬ 
cuit. As suggested in the paper reducing these to improve the 
contact breaking conditions makes the contact making conditions 
worse but the balance is now, and surely always will be, in favor 
of the former. 

R. M. Bakers The authors have exposed in this paper the 
very interesting observed fact that the commutation of a ma¬ 
chine is indirectly affected by the nature of the connected load. 
As described in the paper, the effect is due to the change in the 
possible damping of the main pole windings. The results of 
some measurements of armature coil inductance taken with and 
without the field coils short-circuited; and also the maximum 
possible inductance of the armature coil with no damping follow: 

Inductance with field coils short-circuited separately 7.28 x 10 ~ 6 
henry s. 

Inductance with field coils open 10.6 x 10 ~ 6 henrys. 

Maximum possible inductance (calculated) 31.0 x 10- 6 henrys. 
The machine on which these measurements were made was a 20- 
hp. d-c. shunt generator with frame made up from heavy lamina¬ 
tions (0.05 inches thick), and the measurements were made at 
700 cycles. 

From the above data, it can be seen that for this particular 
machine, a change from perfect field damping to no field damping 
can increase the inductance of an armature coil by about 30 per 
cent. In a machine having a very perfectly laminated field 
structure, the increase would be greater, whereas if a machine 
has a solid yoke, the increase would surely be less. We should 
expect, therefore, to find the phenomena described by the authors 
principally in those machines having a perfectly laminated mag¬ 
netic circuit. 

R. E. Hellmund: Referring to the discussion by Mr. Weber, 
I cannot agree that the subject matter of our pap^r is antici¬ 
pated by the work which he mentioned and the mathemati¬ 
cal treatment given by him. It is true that the commutating 
phenomenon has been referred to as a switching phenomenon for 
a great many years. It is also true that the effect of mutual 
inductance between various short-circuited coils has been taken 
into account in a great many previous theories, including the one 
referred to by Mr. Weber. However, as far as I am aware, 
all of this previous work deals exclusively with the reversal of the 
current in the armature coil while it passes under the brush. 
All of such work is referred to in our paper as the conventional 
commutation theory. In contrast to these conventional theories 
dealing with phenomena under the brush, our paper is intended 
to deal only with the phenomenon at the two edges of the brush, 
and, more particularly, with the arcing and its effect at the trail¬ 
ing edge under commutating conditions which result in arcing. 
The theories referred to by Mr. Weber relate to our paper only 
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in so far js they have an influence upon conditions which may 
be found to exist at the edges of the brush as a result of what* 
happens during the passage of the coil under the brush. 

Referring now to botlt Mr. Weber’s and Mr. Hambleton’s 
discussion, I*can only again emphasize what is stated at the end 
of the paper; namely, that the material given in the paper is of 
practical importance only in those cases in which ideal conditions 
by means of the proper commutating fields can not be obtained. 
Since this is more frequently the case under the various operating 
conditions of a-c. machines than of d-c. machines, it follows 
directly that the considerations are of greater importance in con¬ 
nection with a-e. problems. 




Some discussion relating to Mr. Hambleton’s first and second 
questions will be given later in connection with some figures. 
With regard to his third question, some cases have been observed 
where the commutation of a d-c. machine under actual operating 
conditions was different from that obtained with the test method 
used at times, in which the armature is short-circuited and the 
field excited through a high resistance just sufficient to give the 
desired current in the armature. In this case the damping cur¬ 
rents in the field are of course lower than under normal operating 
conditions, and this may partly or entirely account for the 
differencejioted in commutation. On the other hand, this case 
is further complicated by the fact that the commutating field is 
somewhat different under the two conditions of operation. The 
considerations given in the paper may also be of importance in 
certain machines having a third-brush or other special d-c. 
arrangements. In these and other eases the considerations in the 
paper may indicate the desirability of using the split throw in the 
armature, closely interlinked damper windings, etc. Aside from 
the fact that in most normal conditions of d-c. commutation the 
commutating fields can be adjusted reasonably well, there are 
other factors favoring the usual d-c. machines. In this connec¬ 
tion the tests described by Mr. Baker in his discussion, which, 
were made after this paper was written, are most interesting and 
somewhat surprising. They show that even in a machine with 
# heavy laminations the damping effects of the stator may be 
appreciable, which in turn indicates that in machines having 
solid frame portions the normal damping effects may have a very 
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favorable and predominating influence. Mr. Hambleton’s fourth 
and fifth questions are answered by the previous remarks, as far 
as d-c. machines are^oncerned. 

Referring now to a-e. machines, various examples can be cited 
in which the considerations of the paper have been of utmost 
practical importance and where a definite influence of the ma¬ 
chine and external circuits have been noted. In Several instances 
the change to a split throw has made sufficient difference to 
change practical failure to successful operation. This was es¬ 
pecially important when for reasons other than the motor design 
proper the motors were built with more flux per pole than is 
desirable from a motor design point of view. Another practical 
example is that of the periodic sparking described in the paper. 
With certain low-frequency exciter machines for induction 
motors, the results when such machines were operated in connec¬ 
tion with the induction motors were entirely different from results 
obtained on the test floor with resistance load. Here again the 
difference was very marked. These examples are also interesting 
because greater difficulties were experienced with 25-cycle motors 
than with 60-cycle motors, whiph is the direct opposite of what 
designers of a-e. commutating machinery are accustomed to. 
The reason for this was that in these cases the leakage reactance 
between the short-circuited armature coil and other circuits is 
made up largely of differential leakage, which in turn is pro¬ 
portional to the total main flu* per pole. The latter was larger 
in the 25-cycle than in the 60-cycle machines and as a result led 
to less favorable commutating conditions in the 25-cycle ma¬ 
chines. 



The influence of external circuits in a-c. machines .is also of 
greater importance not only because due to the highly laminated 
stator structure there are no damping effects in the stator core, 
but also because there frequently is, especially in motors for 
reversing operation and with consequent tilting of the carbons 
in their holders, only one armature coil short-circuited by the 
brush and consequently none of the other armature coils is able 
to supply any damping effect. * 

With reference to the question as to whether the switching 
operation at the edges of the brush in d-c. machines can be 
avoided, a brief discussion of the following figures may be of 
interest and may cover certain points raised in the discussions by 
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Messrs. Weber, Hambleton, and Penney. Ideal conditions are 
obtained if at the moment an armature coil is short-circuited its 
voltage is zero, and consequently zero current in the edge of the 
brush at that instant. Similarly, sparking and switching con¬ 
ditions at the trailing edge are impossible if the current in the 
edge of the brugh is zero when the circuit is opened. This con¬ 
dition is fulfilled in Fig. 4, The armature and commutating 
pole fields have been carefully charted,* and it will be seen that*- 
the resultant field is zero both at the entering and trailing edge. 
The current in the commutating coils is shown below and has a 
characteristic which is sometimes referred to as “sinusoidal 




Fig. 6 


commutation.” The bottom figures shbw the current density 
in tHje brush, and the minimum curve indicates that zero values 
apply at the time the;-coil enters and leaves the commutating 
zone. These results were obtained with a very small gap after 
much careful scheming with the shape of the interpole and with 
an armature without chording and one coil per slot. 

Fig. 5 shows the same machine with the conventional large air- 
gap. The conditions are not nearly so favorable inasmuch as the 
resultant field induces a voltage in the commutating coil at the 
ends of the zone and there are certain current densities at both 
the entering and trailing edges. Fig. 6 shows a machine with 
chording of one slot and results are still less favorable; in fact, 
it was found impossible with ehorded armature to obtain by 
changes in* the interpole the ideal conditions shown in Fig. 4. 
In eases where two or more coils per slot are used, switching con¬ 
ditions are altogether unavoidable because, due to the influence 
of the main poles, the commutating field as shown in Fig. 7 
is usually unsymmetrieal. This means that the field cannot be 
correct for both coils. It is too weak for the commutation of the 
first coil ^and therefore commutation is incomplete at b when the 
first coil leaves the brush. However, on account of the close 
coupling with the other coil in the same slot, the energy can be 
readily transferred into the other coil,, as indicated by the up¬ 
swing of the current in the second coil. The curve for the second 
coil shows that because the commutating field in the range of its 

*We are indebted to C. S. Newell for carrying out this work. 


commutation is too strong, a reverse current is built $p as indi¬ 
cated at d which has to be interrupted when the circuit o$ens. 
These figures, except Fig. 4, indicate clearly that there actually 
is a switc hin g operation at the edges of the brush in most practical 
d-c. cases. This, however, is not of very great pr&ctical conse- * 
quence in most d-c. cases for the various reasons previously 
indicated, although it may at times be largely responsible for the 
sparking which cannot be entirely eliminated. 

L.JEU Ludwig: In one of the discussions a question was raised 
regarding the feasibility of some special commutating arrange¬ 
ments. In answer to this, it may be stated that many such 
arrangements lead to irregular wear of the commutator parts, 
which would result in sparking regardless of any merits from an 
electrical point of view. There are means which would not be 
open to this difficulty and they have been and are being carefully 
considered. If any notable results are obtained, this work will be 
made the subject of later papers. 

The possibility of bad commutation resulting from pulsations 
in the main field flux has been carefully investigated by us 
several times. In d-c. machines this effect is of minor im¬ 
portance due to the large air-gap and the damping effect of 
the stator structure. In a-e. machines it has been found that 




such pulsations may introduce high short-circuit voltages 
into the commutating coil, and consequently this point should 
always receive careful attention. It is the usual practise to 
construct a-c. machines, particularly those having relatively 
weak fields, with skewed slots in the rotor. Under this condition 
careful investigation has failed to reveal any commutating 
difficulties due to pulsations of the main field fluxes. 

The discussion given by Mr. Veinott is a valuable study of the 
special problems involved in a wave winding, and.it again makes 
clear the necessity for a complete analysis of the electrical con¬ 
ditions existing within a commutating coil. 
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Synopsis. — This paper contains an analysis which shows how current in an armature coil may reach, several times each revolution 
the equalizing currents in the armature coils of a d-c. machine act to T>f the armature, a peak value as high as 25 per cent, of the full load 
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or minus 7 per cent of an average main pole gap'), the equalizing in an actual machine. 


Introduction 

HEN the parallel type winding was first used 
on the armatures of large d-c. machines it was 
almost impossible to obtain sufficiently good 
magnetic balance of the main field circuits to permit 
satisfactory operation. This was due to the fact that 
the voltage of any circuit of a parallel or lap-wound 
armature winding is generated entirely by the flux of 
two adjacent main field poles. Unequal air gaps, or 
unequal reluctances in the iron circuits, result in un¬ 
equal flux in the various main poles and consequently 
cause unequal voltages to be generated in the parallel 
circuits of the armature. This results not only in 
heavy circulating current in the armature winding, 
but also in an increased load on the carbon brushes. 

It is obvious, therefore, that some device was needed 
to balance the flux of the main poles automatically and 
overcome the trouble resulting from the unavoidable 
irregularities of manufacture. Thus it was that B. G. 
Lamme in 1896 conceived the idea of connecting to¬ 
gether in the armature winding of a d-c. machine, those 
points which should normally be at the same potential. 
He reasoned that with these polyphase connections, 
currents would circulate between the various parts of 
the armature winding to equalize the flux of the differ¬ 
ent main poles, just as a number of synchronous ma¬ 
chines operating in parallel tend to equalize their 
fluxes by causing exciting currents to flow in the arma¬ 
ture circuits. This was the beginning of the equalizing 
connections or cross connections as they are used today. 

Equalizing connections have proved themselves 
capable of taking care of considerable unbalance in the 
main fields, and have made it possible to build large 
d-c. machines to operate satisfactorily with lap-wound 
armatures of twenty or more circuits. Their perform¬ 
ance has in fact been so satisfactory that very little 
time has been given to a study of the details of this 
performance. Purely theoretical analyses are valuable 
in giving one a clear mental picture of the process by 
which the equalization is accomplished; but they are 
always necessarily based upon simplifying and often 
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inaccurate assumptions and are therefore of little 
quantitative interest. The analysis given in this paper 
is based upon the experimentally determined variation 
of equalizing currents in the armature coils and shows 
how these known currents act to overcome the magnetic 
unbalance causing them. The value of such a treatment 
lies in the fact that it will give the reader some idea of 
the magnitude and nature of equalizing currents arising 
from a certain unbalance in the main field circuits and 
will make the whole subject more tangible by showing 
records of the equalizing currents in the armature 
winding of an actual machine. It will also suggest a 
method for studying the subject in more detail. 

The Machine 

The machine used in this study is a 25-hp., 4-pole, 
220-volt, 1,500-r.p.m., d-c. generator. The armature is 
full pitch lap wound and has 40 slots, one coil per slot, 
ten turns per coil. It is 100 per cent cross connected on 
the front. That is, each commutator bar is in turn con¬ 
nected to another commutator bar just two pole-pitches 
ahead. Since the armature has 40 slots and a full pitch 
winding, it is entirely symmetrical. The average rrfhin 
pole air gap for this machine is only 6*074 inches. 

Analysis of Test Results 

To obtain oscillographic records of equalizing cur¬ 
rents in armature coils it was necessary to insert a small 
resistance in series with the coil or coils to be studied, 
and to record the voltage drop across this resistance. 
The value of resistance chosen was only 25 per cent of 
the resistance of a single armature coil, and since equaliz¬ 
ing currents are limited almost entirely by armature 
coil inductance, the insertion of this small resistance 
caused no distortion. All records were taken with the 
commutator brushes lifted,'so that the only current in 
the armature coils was the equalizing current. 

The first record taken was of the equalizing currents 
in two diametrically opposite armature coils with all 
four field coils normally excited in series. The only 
unbalance in the magnetic circuit was due to the air 
gaps under the two lower poles being slightly less than 
those under the two upper poles. The record of the coil 
currents resulting from this unbalance is shown in 
Fig. 1. It is seen that the equalizing connections paral¬ 
leling these two coils are sufficiently low in resistance 
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that the two coils carry at each instant, exactly the 
same current. Although it is not shown on the oscillo¬ 
gram, the currents in these two coils are in opposite 
directions. Thus it is equivalent to a circulating cur¬ 
rent between the two coils set up by the difference of 
their generated voltages. Their generated voltages 
result not only from the cutting of flux, but also from* 



Fig. 1—Equalizing Current in Two Diametrically Opposite 
Armature Coils. (See Fig. 2) 

their mutual interlinkages with'other coils which are 
carrying current. An inspection of Fig. 2 will show that 
from symmetry, the equalizing current variation in any 
armature coil should repeat, except for a reversal of 
sign, twice each revolution. The fact that this condi¬ 
tion was not obtained in Fig. 1 is explained by a dis¬ 
symmetry of rotor iron. That is, the air-gap under any 
main field pole varies slightly as the armature is rotated. 

Using the experimentally determined curve of 
eq ualizin g current given in Fig. 1, an analysis will be 
made to show how equalizing currents correct the 
unbalance causing them to flow. 

To eliminate the effect of dissymmetry of rotor iron, 
the curve of equalizing current is averaged so as to 
repeat, with signs changed, every two pole-pitches, and 
is plotted as the solid line curve of Fig. 3. It can be 



Fig. 2—Development of Armature Winding Showing Coils 
NOS. 1 AND 2 

For 'Simplicity, only one pair of equalizing connections is shown 


assumed that this is the current variation in the con¬ 
ductors of the top coil side of slot A, for after this 
assumption is made, the relation between the direction 
of the current and the direction of the resulting m.m.f. 
can be determined by the substitution of a known 
magnetic unbalance with a known polarity such as the 
partial excitation of a single field coil. From an inspec¬ 
tion of Fig. 3, it is obvious that the bottom coil side of 


* 

slot A is, at any instant, carrying a current o£ the same 
* magnitude, but opposite in direction to that carried by 
the upper coil side just one pole-pitch earlier. Thus it is 
possible at once to plot the dotted curve of «Fig. 3 show- r 
ing the variation of conductor current in the lower side 
of slot A. The average conductor current in a slot 
multiplied by the number of conductors gives the total 
slot current as shown in Fig. 4. 

Since the value of current in a slot is dependent only 
upon the position of the slot relative to the main field 
poles, the curve of slot current'will just as well represent 



Fig. 3—Conductor Current in Upper and Lower Coil 
Side of Slot A Plotted Against the Position of Slot A 
Relative to the Main Field Poles 



Fig. 4 —Slot Current and Corrective M.M.F. 


a current sheet around the armature, fixed in space and 
therefore setting up a constant magnetic field relative 
to the main field poles. The m.m.f. resulting from this 
current sheet is represented by the heavy line curve of 
Fig. 4, which is simply the integral of the slot current 
curve. The scale of the m.m.f. curve was determined 
from the current scale and the number of slots per unit 
length of armature periphery, and is plotted in per cent 
of the normal excitation of a single main field pole. 

Referring to Fig. 5, it can be seen that the correction 
is proper. The corrective m.m.f. is in such a direction 
as to aid the flux of poles Nos. 3 and 4 and to oppose 
the flux of poles Nos. 1 and 2. An oscillogram of 
generated coil voltage showed that the equalization was 
practically perfect. 

In a way the four-pole machine is unique. For in¬ 
stance, it has already been observed that the curve of 
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equalizing current in an armature coil must repeat with 
the Signs changed every two pole-pitches or twice each’ 
revolution. From the .foregoing analysis it follows that 
the curve qf corrective m.m.f. must also repeat twice 
each revolution. That is, the correction of two oppo¬ 
site poles must be equal and opposite. This is not at 
all surprising, for the unbalance must occur between 
opposite poles before it is effective in setting up equaliz¬ 
ing currents. The unbalance of adjacent poles may 
be very great, and yet if opposite poles are equal in 
strength, the flux in all four poles will be equal. 

The oscillogr am of Fig. 6 was taken with only pole 
No. 2 of the machine excited, and shows records of 
generated coil voltage and coil current of one armature 
coil. It is interesting to notice the completeness of the 
equalization. Although only one field coil was excited, 
the flux in all poles is of the same amount and in the 
proper direction. The excitation of the pole was about 
30 per cent normal. An analysis of the coil current 



Fig. 5—Schematic Diagram op Magnetic Circuit Showing 
Normal Flux Distribution 

curve showed that the equalization was accomplished 
by a corrective m.m.f. of 15 per cent sending flux from 
pole No. 4 into the armature, and a corrective m.m.f. of 
15 per cent opposing the original 30 per cent excitation 
of pole No. 2. The correction under poles Nos. 1 and 3 
was practically nil. 

A similar record taken on the machine with poles 
Nos. 1 and 2 excited to 30 per cent normal value is 
shown in Fig. 7. In this case the equalization required 
a corrective m.m.f. under each of the poles. Under 
pole No. 1 it was 15 per cent from pole to armature; 
under pole No. 2 it was 15 per cent from armature to 
pole; under pole No. 3 it was 15 per cent from armature 
to pole; and under pole No. 4 it was 15 per cent from 
pole to armature. With two poles originally excited, 
the final flux density under the poles was just twice 
that obtained from the original excitation of one pole. 

It might be said that the analysis set forth in this 
paper was started almost with the answer. No attempt 
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was made to solve the very difficult problem of theo¬ 
retically determining the equalizing current set up in 
the armature coils by a certain unbalance in the main 
field circuit. The main purpose of the writer was to 
show how the oscillograph might be used in a study of 
the behavior of equalizing connections. 

- The process by which equalizing currents are set up 
in an armature is fairly well known, but the complica¬ 
tions arising from the mutual inductance between arma- 



Fig. 6 —Current and Generated Voltage in Armature Coil, 
with Pole No. 2 Excited 30 Per Cent Normal 


ture coils and the existence of many overlapping cir¬ 
cuits are so great that an accurate analytical solution 
of* the problem seems practically impossible. It is 
firmly believed that a complete analysis similar to the 
one given in this paper, but one made on a machine with 
a large number of poles, would furnish enough empirical 
data that an accurate quantitative analytical solution 
would not be necessary. The number and size of the 



Fig. 7—Current and Generated Voltage in Armature Coil 
with Poles. Noa. 1 and 2 Excited 30 Per Cent Normal 


equalizing connections could be changed and if neces¬ 
sary, the analysis could be extended to two or three 
sizes or types of machines, so that the results could be 
interpolated for intermediate points. If later it does 
appear desirable to make a complete theoretical analysis 
of the problem, the analyzed data obtained on the actual 
machines would be of great value as a check on pro¬ 
posed theories. 
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Discussion • 

R. E. Hellmunds Such a study as that covered by Air. Baker 
relating to equalizing connections on commutating machinery is 
very desirable because, in spite of the fact that equalizing con¬ 
nections have been used for a great many years, the design engi¬ 
neer is still continuously confronted with questions relating to 
their application. While equalizing connections are of course al¬ 
ways used with parallel-wound armatures, it is frequently difficult* 
to decide to what extent they should be used and wfhich of the 
various possible arrangements at the front or rear end of the 
armature leads to the most economical and reliable design* 

Equalizing connections fulfil two functions: that of equalizing 
the fields of the various poles, as covered in Mr. Baker’s paper, 
aqd, in addition, a function which is not as generally recognized. 
This second function relates to the transfer of current from one 
brush arm to another of the same polarity whenever the brush, 
on account of mechanical inaccuracies of the commutator, tem¬ 
porarily jumps and fails to make contact with the commutator. 
This is exceedingly important in practise because, as is probably 
recognized by all designers of large and high-speed commutating 
machinery, by far the largest part of their commutating diffi¬ 
culties are due to mechanical inaccuracies or so-called “high bars” 
of the commutator. It can readily be seen that when a brush 
leaves a commutator bar which is directly connected by an 
equalizing connection to another bar of the same polarity, the 
current can temporarily transfer through this equalizing con¬ 
nection to such other bar, and unless such transfer is opposed by 
high self-induction of the equalizing connection, no sparking will 
result at the brush leaving the commutator. If, on the other 
hand, there is no equalizing connection to such bar, the tranter 
of current has to take place through a part of the armature 
winding. This may apply either if the cross-connections are at 
the rear of the armature or at the commutator end but limited 
to a small number of bars. Any transfer of current taking 
place would then be opposed by the self-inductive effect of part 
of the armature winding, and the self-inductive voltage thus ob¬ 
tained is likely to maintain a spark between the commutator and 
the jumping brush. It is for this reason that best results are 
usually obtained with 100 per cent CKOss-connections at the 
commutator, or, still better, with the so-called “involute wind- 
ing.* ^ • 

Unfortunately the merits of the more expensive and often 
difficult arrangements for cross-connections cannot be readily 
determined from ordinary comparative tests because both func¬ 
tions previously mentioned are affected by inaccuracies of manu¬ 
facture which are difficult to duplicate. The function relating 
to the equalizing of the field is affected by inaccuracies in various 
portions of the air-gap which cannot be measured easily. The 
function relating to the transfer of brush current is affected by 
inaccuracies of the commutator as small as one ten-thousandth of 
an inch, which are also difficult to determine, and which moreover 
are subject* 1 to change during the tests due to different expansion 
and contraction with changes* in temperature. It is for this 
reason that the only hope of clarifying the subject rests in syste¬ 
matic studies in which a number of variables is eliminated, such 
as carried on by Mr. Baker. 

Thomas T. H amble ton: The introduction to the paper 
recognizes the fact that armature equalizer connections are a 
matter'd! ancient history and that their action is thoroughly 
understood by all designers. 

It seems appropriate from the historical standpoint to mention 
a coincidence which is not infrequently encountered in the de¬ 
velopment of an art or science. It occasionally happens that two 
or more individuals independently and concurrently arrive at the 
same solution of a problem* 


Such a coincidence appears to have occurred in ^.connection 
• with armature equalization. The old records of the General 
Electric Company contain drawings made in 1895 showing 
involute formed equalizers mounted fit the end of commutators 
and connected directly to the segments, thus providing complete 
equalization at the most advantageous point as regards another 
function of the equalizers which Mr. Baker has not mentioned. 

Besides providing paths for the circulation of magnetizing 
currents which equalize field fluxes, equalizer connections also 
carry between parallel brush groups interchange currents caused 
by irregularities in the mechanical condition or the contact 
surface condition of the commutator. 

An equalizer located at the commutator end of the machine 
has minimum impedance for these currents; when the equalizer 
is located at the back end of the armature these currents must 
at least twice traverse the armature slots in addition to the 
equalizer, thereby encountering the high impedance of the iron- 
embedded conductors. 

It is evident that a type of equalization considered perfect 
today was used on some very early machines. 

R. E. Hellmund: I agree with Mr. Hambleton in his state¬ 
ment that 100 per cent cross-connections at the front end are 
desirable as far as obtaining the best result from the equalizing 
connections is concerned. The only reason for not applying 
cross-connections in this manner is that with smaller mac hin es 
and less severe conditions they may not be justified economically. 
Again, in other cases, especially under the crowded conditions 
found in railway motors for instance, difficulties from an insula¬ 
tion and structural point of view are often encountered and the 
use of the very desirable involute winding is at times practically 
impossible. 

Thomas Linville: Equalizing connections and the currents 
which flow in them have been taken for granted, their function 
being clearly understood by all designing engineers. However, 
their magnitude and the extent to which they increase the losses 
and thereby diminish the capacity of a machine have not been 
widely known. These data are presented in the paper. It seems 
that the value of the connections has been so well demonstrated 
that they must be considered a fundamental part of a machine. 
Since we cannot divorce ourselves from them, as we know in 
general through years of experience what good and harmful 
effects they produce, more detailed studies might seem of little 
importance. Contrary to this I believe it essential that as much 
as possible be learned, particularly since we occasionally want 
to build a machine with purposely unbalanced magnetic fields 
and want to know how effectively the equalizing currents will 
function. Again because of the existence of these currents in 
commutating coils, and because the brushes always form parallel 
equalizing paths, it is important to know exactly how they affect 
commutation. Also a great deal of information concerning the 
action of equalizing currents in some types of a-c. machines is 
needed. Finally for the currents to be effective in the desired 
way they must be largely reactive currents. Hence, we want to 
know how low the resistance of the connections must Ue and how 
complete the equalization wall be with a given resistance. The 
fact that the currents are determined practically by reactance 
alone is what makes their calculation difficult. Much experience, 
test data, and well-established convictions answer these wants 
but the need for still more definite data is great. Therefore, I 
think Mr. Baker’s work is worth while. 

It is encouraging to see such excellent results obtained with the 
oscillograph because its use is essential in making experimental 
studies and in proving theories. In some cases, with big ma¬ 
chines, real difficulties are met due to stray fields, etc., causing 
distorted oscillograms when extreme care is not used. 
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Synopsis.—Pulsations in the air-gap induction due to the slotted to vary from practically zero to as much as eight times the pole-face 
stator construction produce pole-face loss. When a damper winding , loss, or to as much as half of the total no-load core loss. A method 
is present the pulsations link the damper bars producing circulating of calculating the no-load damper loss.is developed based on theoreti- 
currents causing an additional loss, which is designated by the term cal considerations. As far as the writer is aware no theoretical work 
“no-load damper winding loss.” The magnitude of this loss is found has been previously published on this subject. 


Development of the Formula 
N synchronous machines, the non-uniform nature of 
the air-gap due to the presence of alternate teeth 
and slots on the stator results in a non-uniform 
distribution of flux density at the surface of the rotor, 
the maxima of density being opposite the teeth and the 
minima opposite the slots. Flux maps of the air-gap 
field for a slotted stator have been published by several 
writers. 1,2 The relation between the actual and average 
densities from point to point over a tooth pitch along 
the air-gap, derived from flux maps, is shown by Wiese- 
man. 1 The induction at the rotor side of the gap may 
be resolved into an average induction and a super¬ 
imposed pulsation or ripple. The latter is the object 
of interest from the standpoint of damper loss. In pro¬ 
ducing the ripple, the teeth may be regarded as north 
poles, the flux returning to consequent or imaginary 
south poles occupying positions in the slots as indicated 
in Fig. 1. 

In most machines, the damper slots are but partially 
closed, so that the reluctance of the opening above the 
slot is large compared with the reluctance of the path 
through the iron around the slot. The pulsation flux 
from a north to a south pole will, therefore, link the 
damper slots which interrupt the otherwise smooth 
surface of the pole-face. Any two bars form a closed 
circuit linking the enclosed pulsation flux. The position 
of maximum interlinkage occurs when the central point 
between the bars is opposite the center of either a stator 
tooth or slot. The frequency of the flux pulsation with 
respect to a point on the rotor surface is equal to the 
number of stator slots per pair of poles multiplied by 
fundamental or line frequency. Therefore, the rate of 
change of interlinkage of pulsation flux with a pair of 
damper bars is quite large, inducing a considerable volt¬ 
age around the closed circuit formed by the two bars. 
Assuming that the circuit is open, it is possible to calcu¬ 
late the voltage induced around the circuit, the total 
inductive reactance, resistance, and impedance of the 
circuit, and from these calculate the current which flows 

*Design Engineer, Westinghouse Elec. & Mfg. Co., East Pitts¬ 
burgh, Pa. 
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when the circuit is closed. However, since the effect of 
the resistance upon the impedance is quite small, it is 
preferable to assume that the reactance and impedance 
are equal and calculate the current directly on the basis 
that the magnitude of the current is determined by zero 
interlinkage of flux with the circuit. In other words, 
the flux produced by fhe flow of current is equal to and 
completely cancels the flux enclosed by the circuit be¬ 
fore it is closed. This damping action leads to the 
suggestion that the circuit formed by each pair of 
adjacent damper bars be defined as a “damping circuit.” 
On this basis each damper bar becomes a part of two 
damping circuits, the return paths of these circuits being 
the two bars adjacent to the one considered, as indi¬ 
cated in Fig. 1. The total current in the bar is, there¬ 
fore, the resultant of the currents flowing in the two 
damping circuits of which the bar is a part. The cur¬ 



rent in the damping circuit is obtained by use of the 
relation: 

damping circuit m.m.f. 

_ total enclosed pulsation flux 

~ 3.19 X total permeance of damping circuit 

or ‘ 

I e = $/V2 3.19 X (1) 

The total enclosed pulsation flux must be construed 
to include the mutual flux set up in the damping circuit 
considered by currents in all other damping circuits, as 
well as the flux set up in it by the non-uniform air-gap 
permeance. That is: 

•3? = (2) 

The total permeance of the damping circuit may be 
separated into the air-gap permeance and the permeance 
of the slots forming the circuit: 

X = X fl + 2 X* (3) 
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maps for various values of b r /K g g shows that X, is inde¬ 
pendent of hr/K 0 g while Fig. 4 shows that \ does 
depend upon r r /K g g and in fact may be taken as ap¬ 
proximately equal to T r /K„g. 

• X„ = t ?/K g g . 

By calculating \ g in this manner, the non-uniformity , 
of the air-gap permeance due to the stator teeth and 
slots is neglected. More complete analysis would show 
that for a given combination of slot and gap dimensions 
and bar pitch, \ is equal to r r /K g g plus a superimposed 
periodic function of time. Referring to Fig. 1, \ for 
bars 1 and 2 is larger than for bars 2 and 3, so that the 
current h 2 is less than J 2 8 . But since we are interested 



Fig. 5—Damper Tooth-Tip Permeance \t 


chiefly in the resultant current in bar ?, which is the 
same as if the average value of X„ had been used for both 
circuits, the final result is unaffected. In Fig. 1 by 
omitting bars 1 and 3 the condition of r r /r s = 1.0 is 
obtained. In this case, since a damper pitch extends 
over a complete stator slot pitch, the periodic com¬ 
ponent of X„ is zero and, of course, does not affect 
results. For intermediate ratios of t t /t„ the resultant 
bar current is altered somewhat by the periodic com¬ 
ponent of \ g , but for the sake of simplicity this will not 
be considered. 

4. Calculation of increase'of resistance, K f . Various 
investigators 4 have calculated the ratio of the a-c. to 


d-c. loss in a solid conductor placed in an open rectangu¬ 
lar slot, based on the assumption that the flux produced 
by current in the conductor crosses the slot in straighl 
parallel lines. Since partially closed rather than open 
damper slots are almost universally used in modern 
synchronous machinery the effect on Kf of partially 
closing the slot is to increase the ratio of a-c. to d-c 
loss, A/. In the absence of a rigorous treatment of this 
subject, K f may be calculated by the open-slot formula 
remembering that it is optimistic. 

Comparison of Calculations with Tests 

Rigorous experimental verification of the various 
factors appearing in equation (10) is not available. A 
rough check is obtained by comparing the total calcu 
lated no-load loss consisting of core, tooth, pole-fac< 
and damper losses with the tested core loss on a numbe: 
of machines. This is shown in Table I. 

The tooth, core, and pole-face losses were calculatec 
by the usual design methods. Although the pole-fao 
loss itself is actually reduced somewhat in most case; 
by the presence of the damper winding, correction wa 
not made for this reduction, which partially compen 
sates the optimistic method of calculating K f . Equa 
tion (10) was used to calculate the damper loss. Error 
in methods of calculating the tooth, core, and pole-fae 
losses, and variations in manufacturing processes and ii 
the materials themselves tend to prevent consistency o 
the results of such a check. In choosing the example 
for Table I, machines having relatively large pole-fac 
loss were preferred in order to minimize as much a 
possible the effect of errors in the calculation of th 
core and tooth losses. These machines were all designe 
and built before the factors controlling damper loss wer 
known. As a result, some very unfavorable combins 
tions were accidentally used. Example No. 12 is out 
standing in this respect, the damper loss being ove 
eight times the pole-face loss. The designer of thi 
machine estimated the total core loss to be abou 
thirty kilowatts, and the test results could not b 
explained. These remarks also apply to example 
Nos. 6, 7, and 10. In each case the high damper los 
was due to a combination of unfavorable conditions: 
r r /r s = about 0.5, bar resistance is high and the tot: 
number of bars is large. In examples Nos. lT 3, 8, ! 


TABLE I 


^ r 

Poles 

Kva. 

Calculated core 
and tooth loss 

Calculated pole 
face loss 

Calculated 
damper loss 

Total 

calculated loss 

Test loss 

1 

. s 

. 3 000 . .. 

.17.1 . 

_5.1 . 

. 0.38. 

.22.6 . 

.18 


. 8 ........ 

.2,920. 

.17.3 . 

_5.3 . 

. 4.5 . 

.27.1 . 

.31 

3. 

.14. 

.5,270. 

.28.3 . 

_10.0 . 

.0.40. 

.38.7 . 

.40 

4. 

.16. 

. 692. 

. 3.32. 

_ 1.86. 

.3.04. 

. 8.22. 

. 7.5 

5 . 

.24. 

.3,750. 

.30.5 . 

_15.8 . 

.13.5 . 

.59.8 . 

.57.5 

6. 

.26. 

_1,500. 

. 7.8 . 

_ 5.4 . 

. 12.7 . 

. 25.9 ..... 

. 26.0 

7 . 

. 26.. * _ 

. 1,500 . 

. 6.39 . 

_ 1.9 . 

. 3.74 . 

. 12.03. 

.15 

8.... 

.40. 

.1,125. 

. 8.8 ....... 

_5.5 . 

. 2.4 . 

..16.7 . 

.17.7 

9. 

.48 . 

. 1,750 . 

. 10.5 . 

_ 3.5 . 

. 0.33 . 

. 14.3 . 

. 13.6 

10 . 

. 56 ... . 

. 1,250 . 

. 14.6 . 

_ 9.8 . 

. 17.2 . 

. 41.6 . 

. 36.7 

11 . 

. 58 . 

. 2,000 . 

. 11.9 . 

_ 9.4 . 

. 0.49 . 

. 21.8 _ 

. 23,6 

12. 

.88. 

.5,000. 

.24.1 . 

_ 3.3 . 

.27.6 . 

.55.0 . 

.54.0 
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and 11, • favorable combinations were accidentally 
chosen when these machines were designed, and the r 
test core losses were considered unaccountably low. 
Table I emphasizes the extremely variable nature of the 
no-load damper loss, and indicates the value of some 
method by which the magnitude of this loss may be 
estimated. 

Conclusions 


/ = stator tooth frequency = number of slots per pair 

of poles ^ machine frequency 
g = air-gap length (in.) 

I c = current in damping circuit (amperes) 

I r = resultant current in damper bar # 

K g = air-gap coefficient 
~K f = ratio of a-c. to d-c. loss in damper bar 
K P = double amplitude of air-gap induction pulsation 
in terms of maximum induction, at rotor 


Several ways by which the damper loss may be 
minimized are suggested by equation (10). In general, K 
any change made in a design with the object of reducing 
pole-face loss also decreases the magnitude of the dam- i 
per loss, unless the ratio r r /r s is thereby made less n 
favorable. However, such changes usually affect the p 
fundamental proportions of the machine; air-gap length, T< 
number of slots, etc., which are frequently determined T( 
not by losses but by other characteristics. It is, there- p 
fore, preferable to look for better methods of controlling j )s 
this loss. Equation (10) shows that the loss is pro- ^ 
portional to the number of bars on the machine and to j )l 
the bar resistance, suggesting that it is desirable to keep 
these quantities small. 

Perhaps the most powerful method of reducing the 
loss is by adjustment of the ratio t t /t s . When r r /r s 
= 1.0 the terms 1—cos 4> and 1—cos 2q> in equation 
(10) are equal to zero, causing the damper loss to vanish. 

The loss is quite small down to r r /n = 0.85. How¬ 
ever, when t t Jt s = about 0.5 the loss is usually exces¬ 
sive, and this condition should be avoided if possible. 

In cases where a low value of telephone interference 
factor is imperative, the use of nearly equal rotor and 
stator slot pitches should be applied with caution since 
some unpublished work of Mr. S. L. Henderson* indi¬ 
cates that this condition frequently results in a higher 
telephone interference factor than where r r /r s is about 
0.65. With this exception, this method of reducing 
damper loss may be applied without impairing other 


surface 

w = magnitude of field form harmonic in terms of K p 
(Fig. 3) 

= length of damper bar (in.) 

= total number of damper bars on machine 
= no-load damper loss (kw.) 

= rotor slot pitch (in.) 

, = stator slot pitch (in.) 

= d-c. resistance of damper bar (ohms) 

= stator slot width (in.) 

= width of rotor slot opening above bar (in.) 

, = width of damper bar (in.) 
a = permeance of rotor slot above bar 
\ b = permeance of that portion of the rotor slot which 
is occupied by the bar 

Ay = air-gap portion of damping circuit permeance 
At = rotor tooth-tip permeance (Fig. 5) 

= maximum amount of pulsation flux due to air- 
gap permeance variation, which is linked by a 
damping circuit 

= mutual pulsation flux linked by a damping circuit 
due to currents in other circuits 
<fi = phase angle between currents in adjacent damp¬ 
ing circuits = t t /t s X 360 deg. # 

p = resistivity of bar material (mjcrohms per cu. in.) 

Subscripts 1 and 2 refer to fundamental and second 
harmonic respectively. 

Bibliography 


characteristics. 

Increasing the rotor slot pitch increases and assists 
in reducing loss, being a secondary effect accompanying 
reduction in the number of bars. Increasing the term 
\ s by deeply embedding the damper bars in the pole- 
face also assists in reducing loss. 

In conclusion the author wishes to express his indebt¬ 
edness for helpful criticism and suggestions to Messrs. 
J. F. Calvert, L. A. Kilgore and S. Beckwith,* with 
whom he conferred from time to time during his investi¬ 
gation of this problem, and to Messrs. M. W. Smith and 
C. M. Laffoon* for criticism of the manuscript. 

Nomenclature 

a = area of damper bar (sq. in.) 

B = average air-gap induction (kilolines per sq. in.) 

# h b = depth of damper bar (in.) 
h r = depth of rotor slot tip above bar 

*A11 of the Power Engg. Dept., Westinghouse Elec. & Mfg. Co. 
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Discussion 

C. C. Shutt: Mr. Pollard’s paper gives the designer nf syn¬ 
chronous machines another useful tool for the predetermination 
of their performance. The test results of example 12, Table I, 
demonstrated clearly the necessity for the investigation which he 
undertook. The particular machine of example 12 in Table I hap¬ 
pened to be a motor. The damper bar material had a resistance 
15 times that of copper and the slot ratio was conclusive to high 

damper winding losses. , 

In synchronous motor design the use of relatively high resis¬ 
tance damper bars is becoming increasingly common as a means 
of reducing the starting kva. and improving the starting power 
factor. From equation (10) of the paper, it is apparent that the 
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loss increases directly with the effective resistance of the damper 
bars. This makes it particularly necessary to check the design of 
synchronous motors from the standpoint of yatio of rotor to stator 
slot pitches. 

On a new line of synchronous machines, which was recently de¬ 
veloped, this feature was checked before making the drawings. 
The number of stator and rotor slots per pole was determined by 
other considerations. The pitch of the slots in the pole punching*, 
was set so as to avoid improper ratios from the standpoint of no- 
load damper loss. This necessitated unequal pitches of the pole 
face slots in several of the poles. The tests of no-load loss on this 
line of machine compare favorably with the calculated values. 

R» E. Hellmimd: The practical importance of damper wind¬ 
ing losses has, of course, been appreciated by designers for some 
time. I recall cases where what seemed to be a rather insignificant 
increase in the ratio of the secondary bars of a squirrel-cage motor 
to the number of primary slots increased the no-load losses of the 
motor from 50 to 100 per cent. Furthermore, it is easily seen that 
if the top of the teeth of the rotor are smaller than the slot open¬ 
ings of the stator, it will result either in large flux fluctuations in 
the rotor teeth and consequent core losses, or else in large losses 
from the corrective current in the squirrel-cage bars. As a matter 
of fact, in the example of the induction motor previously referred 
to, the losses caused by the flux changes in the teeth, if allowed to 
exist by removing the winding, were of about the same order as 
the losses caused by the corrective current with the winding in 
place. Although there was previously a qualitative appreciation 
of the factors touched upon in Mr. Pollard’s paper, his quanti¬ 
tative analysis of the problem is of great value. 

As in most other cases of design, there are in this case several 
reasons why the use of the proportions giving ideal results in one 
respect, such as the minimum damper winding losses covered in 
the paper, cannot be applied. This in turn makes it desirable to 
determine just how great a departure from the ideal is advisable 
in order to favor other factors of importance.~A large number of 
secondary bars^ for instance, is usually desirable on account of 
the favorable effect upon the power factor and other performance 
features of induction motors. Again, it is pointed out in the paper 
that while a slot ratio of 1:1 gives minimum damper winding 
losses, it is likely to lead to telephone interference. This is due to 
the fact that higher harmonic currents different from those calcu¬ 
lated in Mr*. Pollard s paper are set up in the primary and 
secondary of synchronous and induction motors for the following 
reason: 


With a definite voltage impressed upon these motors, the vari¬ 
ous currents have to adjust themselves so as to set up fields in¬ 
ducing a counter e.m.f. equal and opposite to the impressed 
e.m.f. Inasmuch as the field forms of the machines are usually not 
sufficiently ideal to accomplish this with sinusoidal magnetizing 
current, a flow' of certain higher harmonic currents is necessary. 
These higher harmonic currents are usually of large amplitude 
with a slot ratio of 1:1 or equal slot pitch, and therefore are likely 
to cause telephone interference. The losses caused by these har¬ 
monics and not covered in the paper are usually of no practical 
importance. (In the usual open-circuit, no-load test of syn¬ 
chronous machines, such losses are of course not present at all.) 
This problem can be attacked along the lines suggested in a paper 
which I-presented before the A.I.E.E.* and an article published 
n the Electrical World of 1906 on the subject “Magnetizing Cur¬ 
rents in Polyphase Induction Motors.” 

The method given by , Mr. Pollard should prove an excellent 
guide in choosing a secondary slot pitch appreciably different 
from the primary without reaching the point where the secondary 
damper winding losses assume undesirable proportions. 

Ernst Webers The formula (1) of the paper for the total 
damper wind ing loss contains two factors kwi and kw 2 which are 


*No-LoadConditions of Single-Phase Induction Motors and Phase Con¬ 
verters, A.I.E.E. Trans., 1918, Vol. 37, p. 539. 


very important since they represent the relative m^nitudes of 
• the fundamental and second harmonic of the pulsation wa\*e and 
are involved in equation (10) as the square. It is important, 
therefore, to know their values with gome accuracy. The author 
determined kw x and Jew* from flux maps taking ink) account the 
effect of the relative widths of slot and tooth upon the field form. 
Obviously this method can be very inaccurate. 

In 1928, I published a paper on the air-gap coefficient in ma¬ 
chines* in which I gave a mathematical expression for the pulsa¬ 
tion curve as 



( 1 ) 


This expression represents for the integers n, discrete wave forms 
of just the type desired to take care of the ratio of slot width 6, 
to slot pitch The mean value follows by integration as 


,Z>X ri 1.3.5 . (2n — 1) 

{ p)m ' Bp • “ '2.4.6.2n 


and by Fourier’s analysis the amplitudes of the first and second 
harmonics may be determined. Their ratios to (B p ) m in (2) give 
the amplitude factors 


Eiwi 


_£_ 2.4.6. . , . (2 n) 2 n 

7T ' 1.3.5. . . . (2 n- 1)(2 n + 1)’ Kwi ~ 2n + 2 ' 


(3) 

Contrasted with those values obtained by Mr. Pollard it is to be 
seen that formula (3) gives lower values for Icwi and higher ones 


for kw 2 than Fig. 3 of the paper; but the variation with —— j g 

L 

of the same character. This may be taken as a satisfactory check 
and yet may provide a means for further correction and ap¬ 
proximation, since it is quite easy to compute even the higher 
harmonics. 


The effect of increase of resistance of the damper loss due to 
alternating current has been treated with close approximation by 
R. Rogowski, Archiv.f . Elektrotech. 1913, Vol. 2, p. 81. A formula 
for the ratio of a-c. loss to d-c. loss is given there so that the 
statement regarding the absence of a rigorous treatment of this 
subject does not seem correct. 


As to the effect of the damper slots on telephone interference 
may I summarize some experiences I had in 1926 when I was 
associated with the Siemens-Schuckert-Werke in Vienna. In an 
unpublished paper I proved that minimum loss and minimum 
interference harmonies are two nearly opposing tendencies. For 
slot harmonics to be a minimum the voltage wave of the genera¬ 


tor, I could set up the condition 0.62 < —— < 0.70 and experi- 

t r 

ments as well as careful investigation of many oscillograms 
showed satisfactory agreement. The damper losses, however, are 
not at the minimum within this range of the above ratio.’Al¬ 


though it does not make any difference whether we write — — ■ 

t r 

or the inverse value it seems to me that generally the 

sta,tor slot pitch is made smaller than the damper slot pitch and 
I should like to know if Mr. Pollard purposely used t r < t 8 . 

E. L Pol lard; Mr. Weber questions the accuracy of the 
*E. Weber, E.T.Z., 1928, Vol. 49, p. 858. 
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curves fov^Kwi and Kw 2 in Fig. 3. As stated, these curves were 
calcinated from flux maps which Mr. Weber states “can be very-, 
inaccurate.” Concerning the accuracy of flux maps, I refer 
Mr. Weber to reference f of the bibliography. Although I am 
not familiar with the derivation of Mr. Weber’s equations, his 
relatively simple solution of a complex mathematical problem 
indicates that various simplifying assumptions must have been 
made. For instance, he neglects the effect of the ratio of slot 
width to gap length, as I did in Fig. 3. The assumption of a con¬ 
siderably different ratio of bs/g would in part account for the 
discrepancy, although the effect is secondary importance, except 
in extreme cases. 

The article by Von W. Rogowski referred to by Mr. Weber 
considers the calculation of eddy current factors for various 


arrangements of coils and bars in open slots, as has been done by 
various other investigations, notably A. B. Field, B. Hague and 
Gilman. But does Rogowski’ take into account the effect upon 
field distribution and eddy factor of partially closing the slot 
above the bar? He does not consider the ease of the round bar. 

In general the rotor slot pitch is smaller than the stator slot 
pitch, except possibly in the case of small low-voltage machines. 

^ This is because a large number of bars is desirable from the stand¬ 
point of reduced rotor reactance and better power factor for 
induction motor performance of synchronous motors as pointed 
out by Mr. Hellmund. Also, if a smaller number of larger bars 
v-ere used, they would occupy a greater depth in the pole head 
and pole tips, requiring a deeper pole head and resulting in in¬ 
creased pole tip leakage. 



Sine-Wave Generators . ' 

Cylindrical Rotpr Winding Connections and Analysis 

of Rotor M.M.F. Waves 

• BY LLOYD P. SHILDNECK* 

Associate, A.I.E.E. 


Synopsis. This paper -describes and compares various types of 
double layer rotor winding connections for non-salient pole machines, 
with a particular application to sine-wave generators. Design coeffi¬ 
cients are obtained by a mathematical analysis of the derived equa¬ 


tions" for the rotor m.m.f. Five specific types of connections, the 
V, Y, X, U, and W types, are discussed, as well as the general case. 
The new types advocated are seen to be superior to the old, giving a 
greater output for a given maximum temperature. 


General 

ERTAIN applications, as iron testing, meter test¬ 
ing, 1 cable testing, etc., require a sine wave of 
generator voltage under all load conditions. The 
voltage wave form of an ordinary salient-pole generator 
is usually very good at no load, but becomes distorted 
under load. To overcome this inherent defect, the 
round-rotor type of sine-wave generator was developed. 
The stator of this type is very similar to that of a 
salient-pole generator. For the field, however, a round 
punched rotor is used with a double layer winding dis¬ 
tributed in evenly spaced slots and connected to give 
nearly a sine wave of m.m.f. v 


permeance variable disappears, and the field m.m.f. and 
field flux density wave shapes are identical. Conse¬ 
quently, to determine the field flux density wave shape, 
it is but necessary to derive analytically the shape of 
the field m.m.f. wave. (The assumptions are: infinite 
permeability of the iron and infinite number of rotor 
teeth.) This method allows a direct determination for 
the maximum or minimum value of any coefficient, by 
equating the derivative to zero. The analytical method 
is general and applicable to all round rotor machines, but 
the analyses made in this paper are directly applicable 
only to round rotor machines with double-layer rotor 
coil windings. This includes the synchronous-induction 




Because of the equal permeances in both axes of this 
type, a sinusoidal air gap flux density wave is set up by 
any combination of sinusoidal rotor and stator m.m.f. 
waves. Thus a sine-wave generator has fundamentally 
three requirements: a round rotor, a sine wave of stator 

m. m.f., arffi a sine wave of rotor m.m.f. Of these, only 
the third requirement is discussed here, since the con¬ 
struction of the rotor is similar to that of a wound rotor 
induction motor, and the methods of producing a sinu¬ 
soidal stator m.m.f. are well understood. 2 ’ 3 ’ 4 

The y^ry useful, but rather tedious, graphical method 
is used to plot the flux density fields of salient-pole 
machines. 6 In round rotor machines, however, the 

*A-C. Engineering Dept., General Electric Co., Schenectady, 

n. y. 

1. For references see Bibliography. 

Presented at the Winter Convention of the A.I.E.ENew York , 
N. Y.,January 25-29,1932 . 


motor and the sine-wave generator, but not the turbine 
generator. 

Description of Types of Rotor Winding 
Connections 

A study of the two types of connections used hereto¬ 
fore (V and Y) revealed certain inherent undesirable fea¬ 
tures. Three new types ( X, U and W) were developed 
as a direct result of eliminating these deficiencies. 

V Type. This old type is obtained by winding the 
rotor with an ordinary three-phase double-layer wind¬ 
ing, and connecting phases A and B in series with the 
exciter, as shown in Fig. 1a. Thus only two-thirds of 
the coils are used to produce the field m.m.f. The re¬ 
maining coils are short-circuited individually to assist 
in damping out the backward rotating component of 
single-phase armature reaction. So 

s = 0.333 
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is the defining equation for this type, where s = the 
ratiO of short-circuited to total coils. This type is in- 1 
ferior because an insufficient ratio of coils is used in the 
d-c. circuit*, 

Y Type. In the other old type, the three phases are 
connected to the exciter as shown in Fig. 1 b. This 
type has good damping features (since polyphase cur- 



0.667 0.70 0.75 0.80 0.85 0.90 0.95 1.00 

PITCH OF ROTOR COIL 

Fig. 2—Field Excitation Loss ( I / 2 Rf ) and Heating (7/ 2 ) 
for Unit Fundamental 

Five specific types (V, Y, X, U , W) 

rents can flow to damp out the backward rotating flux), 
but it has serious heating limitations. The third leg C, 
carrying full field current, has a heating four times as 
great as that of either leg A or B. The heating in this 
“bottle-neck” leg then definitely limits the output of the 
rotor. The Y type has another undesirable feature in 
that opposing currents in the top and bottom of the 


power loss. From the beginning of each pole group in 
phase A (1-pitch) X (coils per pole) are taken and alike 
number from theend of each pole group in phase B, so 
that the two groups of short-circuited coils are adjacent. 
Thus 

s = 2 (1 - p) 

"is the defining equation for the X type, where p = rotor 
coil pitch. 

U Type. This new type is a modification of the X 
type, obtained from it by joining the circuits in series, 
instead of in parallel, as shown in Fig. Id. In practise 
this makes a very simple winding. All the coils in each 
pole pitch are plaeed in series; then those end coils which 
would oppose each other, are short-circuited individ¬ 
ually. The defining equation for the U type is also 
s = 2 (1 — p) 

W Type. This new type is the same as the U type, 
except just half as many coils are short-circuited. (See 
Fig. 1 e.) The defining equation for this type is then 
s = II - p) 

The W type is a limiting ease; any larger value of s 
would cause “opposing” coils, as in the Y type. 

General Case. In the five specific types previously 
described, s is either a function of p or else is constant, 
enabling all the coefficients to be plotted in terms of the 
one variable p. In a study of the general case, however, 
both p and s are allowed to vary independently. Fig. 2 
shows very strikingly the definite superiority of the V 
type (in which a series connection is used) over the Y 
type (in which one leg is placed in series with two paral¬ 
leled legs). This superiority of the series type has also 
been proved by tests made by Messrs. Ganapati and 
Parikh. 6 Since a part series, part parallel type is in¬ 



same slot are used to obtain the flat top of the m.m.f. 
wave. (See Fig. 1 b.) This, of course, increases the 
I 2 R loss. 

X Type. This new type is a modification of the Y 
type with the following changes as shown in Fig. lc. 

Phase C is split into two parallel circuits, thereby elimi¬ 
nating the bottle-neck feature of the Y type; also the coils 
that carry opposing currents in the Y type are removed 
from the d-c. circuit, thereby eliminating the unnecessary 


herently inferior to a series type, only the latter will be 
discussed in the general case. The general type of wind¬ 
ing connections then results from placing all the coils 
under each pole in series, short-circuiting individually 
any fractional part s of them, and using any coil pitch p. 
It necessarily includes the V, U", and W types, but not 
the F type. 

It is always possible to obtain values 
s' = n (1 — p) 
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where n is any integer or zero. Under certain condi¬ 
tions of pitch, n may be fractional: n = 1 gives the W 
type; n — 2 gives the U or X type; airpossible values of 
n are included in the general type. 

Discussion 

The mathematical expressions for the m.m.f. waves 
of the various types of winding connections are analyzed 
by the method of Fourier series to obtain A„, the value 
of the nth harmonic. The substitution n = 1 gives the 
fundamental (A,) or useful part of the wave, which is 
proportional to the output of the rotor. The recipro¬ 
cal of Ai gives the field current (If) necessary to produce 
unit fundamental. From this value (I/), the heating 
(If) and the excitation power loss (If Rf are easily 
obtained. These values are listed in Table I. 

Damping. The dampingprovided by the series types 
of winding connections (V, U, and W) is not very effec¬ 
tive, because currents cannot flow r in such windings so as 
to set up a revolving magnetic field of constant ampli¬ 
tude. . The Y type and the X type are better fitted for 
damping out any backward rotating flux. However, in 
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Ai «n 
1 0.8106 
3 -0-0901 
5 0.0324 

7 -0.0166 
9 0.0100 

11 -0.0067 
13 0.0048 

p=ROTOR COIL 
PITCH 

S=RATIO OF 
SHORT-CIR¬ 
CUITED TO 
TOTAL COILS 


0.95 1.00 (p) 

0.05 0 (s) 


•Fig. 4—Maximum Height of Nth Harmonic (A n ) 
(General type) 


the case of sine-wave generators, it is deemed better 
practise to install an auxiliary damping winding than to 
make the field winding perform double duty. 

Wave Form, The harmonics* present in the m.m.f. 
waves of the various types are shown in Fig. 3. The 
following tabulation shows the extremely small ratios of 
harmonic* to fundamental appearing in the line-to-line 
terminal voltage of typical machines with various types 
of rotor winding connections. 



Y type 
Stator pitch = 
»#tator slots = 
Rotor pitch = 

X or U type 

0.833 Stator pitch =0.800 
72 Stator slots = 60 

0.800 Rotor pitch =0.928 

W type 

Stator pitch =0.81 
Stator slots = 84 
Rotor pitch = 0.889 

A 3 Mi 

..._ 0 

. 0 

0 

A 5 Ml 

. 0 

.. 0 

n 00097 

A 7 /A\ 

.0.00047 


.-0.00016 

A* Ml 

. 0 

. 0 

o 

Ah/Ai. 

.0.00081 

.0.00026. 

. -0.00009 

An/Ai 

.......0.00030 

. a ..0.00004. 

. -0.00014 

An/Ai. 

. 0 

. w .. 0 . 

. 0 


*The third and multiples of the third are omitted in the figures 
for the X, U, and W types, since the Y connection of the stator 
eliminates them from, the line-to-line terminal voltage. 


Transactions^. I. E. E. 
# 

The curves in Fig. 4 are rather unique in that they 
give A n , the value of the nth harmonic, for the general 
type winding connections, for any value of (n) from 1 to 
13, any value of (p) from 0.65 to 1.00, and any value of 
(s) from 0 to 0.35, without interpolation. This is ob¬ 
tained by using a double abscissa, as shown. 



Fig. 5—Height of Fundamental (Ai) 
for Unit Coil Current 
Five specific types (V, Y, X, U, W) 

Fundamental. Fig. 5 shows the height of funda¬ 
mental, or useful part of the m.m.f. wave, given by the 
various types of connections, for the same maximum 
current flowing in any part of the winding. A compari¬ 
son at the pitches necessarily used to give good wave 
forms shows a very decided advantage in favor of the 
new types of connections (X, U, W ). 

Ai for Y type at 0.82 pitch = 0.584 

A i “ V type “ 0.82 “ = 0.674 

Ai “ X and U type “ 0.93 “ = 0.786 

Ai “ W type “ 0.90 “ = 0.790 

Thus the new types have a greater output for the same 
maximum temperature. 

K m and Air-Gap Ampere-Turns. The derivation of 
K m illustrates how easy it is to obtain design coefficients 
analytically after the expressions for the m.m.f. wave are 



set up. K„ is simply the ratio of the maximum to the 
average height of the m.m.f. wave. This coefficient is 
very useful in determining the maximum air-gap flux 
density, which is proportional to the air-gap ampere- 
turns. The values of K m for the general type are given 
in Fig. 6. 

























June 1932 


SHILDNECK: SINE-WAVE GENERATORS 


487 


Excitation Power Loss (If Rf). Fig. 2 shows the power 
required for unit fundamental with the various spe- * 
cific types of connections. A comparison at the pitches 
to give good.wave form shows that the new types require 
slightly less power. 

If R f for Y and V types at 0.82 pitch = 1.47 

If R f “ X and U types “ 0.93 “ = 1.89 

If R f “ W type “ 0.90 “ = 1-44 

The minimum excitation for any type occurs where 
the first derivative equals zero. 

Minimum If Rf for Y and V types = 1.356 at p = 1.000 
Minimum If Rf “ X and U types = 1.385 “ p = 0.902 

Minimum If R f “ W type = 1.445 “ p = 0.887 

Fig. 7 shows the excitation power for the general type. 
For any value of pitch, the excitation loss decreases as s 
is increased, reaching a minimum at s = 0.26. There- 



PITCH OF ROTOR COIL. ' 

Fig. 7—Field Heating (If) and Excitation Loss (IfRf) 
for Unit Fundamental 

(General type) 

fore, for any given pitch p, 26 per cent of the coils should 
be short-circuited to give minimum excitation power 
loss. 

Field Heating. The square of the maximum current 
in any slot gives a rough indication of the field heating. 
The new types of connections are decidedly superior to 
the old in the matter of field coil heating for the same 
fundamental. (See Fig. 2.) 


Conclusions 

1. Three new types of. connections, X, U, and W, 
have been developed and shown to be superior to the 
old types, V and Y. By their use 15 per cent or more 
increase in output can be secured from the rotor with¬ 
out increasing the maximum temperature rise, or im¬ 
pairing the voltage wave shape. The Y type is de¬ 
cidedly inferior to the other types, because of its high 
maximum temperature rise. 

2. The analysis made in this paper is quite general 
and is directly applicable to all round-rotor synchronous 
machines with double-layer rotor coil windings. Sine- 
wave generators and synchronous-induction motors are 
good examples of this type. 


A n (For Unit If) 


If (For Unit Ai) 


(V).(8 fn 2 ir 2 ) (cos mr / 6) ifsin mr p /2) .1 -425 / (sin w p /2) 

(Y).(8/n 2 tt 2 ) (cos 2 n r/6) (sin n r p/2) .. . . 1.648/(sin t p/2) 


(X).(8/n 2 ir 2 ) ( -cos m r p) (sin mr p/2) 

(U).(8 /n 2 ir 2 )( —cos n tt p)(sin dir p/2) 

(W).(8/n 2 tt 2 ) (sin mr/2) (sin 2 n t p /2).. 

(G).(8/n 2 7T 2 ) (cos mr s/2) (sin n ir p/2) 


.2.470/( —cos tc p) (sin r p/2) 
. 1.235 / ( —cos 7r p) (sin r p /2) 
. 1.235/(sin 2 r p/2) 

. 1.235/(cos t r s/2)(sin x p/2) 


If 2 Rf (For Unit Ai) 

(V) and (Y).1.356/(sin 2 rr p/2) 

(X) and (U).1-525 (2 p - 1)/ (cos- t p) <sm ir p/2) 

(W)...1.525 (p)/(sin 4 x p/2) 

(Q)..1.525 (1 - S) / (cos 2 tt s/2) (sin 2 7r p /2) 


(V) . . . . 1 . 21 /(sin tt p/2).12/18 9 X P) 

(Y).... (3 p +1) /(9 sin ir p/2). P + , ? cm 

(X).... (W2) (2 p -1) /( -cos T p) (sin r p/2).. 2(2 p -1) / I 5(1 - 

(U)... .&r/2)(2 p -l)/( cos t p) (sin ir p/2). .2(2 p —1) /[I 5(1- 

(W) .... Or /2) (p) /(sto 2 T p/ii).. • • • • -2(p)/» 2C ^_ J(2t 

(G-l). .(ir/2)(l — s)/(cos T s/2)(sin w p/2)-2(1 -sJ/K 1 5 5 

(G-2). . G/ 2 )(p)/( costs/ 2) (sin ir p /2).2(p)/[(l -s )_Gj; 


(M.M.F. wave ( For unit I/) 

r, X2 1 

. [ x ] ; [x/2 + (p/2 - 1/6)] ; [2/3] 

o Xl X2 


(Y).[xl ;[3x/4 


+ (p/4 - 1/6)] 2 ;[x/2 +1/61 ;{p/2 + 1/61 


.[xl 1 'Ax/2 + (3 p/2 -1)1 ~;[2p -13 

0 Xl ^2 

Xi ^2 1 

,[x] ; [x/2 + (3 p/2 -1)1 ; [2 p - 1) 

0 XI *2 


.[xl - ; [x/2 + (2 p - 1)/21 


If for Y type at 0.82 pitch — 2.932 

If “ V type “ 0.82 “ = 2.200 

If “ X and U types “ 0.93 “ = 1.620 

If “ W type “ 0.90 “ = 1.601 

To obtain low coil temperature, it is seen from Fig. 7, 
general type, to be necessary to use a very low value of 
(s). The high values of pitch (and consequently, low 
values of s) permissible with the new types of winding 
account for the cool winding. Since field temperature 
, usually limits the output of a machine, this low field 
heating constitutes the major superiority of the new 
types over the old. 


.[i] 1 ; [x/2 + (p - s)/2] ; [X - s) 

0 Xl 22 

Xi #2 1 

.[xl ; [x/2 + (p - s)/21 ; [pl 

o Xl X2 


(V) .p -1/3.... 5/3-P.-. 

(Y) ...p -2/3....4/3-P.P . p- 2/3...5/0 

(XL. (3P-2) P.-. 3p : 2...2p; 

m .(3 p —2).p..-. *?J-- 2p d 

(W) .2p-l.1.".i’-, 

(G-D....P-S.2-p-s. P s . 

(G~2)....p~s. P+ s .•: ..P " 1-— 

(G-l)—General type, region I, where 1 > P > 

(Q-2 )—General type, region II, where (1 -s)> P> s. 


p-1/3...2/3.- 

p — 2 / 3 . . . 5/6 -p/ 2 . . 1/6 +p /2 

3 p - 2 . . .2 p -1 .- 

3 p -2 . . .2 p -1.“ 

2 p —1. P .“ 

p —s .1 —s.” 
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• « 

3. All practical methods of making rGtor coil connec¬ 
tions have been considered, and the final results of the 
study listed in Table I. This comprehensive list of 
analytical expressions for design coefficients has been 
partially expanded into curve form for greater ease in 
making comparisons. By virtue of the information 
given in this table, it is now possible to choose the proper,, 
values of p and s to fit any particular case. 


Symbols 

Ax = maximum height of fundamental of rotor 
m.m.f. wave. 

A n - maximum height of nth harmonic of rotor 
m.m.f. wave. 

If = field current (= coil current in series type). 

K a = ratio of fundamental armature flux to 
fundamental field flux for same peak values 
of m.m.f. « 

K m = ratio of maximum to average air gap flux 
density. * 

p = rotor coil pitch. 

Rf = resistance of the field winding. 

s = ratio of short-circuited rotor coils to total 
coils. c 

%i, % 2 , %3 = ^-coordinates of the first, second, and third 
points of discontinuity of the slope of the 
m.m.f. wave. 

Vi) Vh Vz = ^-coordinates of the above three points. 


Unit Quantities 


Unit ampere-turns 
Unit field current c 
Unit number of coils 
Unit resistance 


= 1 ampere-tarn 
= 1/ (turns per pole) amperes. 
=coils per pole. 

=resistance of all coils in 
series. 


Unit distance along X-axis = (pole pitch) /2. 
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Discussion 

Ernst Weber: Although the author emphasizes in the first 
sentence of his paper the need for a sinusoidal wave form of the 
generated voltage under all load conditions, he does not mention 
the influence of saturation on the voltage curve in the new types 
of sine-wave generators. Is the table, giving the ratios of the 
various harmonic amplitudes to the amplitude of the funda¬ 
mental, computed with or without regard to saturation? It is 
known that under the influence of saturation, it is possible to 
secure sine voltage at only a definite value of the exciting cur¬ 
rent, and, that distortion takes place even at no load, if the 
excitation current is varied. The attempt has been made to 
formulate the saturation curve analytically and to compute in a 
general way the field curves of synchronous machines by means 
of using a so-called “standard” magnetization curve.* It may 
well be possible to apply a similar procedure to sine-wave genera¬ 
tors and to gain more information as to the required m.m.f. 
curves in order to secure sine voltage over at least a certain range 
of excitation current. 

L. P. Shildneck: As stated in the paper, all saturation effects 
were neglected. It may well be possible analytically to include the 
effect of saturation on the flux density wave form, as suggested 
by Mr. Weber. However, sine-wave generators are usually re¬ 
quired to operate over a wide range of conditions, and saturation 
effects must be reduced to a minimum. This is done by making 
the air-gap length relatively large, and the flux density in the 
teeth relatively low. Thus for sine-wave generators of current 
design it was considered unnecessary to include the effect of 
saturation. 


*“The Magnetic Field Forms of Synchronous Machines Under No-Load 
Condition,” E. Weber, Archiv.f. Elektrotech ., 1927, Vol. 19, p. 193. 



- Engineering Features of Three-Power 

Locomotives 

BY' F. H. BREHOB 1 and F. H. CRATON 1 
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Synopsis .— Three-power locomotives capable of operating from 
an external distribution system or on internal power are in use 
by the New York Central and the Delaware , Lackawanna-, and 
Western Railroads. In one case the supply voltage is 600 volts 
direct current and in the other 3,000 volts direct current. 

The authors discuss the characteristics of this new type of loco¬ 


motive and its equipment, as well as the methods of calculating 
-,the capacity and characteristics required for the service. The 
coordination of the diesel engine, generator, battery, and motor 
equipment has been carefully worked out to insure successful 

operation of the complete unit. 

* * * * * 


General 

HE three-power electric locomotive operates from 
any of the following energy sources: 

1. External power; that is, trolley or third rail. 

2. Internal power from a storage battery. 

3. Internal power from a storage battery and engine- 
driven generator connected in parallel. 

Ability to operate from these power supplies gives 
the three-power locomotive an outstanding degree of 
flexibility. 

Regardless of the system voltage upon which the 
three-power locomotive is designed to work, the general 
scheme of operation is the same. When using external 


The New York Central Railroad tried out the first 
three-power locomotive in 1928, and in 1930 put 35 
units into transfer and switching service on the West 
Side in connection with the complete elimination of 
steam service from Manhattan Island. The Delaware, 
Lackawanna & Western Railroad put two three-power 
locomotives into similar service in 1930 to help elimi¬ 
nate steam from the Bergen Tunnels with the advent of 
electrified suburban service from Hoboken. 

Fig. 1 shows outline dimensions of the New York 
Central locomotive and Fig. 2 the location of appara¬ 
tus in the cab. The Delaware, Lackawanna & Western 
locomotive is of similar mechanical and electrical 




Between knuckles 

Fig. 1—Outline of New York Central Locomotive 


power, the unit performs exactly as a straight electric 
locomotive, although the engine-generator set may be 
run to cnarge the battery. On non-electrified tracks 
power may be taken from the battery alone. However, 
if the engine is running, traction and auxiliary power 
are taken entirely from the engine-generator set up to its 
capacity above which the battery automatically 
assumes the excess load. On light loads, the engine- 
generator may run the locomotive and charge the 
battery at the same time. 

1. Transportation Engg. Dept., General Electric Co., Erie, Pa. 

Presented at the Winter Convention of the A.I.E.E., New York , 
N.Y., January 25-39,1932. 


design. Table I gives the pertinent data oa the two 
locomotives and shows wherein they differ, due largely 
to the difference in voltages. 

General Requirements for Internal Power Plant 

The average power required for switching service is 
small while the peak demands are relatively* large. 
The theory upon which the internal power operation of 
the three-power locomotive is based is that the battery 
will provide the excess power required for the peak 
demands, allowing the engine size to be cut to a mini¬ 
mum. Extensive tests on internal power were run in 
1928 on the first New York Central three-power loco¬ 
motive to determine the actual extent of these power 

489 


32-2 




490 


BREHOB AND CRATON 


Transactions A. I. E. E. 


Table I— Data 


New York Central 


Delaware, 
Lackawanna 
& Western 


Weight of locomotive in 

running order.257,000 lb.248,0001b. ^ 

Rated voltage on external 

power.600 (3rd rail).3,000 (trolley) 

Continuous horsepower on 

external power.1,300.1,450 

Hourly horsepower on ex¬ 
ternal power.1,665.1,600 

Continuous tractive effort.. . .24,6001b.22,2001b. 

Hourly tractive effort.34,100 lb.25,200 lb. 

Speed on external power at 

continuous tractive effort.. 19.8 mi. per hr.... 24.5 mi. per hr. 
Speed on external power at 

hourly tractive effort.f. 18*3 mi. per hr.. . .23.8 mi. per hr. 

Maximum tractive effort 

(25 per cent adhesion).64,250 lb...62,000 lb. 

Traction motors: 

Number.4.4 

Type .Axle hung.Axle hung 

Voltage..... . ..600.1,500/3,000 

Gearing.72/17.72/17 

Ventilation.Forced.Forced 

Oil Engine: , . . 

Type .I-R solid injec-. .I-R solid injec¬ 
tion tion 

.300.300 

.200 kw.200 kw. 


Horsepower. . .. 
Traction generator 
Battery: 

Type. 


.340 


.242 


that 


the correct 
characteristic 


.Exide-Ironclad .. Exide-Ironclad 

TL-27 " MVA-21 

Number of cells.240.360 

Ampere-hr,, capacity at 6 

hr. rate of discharge.650. 

Kw-hr. capacity at 6 hr. 

£ate of discharge.301. 

Average voltage at 6 hr. 

rate of discharge.464.712 

Connection of cells.Series.Series . 

Grounded at.Negative.Negative 

Control: 

T e .Eleetro-pneu- .. Electro-pneu- 

. matie matic 

Non-automatic . .Non-automatic 

Motor combinations on 

external power.3. 2 

Motor combinations on 

interna* power.3.3 — 


value successfully, it is essential 
venerator characteristic be used. This 
should be high enough and of the proper shape to insure 
that the engine carries the entire load up to the engine- 
generator capacity, but not high enough to allow the 
battery to recharge so rapidly that the engine must be 
shut down frequently to prevent overcharging.. With¬ 
out the engine, the battery must supply the entire load, 
which results in the discharge over a twenty-four hour 
period being considerably greater when the engine is 
shut down often than with the engine running most of 
the time. The initial locomotive tests showed that the 
engine should be run at least 70 per cent of the time to 
meet these discharge limitations 

A generator characteristic low enough to insure en¬ 
gine operation 70 per cent of the time is too low to give 
the battery an equalizing charge. Therefore, two gener¬ 
ator characteristics are necessary; first, a normal charac¬ 
teristic for regular operation; and second, a higher or 
equalizing characteristic for use periodically for giving 
the battery a gassing charge. 

The minimum size of the battery is fixed by traction 
motor characteristics and weight of the locomotive on 
one hand and speed requirements on the other. The 
former determine the maximum current which may be 
drawn from the battery as limited by adhesion, and the 
latter the number of cells. With traction motors m 
parallel, the total current values on the New York 
Central locomotive at various adhesions are approxi¬ 
mately as follows: 


Adhesion 


Amperes 


25 per cent.3,700 

20 per cent.3,100 

15 per cent.2,500 


The battery selected for this locomotive must be large 
enough to deliver these currents and to carry success¬ 
fully at least 4,000 amperes for a period long enough to 
blow the 2,500-ampere battery fuses. Because, of the 
decreased available capacity of the battery at high dis¬ 
charge rates, it is not practical to operate this type, of 
locomotive on internal power at high adhesion and high 
speed for any great length of time. However,, the ex¬ 


treme load conditions given above are possible and must 
be successfully met for short periods in practical 
operation. 

In case of necessity it is possible to operate the three- 
power locomotive at high adhesion over considerable 


requirements in heavy switching service. The average 
for the maximum observed day for three-shift service 
was approximately 500 kw-hr. per eight-hour shift, 
or 62 5 kilowatts average load. The average work for 

65 shiffs of 3-shi“ ^olSlowlt^;« rlriS; Stances by running at reduced speeds with the motors 
Frequently peak loads of bOO kilowatts were recoi , series-parallel. In such cases the current to 

or m „« than — *" md to H or H of the value which 

tatW Hfe”nd reasonable maintenance would be required with the motors in parallel for the 
For long battery life 125 cent same total tractive effort. As the engine-generator set 

the battery discharge sh continue to deliver its full power, all of this reduc- 

total capacity at the snt-hour rate toeach m * ^ ^ ^ ^ ^ ^ 

thus greatly increasing its available capacity. In 


of the 


fwentv-four hours the locomotive is operating m 
shift service. To limit the battery discharge to this 
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addition, to this, the increase in available kw-hr. ca- 
pacfty of the battery increases the duration of the* 
movement and to this extent increases the kilowatt 
hours delivered by the engine, thus further increasing 
available mileage. 

For fast and responsive operation of the locomotive 
it is advantageous to have the battery voltage near the 
rated voltage of the traction motors. 


THREE-POWER LOCOMOTIVES 

• m 

Battery short tiifte current rating—2 minutes 3,000 ampere.. 

Engine horsepower—300. 

Assumed time engin« running—85 per cent. . . , 

Maximum amount battery may be discharged in 24-hour peno , 
125 percent of capacity at 6-hour rate which is eqimaen 
to the following: 

812 ampere hours in 24 hours. 

271 ampere hours per 8-hour shift. 

114 kilowatt hours per 8-hour shift, (average discharge 
voltage 420). 



Yiq. 2—Location of Apparatus on New York Central Locomotive 



Fig. 3—Relation of Battery Discharge to Time of Engine 
Operation 

Curves showing time oil engine is operated plotted against battery dis¬ 
charge as per cent of motor kilowatt-hours for initial New York Central 
locomotive in heavy switching ser vice 

Selection of Internal Power Plant for the 
New York Central Locomotive 

As a result of the initial New York Central locomotive 
tests and the weight and speed considerations just out- 
• lined, a design for the New York Central locomotive was 
adopted to which the following data apply: 

(See Table I also.) 


Fig. 3 shows'the effect of the time the engine operates 
upon the battery discharge. These curves are pleated 
from data taken during the tests .on the initial New 
York Central locomotive. For the 300-hp. curve a 
number of points was secured between 45 and 75 per 
cent operation, the curve being extended somewhat 
beyond these values upon reasonable assumptions for 
0 per cent and 100 per cent engine operation. The 
200-hp. engine curve is based largely on assumptions 
since only one point (93 per cent) was available from the 
test data, this test being made by setting the fuel finger 
of the oil engine governor to limit the engine “output to 
200 hp. It is apparent, however, that this curve will 
intersect the ordinate with the engine running 0 per 
cent of the time at the same point as the curve for the 
300-hp. engine, and, hence, should draw nearer to the 
latter curve as the per cent of the time the engine runs 
is decreased. Therefore, it is believed that the curve 
approximately represents the condition that would 
exist for a 200-hp. engine. 

Fig. 3 shows that with a 300-hp. engine running 85 
per cent of the time, the battery discharge will be 
equivalent to approximately 15* per cent of the power 
delivered to the traction motors. Therefore, the maxi¬ 
mum average work which the locomotive can do per 
8-hour shift when operating 3 shifts per day on internal 
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power is: 114/D.15 = 760 kilowatt houfs. Using Fig. 3 
and interpolating for the 250-hp. engine, the following 
maximum kilowatt hours per shift rftay be calculated 
for different engine sizes using the present 301-kw-hr. 
battery: 


Engine hp. 


Maximum kw-lir. 
per shift 


BREHOB AND CRATON Transactions # A. I. E. E. 

Description of Internal Power jPlant # of New 
York Central and Delaware, Lackawanna*& 
Western Locomptives 

The oil engine is the Ingersoll-Rand 300-hp., vertical, 
6-cylinder, 4-stroke cycle, trunk piston, single acting 
type with direct fuel injection. The engine is con¬ 
trolled by a constant speed governor which regulates 
between 550 r.p.m. full load and 575 r.p.m. no load. 
The engine is directly connected through a flexible 


300.760 

250.531 

200.403 


From this it appears that a 250-hp. engine might have 
been used successfully with the 301-kw-hr. battery to 
meet the requirement of 500 kw-hr. per shift. How¬ 
ever, it was thought advisable to allow some margin for 
contingencies, a 25 per cent margin giving a maximum 
of 625 kilowatt hours, and with a 250-hp. engine, this 
would require a battery of -approximately 355-kw-hr. 
capacity. The combination of a 300-hp. engine and a 




tO 

<D 

CL 

£ 

< 


X 

o: 

3S 

*D 

CD 

(D 

Cl 


locomotive: characteristics 


100 5000 


(T) Motors- 4 in series - Ful l Field (F5-1)-600 V. 

(IB) Motors 4 in series - Full Field - Battery U Gen. 

© Motors 2 in series, 2 in por'L- E F- 600 V. 

(2B) Motors 2 in series, 2 in pari- F.F.-Bat. &Gen. 
(S) Motors 4 in parallel-Ful I Field-600V. 

(3B) Motors 4 in parol lei-Ful I Field-Battery &GenJ 


90 

4500 

45 

• 

80 

4000 

40 ' 

70 

• 

3500 

35 

60 

3000 

30 

50 

2500 

25 

40 

2000 

20 

30 

1500 

15 

20 

1000 

10 

10 

5*>0 

5 

0 

0 

0 




Tractive Effort-Lb. 

Fig. 4^Speed-Tractive Effort Characteristics of New 
York Central Locomotive 

301-kw-hr. battery was finally chosen because of the 
greater margin of capacity per shift as well as the 
ability to use an oil engine which had been thoroughly 
proved in railway service. 

Fig. 4 shows locomotive characteristics on both ex¬ 
ternal and internal power. 


Fig. 5—Battert-Generator Characteristics of Delaware, 
Lackawanna & Western Locomotive 

coupling to a 6-pole, self-excited, compound wound, 
200-kw. generator of the single bearing type, with 
multiple self-ventilation. The generator frame is bolted 
to a bracket on the engine and is also supported by 
springs resting on the floor. The commutator end of 
the armature is supported by a roller bearing in the 
generator frame head,*the other end being carried by a 
pilot bearing in the engine shaft. The engine-generator 
unit is supported on a cork cushion and held in place 
by bolts with springs under the nuts to prevent deflec¬ 
tions of the cab underframe from being transmitted to 
the engine base flanges. The longitudinal thrust of the 
engine is taken by steel and wooden wedges and shear 
lugs cast in the cab underframe. 

Selection of Generator Characteristic 

Fig. 5 shows the generator characteristic and the 
battery voltampere charge and discharge characteristics 
of the internal power plant of the Delaware, Lacka¬ 
wanna & Western locomotive. These characteristics are 
representative of three-power locomotive practise and 
will be explained. When the battery is fully charged, 
any rate of charge however small will produce gassing, 
and if the charging rate be high enough, gassing will 
occur with the battery in any state of charge, although 
the rate may be reduced during the latter part of charge 
to a value which, unless abnormally sustained or occur¬ 
ring too frequently, will produce so small an amount of 
gassing as to be practically harmless. This value is 
called the “finishing rate” and is point B in Fig. 5. 
The charging rate at the end of charge should be con- 
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fined between the finishing rate and one-half of the 
finishing rate. Consequently, line A B represents the 
voltampere charge characteristic of the battery at 
finish of charge condition. The ability of the battery 
to absorb high charging rates at the start of charge is 
indicated by point D which is the maximum charging 
rate recommended, and hence line C D is the voltampere 
charge characteristic at start of charge condition. 
Line D B represents the theoretical generator charac¬ 
teristic which would charge the battery in the minimum 
time and A C that which would produce a constant cur¬ 
rent charge at one-half the finishing rate. Therefore, the 
area A B D C includes all values of current and voltage 
that may be used to charge this battery under permis¬ 
sible conditions and the generator characteristic should 
intersect lines A B and C D and lie between lines B D 
and A C. The generator characteristic is also restricted 
by the 200-kw. output curve of the engine-generator 
set. To allow delivery of approximately full engine 
load over the whole range of battery discharge, the 


happen, for example, if the engine speecl increased and 
the equalizing characteristic were being used in daily 
operation. * 

The control is arranged so that whenever the loco¬ 
motive is operating on internal power and the traction 
motors are connected to the battery generator bus, the higher 
characteristic is automatically brought into operation. 
This is permissible because usually the traction motor 
load is sufficient to hold the generator voltage below 
the point where high charging rates will occur unless 
the battery is in a very low state of charge. This 
arrangement permits the use of a more drooping curve 
without dropping the traction power characteristic 
below the point G. The necessity for a drooping curve 
may be better appreciated when it is considered that 
the battery is intended to deliver only 42 per cent of its 
capacity per 8-hour shift, -whereas a generator charac¬ 
teristic lying along the line B D would give the battery a 
complete charge in 4'hours if continuously applied from 
full discharge and neglecting the small auxiliary load. 



F ig . 6 —Power Circuit Connections op Delaware, Lackawanna & Western Locomotive 


generator characteristic should pass near point G and lie 
close to the 200-kw. curve at voltages below G. 

The higher generator curve in Fig. 5 meets these 
requirements and is suitable for giving the battery an 
equalizing charge, but is too high to permit the engine 
to run a sufficient percentage of the time to keep battery 
discharge within the daily limit of 125 per cent of rated 
capacity without overcharging the battery. Therefore, 
the lower curve is used for normal charging and the 
higher characteristic for periodic equalizing charges. 
The charging rate at the end of charge, when using the 
normal characteristic, is less than one-half the finishing 
rate, but with a properly shaped characteristic and the 
engine running almost continuously, the battery will be 
maintained between equalizing charges in a satisfactory 
state somewhat below full charge. Use of the low gen¬ 
erator curve for normal charging has the further ad¬ 
vantage of leaving margin for variation of characteris¬ 
tic between inspections without running the risk of 
overcharging the battery seriously, such as would 


Control of the Internal Power Plant 

Both the New York Central and Delaware, Lacka¬ 
wanna & Western locomotives have a three-speed 
control on internal power. The series or lowest speed 
connection develops maximum tractive effort with 
minimum current from the battery-generator unit, 
allowing most slow switching movements to be made 
almost entirely on the engine-generator set without 
using battery current. 

Fig. 6 shows the power circuit connections of the 
Delaware, Lackawanna & Western locomotive. Con¬ 
tactors Nos. 7, 8, 9 and 10 connect the traction*motors 
to external power, and Nos. 47, 48, 49 and 50 to inter¬ 
nal power. On both the New York Central and Dela¬ 
ware, Lackawanna & Western locomotives, transfer 
from exter nal to internal power is controlled by a 
potential relay and is automatic upon loss of external 
power, although the automatic feature is selective on 
the New York Central locomotive because of interrup¬ 
tion of power on third rail gaps when transfer to internal 
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power is not desired. On both locomotives, transfer 
from internal to external power is accomplished by 
turning the controller handle to the’off position and 
then notching out, necessitated because of going from 
a lower to a higher voltage power source. Indicating 
lights show whether operation is from internal or 
external power and whether collector shoes or panto¬ 
graph are in contact with the third rail or trolley wire. 
The battery may be broken up into four sections to 
limit the maximum voltage to ground when doing any 
work in the battery compartments. The engine is 
started by motoring the generator from the battery 
through contactor No. 20 and the starting resistance; 
maximum field for starting is secured by short-circuit¬ 
ing the generator shunt field resistance with contactor 
No. 101. The reverse current relay controls contactor 
No. 19 and connects the generator to the battery when 
the proper generator voltage has built up; it likewise 
disconnects the generator should che generator voltage 
drop below that of the battery due to loss of engine 
speed, generator field, etc. " To give the battery its 
weekly gassing charge the equalizing charge switch is 
closed, short-circuiting a section of the generator shunt 
field resistance. Contactor No. 100 provides the auto¬ 
matic transfer to the equalizing characteristic when the 
traction motor load comes on. 

Fuel oil is delivered to the engine through an electri¬ 
cally operated valve, which is closed automatically by 
low lubricating oil pressure or overspeed, by means of 
an oil pressure switch or speed limit switch respectively. 

Referring to the traction motor circuits in Fig. 6 
contactors Nos. 4, 5, 6, 34, 35, and 36 are used to 
rearrange the values of resistor steps to secure proper 
operation on internal power, when it is impossible to 
use the 3,000-volt values because of the comparatively 
low battery voltage. The same rheostat values are 
used on both internal and external power on the 
New York Central locomotive because the voltages are 
near enough together. The control of the battery- 
generator combination is almost identical with that 
on the Delaware, Lackawanna & Western locomotive. 

Auxiliaries 

Auxiliaries on the New. York Central locomotive 
operate automatically from the third rail when avail¬ 
able, but on the Delaware, Lackawanna & Western 
locomotive these run at all times on internal power 
as this scheme is simpler and less expensive than 
furnishing auxiliaries for 3,000-volt operation. 

Operating cabs are heated by hot water from the 
oil engine cooling system. Electric immersion heaters 
operating from third rail are used on the New York 
Central locomotive to heat the cooling system water 
for cab heating as well^as prevention of freezing when 
working on external power. The Delaware, Lacka¬ 
wanna & Western locomotive has 3,000-volt heaters 
for trolley operation. 


Service Conditions 

‘ Tests on the first New York Central locomotive were 
confined to internal power operation and the results of 
these tests have been covered under Geneml Require¬ 
ments of Internal Power Plant. 

Tests were made on the Delaware, Lackawanna & 
Western locomotives in a combination of transfer and 
switching service. The transfer work consists of 
hauling heavy trains at relatively high speed on external 
power between Secaucus and Jersey City Yards, a 
distance of 3^i miles. The switching, done entirely 
on internal power, consists of hauling these trains 
into the yards, partially breaking them up, making up 
outgoing trains, charging the train line, and hauling 
them to the electrified tracks. The ratio of the average 
power required in the switching work to that in the 
transfer work proved to be approximately 50 kw. to 
450 kw. or 1 to 9. It is believed that this is the first 
case where actual data have been obtained which 
show the relative amount of work done on the main 
and yard tracks. The switching service called for 
frequent short periods of operation at 200 to 400 
kw. and peaks of 800 kw., while transfer work had 
peaks of 3,000 kw. 

The outstanding feature of the three-power locomo¬ 
tive is its great flexibility. On both the New York 
Central and Delaware, Lackawanna & Western these 
locomotives are used in different classes of service and 
combinations of service. The New York Central 
West Side development between 72nd Street and St. 
Johns Park includes yards at 72nd and 30th Streets with 
many sidings leading into warehouses and industrial 
buildings as well as much trackage on city streets. The 
complete electrification of these facilities with external 
power would be impractical, if not almost impossible; 
yet the service demanded a self-propelled locomo¬ 
tive capable of handling the heaviest type of switching 
and short transfer work, as well as road freight and 
transfer service on third rail. The three-power loco¬ 
motive was developed to meet these requirements. 

This locomotive has a field of its own and is not in¬ 
tended generally to supplant the straight oil or gas elec¬ 
tric unit. The work of the locomotive when operating 
on internal power must be sufficiently intermittent to 
allow the battery to be maintained in a satisfactory 
state of charge. Heavy switching and short heavy trans¬ 
fer work on internal power or a combination of both, 
together with external power operation, offer conditions 
for which this type of locomotive is best suited. The 
internal power feature makes this type approach a 
“universal” locomotive for road freight, transfer, and 
switching service on sections of road which, for economic 
or practical reasons, could not be completely electrified. 
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Discussion 

W. S. H. Hamilton: This discussion is confined to the three- 
power locomotives used by the New York Central around 
New York City. « 

Some question has been raised as to the size of internal power 
plant required on these locomotives and also whether with the 
present poAver plant they are capable of meeting emergency 
conditions. 

The size of the internal power plant was based on the require¬ 
ments in our 60th Street yard Avhere there is heavy switching and 
float work. It was estimated that to do the work quickly, in¬ 
ternal power equivalent to 900 engine hp. should be available. 
This makes the locomotives “snappy” even in heavy work and 
lets them kick and drop cars without difficulty. 

It should be borne in mind that while switching service aver¬ 
ages only about 60 kw-hr. per hour input to the traction motors, 
peak inputs of 600-800 kw. are frequently encountered. They are 
of short duration and do not represent many kAV-hr. in the course 
of a trick. While, the lack of this amount of power Avould only 
make a small difference in time in each movement, where it Avas 
required, at the same time these small differences are cumulative 
and have an effect on the total work done in the trick. Further¬ 
more, in congested yards sloAving down one movement even a 
little usually affects movements of two or three other locomotives. 

There are other locations on the West Side where this amount 
of power is not required and where a lighter locomotive could be 
used but it Avas desired to have all locomotives alike to increase 
the utilization, decrease the number of spares, and relieve the 
yard forces of having to Avorry about which locomotive to get 
ready for each job. 

As to the adequacy of the internal power plant to stand over¬ 
loads or conditions not anticipated, I wish to point out that from 
August 1930 until June 1931, these locomotives handled 2,000- 
ton trains in regular road service on internal power from 72nd 
Street to Spuyten Duyvil a distance of about 8 miles. This 
should be ample demonstration of their ability, as they are not 
intended regularly to handle such service and Avith the installa¬ 
tion of third rail down to 72nd Street, this service has been dis¬ 
continued. 

The alignment of these locomotives is approximately as 


follows: 

30th Street Yard.11 

60th Street Yard.11 

Hudson Side-Electric Division. 8 

Harlem Side-Electric Division. 3 

In Shop. 3 

Total.36 


The locomotives at 30th Street operate entirely on internal 
power, those at 60th Street mostly on internal power and the 
others mostly on third rail. Those assigned to the Hudson and 
Harlem Sides of the Electric Division are used for express trains, 
way freight trains, and as traveling switchers. These latter do 
the industrial switching, picking up and dropping cars at various 
stations on internal poAver and then run to the next station on 
external power. There is a number of industrial plants where it 
would be very difficult to install either third rail or trolley and 


yet a locomotivS SAvitehing them must be capable oi moving 
rapidly betAveen stations in order to keep out of the AA^ay of othei 
traffic. * 

For such service the tliree-poAver type of locomotive is ideally 
suited and is a A 7 ery economical solution of the problem. It should 
be pointed out that at the continuous rating of the traction 
motors, these locomotives develop 1,300 hp. at the Avheel rim on 
external poAver, Avhereas on internal poAA r er they develop only 682 
hp. To duplicate the amount of poAver developed on external 
poAver, a 1,600-hp. engine would be required. 

For the year 1931, the whole fleet of 36 locomotives was in 
service with creAvs on 61 per cent of the time, and available lor 
service 85.5 per cent of the time. This performance with new 
locomotives and new creAA r s, Ave consider very creditable, but 
look forward to bettering it as everyone becomes more used to 
them. 

D. P. Orcutt: Information has been asked regarding the 
expected life of the battery on three-power locomotives and in 
this connection the fact was mentioned that in an investigation 
of a proposal for the use of a large straight storage battery loco¬ 
motive for SAvitehing service, it Avas found that the battery life 
had been stated to be 4 ^ears and that this life had resulted in an 
excessive battery maintenance cost for the work under con¬ 
sideration. 

It should be remembered that Avith a three-power locomotive 
operating on internal power, a very large part of the energy used 
by the motors flows directly from the generator to them and does 
not pass through the battery. 

Data collected from the operation of the first three-poAver 
locomotives on the New York Central, No. 1525, shoAved that in 
switching service about 85 per cent of the energy used by the 
traction motors flowed directly from the generator to the motors 
and 15 per cent from the battery to the motors. It is therefore 
evident that a very much smaller battery can be used with a 
three-power unit 4 thus greatly reducing battery maintenance 
cost from what it would be with a straight battery locomotive in 
switching service. 

Incidentally it may be stated that this same data obtained 
from No. 1525 showed that the losses in the battery amounted 
to only about 5 per cent of the total energy generated Avliile in a 
straight battery unit the battery losses would probably exceed 
30 per cent of the energy required to keep the locomotive in 
service. 

A straight battery locomotive may be the most economical 
unit to use under conditions Avhere the size of the battery neces¬ 
sary to do the total amount of work does not require more battery 
Aveight, than can be placed on a locomotive of the total weight 
required and Avhere time is available for recharging the battery. 
In neither of the installations discussed by Messrs. Brehob and 
Craton would a straight battery locomotive give the required 
service which includes 24-hour operation as Avell as heavy trans¬ 
fer service. • 

The economies resulting from -the use of any form of internally 
powered locomotive for use with an electrification project can 
be determined only by a comparison of the quality of service 
made available and of the cost of the entire service under con¬ 
sideration. A study based only on the cost of locomotive opera¬ 
tion, per hour does not give a true picture of the economies 
effected on the Avhole project. 

As the paper and the discussion are confined to locomotives 
capable of operating on both external and internal poAver, Ave 
have combined data obtained from both the D. L. & W. three- 
power locomotives and Noav York Central three-power loco¬ 
motives and in this way obtain the following as being approxi¬ 
mately representative of this type pf locomotive operating in 
connection with a railroad electrification project: 

In an 8-hour shift the locomotive Avould operate on non-elec- 
trified tracks approximately 6 hours at an average input to the 
motors of 60 kw. per hour which Avould represent a total of 360 
kw-hr. 
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On electrified tracks it would operate approximately two hours 
at an average input, to the motors of 450 kw-hr. per hour which 
would represent a total of 900 kw-hr: « 

The power required for auxiliaries and all electrical losses 
during this S-hour period would represent about 220 kw-hr. 
making the total power required for the locomotive for the 8- 
liour shift approximately 1,480 kw-hr. 

Approximately 15 per cent of the 360 kw-hr. delivered to the 
motors on internal power while the locomotive is on non-electri- 
fied tracks would come from the battery or 54 kw-hr. This 
represents only about 4 per cent of the total power required by 
the locomotive during the 8-hour shift. As compared to this a 
straight battery locomotive would have had to deliver all the 
power required by the locomotive if the locomotive were to do 
the same work that the combination locomotive did during this 
8-hour shift. 

It can easily be seen, therefore, that when only 4 per cent of the 
work which this combination locomotive does in an 8-hour shift 
comes from the battery, that battery costs will be a relatively 
small proportion of the total operating costs of the locomotive as 
compared with a type of locomotive in which all the work is done 
by the battery. * 

Even when called upon to operate entirely on internal power 
the input from the battery to t£e traction motors is only 15 
per cent of the total input to the motors whereas it would have 
to be 100 per cent (plus input to auxiliaries) in a straight battery 
locomotive. 

It has been pointed out that this locomotive has decided 
advantages in connection with an electrification project: 

It can be operated in warehouses and other places where dt 
may be objectionable to run an internal combustion engine or 
install third rail or trolley. 

It is capable of accelerating rapidly. 

It is the most flexible type of locomotive tried out or suggested 
f or this clas s of service. 

It has high fupl economy because the engine operates with a 
favorable load factor. 

It is our belief that the battery costs on this locomotive have 
been and will be entirely justified by the advantages obtained. 

Hermann Lemp: To design an oil-engine"required only to 
operate at nearly constant load and speed is a much simpler 
problem than to design one for adjustable speed and load, as 
anyone conversant with oil-engine design will readily appreciate. 
Similarly a storage battery, floating on a system, receiving and 
delivering energy continuously, on a hand to mouth proposition 
operates under a far better condition than when first fully charged 
then full discharged sometimes way down to the very lowest 
figure permissible. It is therefore quite conceivable, as Mr. 
Oreutt pointed out, that the storage battery manufacturer’s 
guarantee of four years life can be met. This combination, when 
used in switching service, permits the time load factor of 15 per 
cent to be exchanged for 62 per cent and hence requires a smaller 
oil engine to perform the work of *a bigger unit. 

Mr. Brehob laid particular stress on the necessity of providing 
heavier axles and frames owing to the addition of the internal 
combustion engine plant, while he made no mention of the weight 
of the storage battery. If my records are correct the weights of 
the first three-power locomotives were as follows: 

Total "weight—257,000 lb., in which the battery weighs 34,300 
lb. and oil engine generator and accessories weigh 31,500 lb. 

In other words another engine equipment of 300 hp. would not 
cost and weigh any more than the battery, good only for four 
years, while the engine equipment, if properly maintained, would 
be available at least for ten years. To me the question is there¬ 
fore one of original investment. 

Railroads I think are particularly anxious to obtain an equip¬ 
ment which can maintain the rated output substantially con¬ 
tinuously and which is not limited by a “time power decrease,” 
such as a battery under a continuous full discharge rate would 


constitute. A similar operating condition is presented by the 
JEoboken Manufacturers Railroad. Most of the switching ca*i be 
performed by a 300-hp. unit. But sometimes during the day, 
particularly when the tide is low and loaded cars have to be 
pulled up a stiff grade from the float, a second 300-fep. engine in 
reserve is started up and gives the additional power and accelera¬ 
tion needed. The engine units A and B are shifted every day, 
so as to equalize the time service of each. Such a locomotive, 
when climatic or service conditions call for nearly continuous 
full load operation, can give such a service at a lower first cost 
and maintenance than the battery combination. 

Mr. Hamilton has expressed a fear that the oil-engine part of 
the equipment might prove unreliable. He stated that the actual 
experience with the three-power locomotive had demonstrated 
an availability for service of 85.5 per cent. It was brought out in 
a paper read by the writer before the Metropolitan Section of the 
A.S.M.E., April 17,1928, that the average availability of straight 
oil-electric locomotives using the same oil-engine unit as the 
three-power locomotive had been established to be 91.5 per cent. 
This figure was obtained from returns to a questionnaire sent 
to all railroads and industrial plants using these locomotives for 
about three years in various locations and service. 

F. H. Brehob: Due to the fact that the service requirements 
to be met were severe and the type of locomotive to be built was 
of unusual design, a number of difficult problems in mechanical 
design had to be solved. 

The locomotive as developed represents the heaviest four-axle 
swivel truck locomotive in service today, and utilizes the heaviest 
axle loading using single-geared axle-hung motors. 

Naturally, the railroad desires no more weight in a locomotive 
than is absolutely necessary to obtain the required adhesion for 
the maximum load to be handled. Generally, the basic design of 
the ordinary straight electric freight locomotive results in ap¬ 
proximately the desired weight. By basic weight I mean using 
normal stresses and using the kind and grade of material ordi¬ 
narily used for the various parts. For example, on the New York 
Central R-2, six-motor freight locomotive utilizing the same 
traction motor as on the three-power locomotive, approximately 
2}4 per cent of the total weight of 266,000 lb. is ballast. 

The . three-power locomotive as furnished the New York 
Central is not only a straight electric locomotive converting elec¬ 
trical power into mechanical power, but carries in addition a 
power plant with its accessories such as water tank, fuel tank, 
radiators and piping. The weight is thus considerably increased 
due to this apparatus and also to the increased weight of the 
mechanical portion requiring heavier supporting members to 
carry this load and because of the necessity of building a larger 
locomotive to house this apparatus. The railroad specified a 
minimum weight of 125 tons. By utilizing material to best 
advantage, reducing sections of material where feasible, and in 
one or two eases using a higher grade of material, it was possible 
to limit the weight in working order to 257,000 lb. For example, 
the axles were made of vanadium steel, although the selection of 
this material was also influenced by a limitation in thff' diameter 
of the axle to 8 in. so that the GE-286 motor used on other 
locomotives on the New York Central could be utilized without 
change on the three-power locomotive. 

One of the most effective ways of keeping the weight to a 
minimum is to design the locomotive as compactly as possible 
which involves a suitable arrangement of apparatus using every 
bit of space to best advantage. The apparatus must be arranged 
to be readily accessible for inspection and repair and for easy 
removal from the locomotive. 

The arrangement finally adopted was the one as illustrated in 
the paper. It will be noted that the blowers for ventilating the 
traction motors are placed directly over the hollow center plate 
into a small space recessed into the battery compartment al¬ 
though the upper tier of batteries is not affected. The control 
apparatus is mounted along one side of the locomotive opposite 
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the engine, access being obtained from one side by removable 
covens on tlie outside of the cab. In this manner the space be-* 
tween the engine and thg control equipment serves a double 
purpose; on the one hand giving accessibility to the engine for 
maintenance* and on the other hand providing the necessary 
arcing clearances for the contactors. The space between the 
trucks is practically all taken up with the accelerating grids and 
the air compressor. The space not required on the roof for the 
hatch is occupied with engine radiators, and air reservoirs. 
Utilizing all the available space to advantage permits building 
the locomotive as short as possible with a minimum distance be¬ 
tween center plates resulting in a minimum cross section of 
material in the supporting underframe, and consequently a 
minimum w r eight of material. 

Owing to the fact that collection of power on the D. L. & W. 
locomotive is from a 3,000-volt overhead trolley, the arrangement 
of apparatus is somewhat different. It was desirable to enclose 
the 3,000-volt control apparatus somewhat more than the 600- 
volt apparatus on the New York Central three-power locomotive, 
for the sake of safety and cleanliness. This resulted in an arrange¬ 
ment whereby the engine was placed in one side of the cab leav¬ 
ing a greater space for the high-voltage equipment opposite the 
engine. This also permitted the use of enclosing covers on the 
inside as well as on the outside. Instead of locating the rheostats 
beneath the locomotive they were placed inside the locomotive 
immediately above the floor, and chimneys for heat dissipation 
were provided. The space underneath was used for air reservoirs 
instead of the roof, thereby providing space for mounting the 
overhead trolley. The battery trays were arranged in three tiers 
due to the fact that this battery was of a higher voltage and con¬ 
sisted of a larger number of smaller cells. 

Another reason for arranging the apparatus as compactly as 
possible was to obtain a design which would negotiate the mini¬ 
mum radius of curvature of 100 ft. required by the railroad. 
This severe curvature is the principal reason for the swivel truck 
design as it is doubtful whether an articulated type could have 
been built vdiich would prove successful. 

Certain definite height and width limitations had to be met 
by the railroad, and these had to be considered especially on a 
curve when a displacement from normal position is encountered. 
This was not an easy matter to accomplish because a straight 
electric locomotive required to negotiate the same curve would 
be shorter. The design required that the distance between center 
plates be kept to a minimum and of even greater importance that 
the overhang from the center plate to the end of the coupler be 
kept at a minimum. 

The draft rigging is, in effect, radial in that the coupler is free 
to swivel in a coupler extension which also swivels. 

The three-power locomotives for the New York Central and 
D. L. & W. railroads are a modification of the original three- 
power locomotive jointly designed by the American Locomotive 
Company and the General Electric Company, and the operating 
experience-gained by the New York Central on this locomotive 
and straight electric locomotive has been most helpful. It is 
gratifying that the combined efforts of the railroad and builder 
produced a new type of motive power which in a relatively short 
length of time has already proven successful. 

F. H, Cratom: Space limitations in the paper did not allow 
much detail regarding the interesting background behind the 
development of the three-power locomotive. There are 36 of 
these locomotives in service on the New York Central in New 
York, 2 on the Lackawanna and 2 on the Illinois Terminal 
Railroad. As the so-called West Bide Improvement of the New 
York Central was largely responsible for the development of the 
three-power locomotive, it is briefly described in the following. 

This project is the last step in eliminating steam locomotive 
operation from Manhattan Island. The New York Central’s 
freight tracks enter Manhattan at Spuyten Duyvil which is at 
the northwest tip of the island at the junction of the Hudson and 


Harlem rivers, the line running from Spuyten Duyvil south 
along the east shore of the Hudson River for 12.4 miles as far as 
St. Johns Park. The electrification of these tracks constitutes a 
part of the so-called West Side Improvement. From Spuyten 
Duyvil to 72nd Street, which is at the entrance to the 60th Street 
yard, 600-volt third rail has been installed as an extension of the 
present third rail electric zone. The heavy freight service from 
Harmon, the northern terminus of the electric zone, to 72nd 
Street, approximately 30 miles, is handled by Class R-2 straight 
electric 600-volt road locomotives, 42 of which were purchased 
during 1930 and 1931. However, south of 72nd Street, owing to 
unusual conditions involving much trackage following city 
streets, a number of sidings entering industrial buildings and 
warehouses, much yard trackage and special conditions connected 
with float v r ork, it was impractical to electrify with either third 
rail or overhead distribution systems. Therefore, the railroad 
management was faced with the necessity for choosing a suitable 
type of internally powered locomotive for the service south of 
72nd Street as well as a locomotive which would operate also on 
third rail in order to increase its flexibility. After a detailed study 
of the question involving consideration of all the conditions to 
be met, the three-power type of locomotive was finally chosen. 

Discussion of the three-power locomotive usually leads to its 
comparison with a two-power^ design, which is a unit with 
a straight engine-generator power plant and external power 
facilities. The justification for using one type or the other hinges 
entirely on the service requirements to be fulfilled and can be 
determined only after a thorough study of all the conditions 
involved. A power plant of the engine-generator-battery type is 
be#t fitted for operation in service in which the peak demands are 
high and the load factor low. The operating conditions on the 
New York Central West Side as well as the Lackawanna are 
well suited to take advantage of this type of internal power 
plant. The three-power type possesses the advantage of being 
able to operate on battery power into buildings or restricted areas 
where there might be an objection to an internal combustion 
engine because of sparks or odor, but the value of this feature 
would be dictated by the service requirements. 

The question has bees. raised as to whether the internal power 
plant should be regarded as an auxiliary to the external pqwer 
operating facilities or vice versa. This appears to be dependent 
upon the service conditions under which the locomotive operates 
on each particular application. Because of the unusual flexibility 
of this type, it is possible that the predominance of one type of 
operation over the other would shift from one to the other in 
operation on a single diversified application such as the New York 
Central where the locomotives are used with different combina¬ 
tions of external and internal power operating conditions but all 
units are interchangeable in the various classes of work. 

F- H. Brehob and F. 3HL Cratons If the term “power plant” 
as referred to in the discussion has been misunderstood, it should 
be stated that this term includes the battery inasmuch as the 
battery and engine generator in multiple combine to furnish 
power to the traction motors. It was realized that the battery 
presented a design problem on account of its weight, which is 
one reason the battery was divided, one-half of it being placed 
almost directly over each center plate, where its weight would 
require a minimum amount of supporting structure. ^ 

Mr. Hamilton has pointed out that a locomotive without a 
battery would require additional engine-generator capacity to¬ 
gether with additional accessories. This additional weight of 
power plant in the form of engine-generator, radiators, etc., 
would offset the weight of the battery. 

The two-pow r er locomotive undoubtedly has its place in the 
field of transportation. By two-power is meant a locomotive 
which will first operate from external power and secondly from 
an engine-generator set, but without battery for traction pur¬ 
poses. We believe the selection of either type can only be satis¬ 
factorily arrived at when all the service requirements to be 
performed are known and studied. 
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A NEW multiple unit car motor, incorporating many 
novel features of design, was developed for the 
electrification of the suburban service of the 
D. L. & W. R. R. The absence of trouble, in com¬ 
mencing service and in maintaining it, marked the whole 
electrification program. This was the first installation 
of multiple unit suburban service in this country em¬ 
ploying a trolley potential of 3,000 volts direct current. 

Locomotive motors to operate from a 3,000-volt 
trolley were first built for the C. M. & St. P. R. R. in 
1914 and subsequent installations include the Spanish 
Northern Railway in Spain, the Paulista Railway in 
Brazil, the Mexican Railway in Mexico and the Cleve¬ 
land Union Terminals Company. Experience gained 
from several years of operation with the earlier designs 
of 3,000-volt locomotive motors has been invaluable in 
perfecting the design of the "Lackawanna multiple unit 
car motor which rounds out the line available for 3,000- 
volt d-c. electrification. 

There are now in service on the Lackawanna Railroad 
564 of these motors. The breaking in of equipments 
started in August, 1930. Revenue service started 
September 3, 1930, when the first passenger-carrying 
train ran from Hoboken to Montclair. With the final 
extension to Dover on January 25, 1931, the last of 141 
units was placed in service. Traffic has so increased that 
units originally intended as spare cars are all needed 
regularly and there are times during the day when all 
but three units are on the road. * 

By June 1, 1931, 4,500,000 car-miles had been op¬ 
erated with only two train delays, one of 19 minutes and 
one of 4 minutes, chargeable to motor failure. One train 
was held at Hoboken Terminal 19 minutes due to a 
burned out armature bearing and the other was 4 
minutes late arriving at Montclair. 

During the period of initial operation these motors 
have been remarkably free from flashovers, insulation 
failures, and mechanical troubles. 

The minimizing of motor flashing is an achievement 
embracing many features .of motor design. Flashing 
may be caused by interruptions or disturbances in the 
voltage supplied to the motors, and many things within 
the motor itself may contribute to motor flashing, such 
as poor commutator condition, commutator roughness, 
oil and dirt between commutator bars, fiat spots, 
bouncing brushes, and low motor stability. 

The Lackawanna motor has 281 commutator seg¬ 
ments. With 1,500 volts applied to the motor ter¬ 
minals there is an average of 21.3 volts per bar. The 
successful operation of this motor demonstrates the 


feasibility of high volts-per-bar, higher than previously ‘ 
used in any 3,000-volt railway motor, and depends upon 
commutating characteristics that will keep the com¬ 
mutator always in first class condition, and upon the 
ability of the motor to withstand frequent wide and 
sudden variations of trolley voltage on full or weak 
field with a minimum of spit at the brushes. 

Good commutation hinges first upon keeping the 
reactance of the armature conductors at a minimum so 
that the energy involved in the reversal of the current 
in a conductor isjow. Then the compensation, depend¬ 
ing upon the quantity of commutating pole flux, must 
have the required value at all loads. The design of this 
motor employs a one-turn armature winding. Careful 
attention was given to the number of slots and the pro¬ 
portions of the slots, air-gap and pole faces. The arma¬ 
ture bars are clipped at the back permitting a “breaking 
up of the slots” which has long been a feature of good 
railway motor design. Non-magnetic steel binding wire 
is used to reduce slot reactance. At light loads the 
effect of non-magnetic binding wire as compared with 
steel binding wire is particularly noteworthy. With 
non-magnetic binding wire the slot reactance flux and 
slot reactance are not only low in value but are essen¬ 
tially proportional to load current. With steel wire the 
slot reactance flux is proportionately very high at light 
loads until the binding wire saturates and is increased 
by the amount of flux carried by the wire at all loads. 
When the slot reactance voltage is not proportional to 
load it cannot be correctly compensated at all loads. 

It is well known that good commutation can usually 
be obtained at some one motor load according to the ad¬ 
justment of the commutating field strength and it has 
been common practise to adjust compensation for min¬ 
imum sparking at some load around the one-hour rating. 

If the commutating poles were somewhat saturated'at 
this point the motor would be over compensated for all 
lighter loads. The design of this motor includes ample 
commutating pole cross section. Commutation is good 
from the lightest load to four times the continuous 
rating. Light loads are mentioned particularly because 
no sacrifice of commutation at light loads has been made 
to obtain correct compensation at heavy loads. 

This motor has ability to withstand flashover from 
interruption to an unusual degree. This may be attrib¬ 
uted largely to the use of highly responsive commutat¬ 
ing poles. Extra turns are wound on the commutating 
coils and the extra magneto-motive force is consumed 
under steady load condition in non-magnetic shims at 
the back of the commutating pole pieces. Thus the 
commutating pole flux follows very quickly any change 
in the armature current and tends to maintain correct ' 
compensation even under extreme transient conditions. 


*Trans. Engg. Dept., General Electric Co., Erie, Pa. 

Presented at the Winter Convention of the A.I.E.E., New York, 
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A strong exciting field winding adds to the stability of 
the motor. The use of an inductive shunt rather than * 
field tapping to obtain weak field gives any motor a 
, greater ability to withstand flashover from interruption 
* during reduced field operation. In the case of the 
Lackawanna motor the inductance of the field shunt 
has been so proportioned that the ability of the motor 
to withstand flashover from interruption on redu’ced 
field is superior even to its performance on full field. 

Motor flashing that might be caused by dirt is 
avoided by the ventilating scheme developed for this 



Fig. 1 —Ventilating Scheme for D.L.&W.R. R. Motor 
Showing Air Circulation Inside the Frame 


motor. Dirt may lodge between commutator segments 
causing short circuits which, especially with high volts 
per bar, will lead to flashovers. Dirt that causes 
brushes to stick in the holders inevitably leads to flash¬ 
ing. It is also highly desirable that all other parts of 
the motor as well as the commutator and brushholders 
be kept as free from dirt and moisture as possible. 

The most successful 3,000-volt locomotive motors 
have been blown, clean air being taken from the cab; 
and a blast of air has been directed straight against the 
motor commutator serving to prevent any accumula¬ 
tion of dust from the brushes in the mica grooves. The 
increased pressure in a blown motor tends to prevent the 
entrance of brake shoe dust or other dirt, or snow from 
the lower levels of the air surrounding the running gear 
of a locomotive in motion. 

No external blowers are used on the D’. L. & W. mul¬ 
tiple unit cars but with the system of ventilation used 
the motor frame operates at all times either at or slightly 
above atmospheric pressure. The motors are self- 
ventilated as shown in Fig. 1. The cooperation of the 
car builder permitted the ventilating air to be taken 
from settling chambers over the vestibules to which it is 
admitted through louvers at each corner of the car roof. 
A separate duct to each motor goes down through the 
side and along under the floor of the car to a point over 
* the commutator end bearing as shown in Fig. 2. A 
flexible air connection made of cloth sewed over a coiled 
wire leads the air from the duct on the car to the 
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motor inlet in the commutator end framehead. The 
flow of air is maintained, by a fan on the motor shaft. 
The air enters the motor under the commutator and 
passes first through the ducts in the armature. It is 
then returned by the fan through the field # structure of 
the motor and exhausted at the commutator end. The 
^ir outlet opening is covered with an expanded metal 
screen and a hood so that foreign material cannot fall or 
be thrown into the motor. This method maintains pres¬ 
sure inside all the exposed surfaces of a self-ventilated 
motor, which means that track dirt, fine snow, or 
brakeshoe dust cannot enter the motor. It should also 
be noted that before the ventilating air reaches the 
commutator chamber of the motor it is filtered, so to 
speak, through both the armature and field coils. Fur¬ 
thermore, any carbon dust that originates in the com¬ 
mutator chamber is carried directly to the exhaust 
openings and does not enter any other parts of the 
motor. Routine inspections have shown these motors 



Fig. 2—Ventilating Scheme for Motor Car Showing Air 
Intake at the Roof and Path to Motors 


to be unusually clean. Surplus oil from the bearings is 
led through ducts to the outside of the motor and none 
finds its way inside. *** 

Smooth commutators depend not only on good com¬ 
mutating characteristics but also on good mechanical 
design and construction. The use of four brushholders 
and the low current necessary because of the high volt¬ 
age permit the commutator to b$ compact and strong. 
The commutator diameter is 16in. and there is a 
brush surface of 2% in. Six bolts hold the commutator 
cap and shell together. The cars operate at 70 mi. per 
hr. at least once during every round trip. With 35-in. 
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wheels and 59/22 gearing the motor reaches 1,800 r.p.m. 
at 70 mi. per hr. This gives .a peripheral speed at the 
commutator of 7,620 ft. per minute. r 
When the motors were first put into service there was 
some brush breakage at high speeds but in a short time 
the commutators seasoned and brush breakage is now 
practically eliminated. The brushholders play their 
part in maintaining good commutating conditions. 
Pressure fingers are of the steel clock spring type, of 
low inertia,' maintaining their tension permanently, 
and are centrally located by recessed adjusting sleeves 



Fig. 3—GE-700-A 1,500/3, 000-Volt Railway Motor Show¬ 
ing Air Intake and Outlet 

clamped by the first turn of the springs v A non-resilient 
brash is used to maintain contact with the co mm utator 
at high speed. No''abrasive action is necessary to keep 
the commutator smooth. Thus the brush may be 
comparatively soft, of low friction coefficient and high 
contact drop. 

The insulation of the motor throughout is in accor¬ 
dance with recognized standards for 3,000-volt railway 
motors. While the absence of insulation failures in the 
motors thus far covers a comparatively short period, 
experience has shown that the same kind of insulation 
in other 3,000-volt motors lasts indefinitely, failures 
seldom occurring from any other cause than mechanical 
damage. 

The ratings of the motors, when ventilated as in 
service, are as follows: 

Field Shaft Rise 

Volts strength hp. Amps. R.p.m. deg. cent. 

Continuous. . .1,500. .50 per cent.. 181 .... 97.0. ... 1055 .105 

One hour. 1,500 . .50 per cent. . 255 .... 137.0. . . . 913 .120 

Although during the time that it is connected, the 
inductive shunt carries 50 per cent of the current passing 
through the motor, it has a continuous rating of only 
34 amperes. The field shunt is designed with a tem¬ 
perature rise characteristic which at the r.m.s. current 


obtained in continuous suburban service well give a 
* temperature rise approximately equal to the correspond¬ 
ing temperature rise of the traction motor exciting fields. 
Cold equipments coupled in train with hot*equipments 
will share the load equally. 

On certain length runs the r.m.s. current of the shunt 
slightly exceeds the rating, reaching a peak value at 
rurife of approximately 3,000 ft. in length, where the 
calculated r.m.s. is approximately 37 amperes. How¬ 
ever, under these conditions the r.m.s. current of the 
motor exceeds the continuous rating for 105 deg. cent, 
rise by resistance. Not only was the present electrifi¬ 
cation of the D. L. & W. R. R. considered in studying 
shunt capacity but also the possibility of extensions 
into more mouiftainous territory involving long uphill 
runs. These studies indicate that these runs do not 
require a shunt rating more than one-third the con¬ 
tinuous motor rating for 50 per cent field strength 
operation. The reduction in shunt rating also permits 
a saving in weight. 

Views of the complete motor are shown in Figs. 3 and 
4. Four motors are used on a motor car weighing 81.5 
tons loaded, which together with a trail car weighing 
56.5 tons forms a two-car unit of 138 tons. The motor 
weighs complete with gear, gear case and axle linings 
6,850 lb., giving a weight per horsepower of 26.9 lb. 
The four motors give a capacity for the two car units of 
7.4 hp. per ton. Trains for use in short run commuter 
service may be made of 2, 4, 6, 8, 10 or 12 cars, half of 
which in each case are motor cars. A typical six-car 
train has a free running speed of 67 mi. per hr. on level 
track (Davis Friction) and a maximum permissible 
speed of 70 mi. per hr. Some of the trains shown on the 
time tables make the following stops and schedule 
speeds. 


Stations 

Miles 

Stops 

Avg. 

run 

Schedule speed 

Hoboken to South Orange . ... 

.13.85. . . 

. . . 10 . . 

1 

38 

mi. 

28.7 

mi. per 

hr. 

South Orange to Hoboken 

.13.85. . . 

. . . 10. . 

1 

38 

mi. 

29.7 

mi. per 

hr. 

Hoboken to Summit. 

.20.10. .. 

. . .13 . . 

. 1 

55 

mi. 

30.9 

mi. per 

hr. 

Hoboken to Morristown . 

.29.77. .. 

. . .18. . 

. 1 

65 

mi. 

.31.3 

mi. per 

hr. 

Morristown to Hoboken .... 

.29.77. .. 

. . .17. . 

1 

75 

mi. 

31.9 

mi. per 

hr. 

Dover to Hoboken . 

.40.49. . . 

. . .22. . 

1 

84 

mi. 

32.8 

mi. per 

hr. 

Hoboken to Montclair . 

.13.12. . . 

. . . 6. . 

. 2. 

.19 

mi. 

.34.2 

mi. per 

hr. 

Dover to Hoboken . 

.40.49. . . 

. . .14. . 

. 2, 

.89 

mi., 

.40.0 

mi. per 

hr. 

Hoboken to Dover. 

.40.49.. . 

. . . 7. . 

. 5. 

.78 

mi., 

.41.2 

mi. per 

hr. 

Montclair to Hoboken . 

.13.12. . . 

. . . 1 . . 

.13 

.12 

mi. 

.41.4 
— o — 

mi. per 

hr. 


The motors •will permit the use of as high an accelerat¬ 
ing rate as desired, limited only by the weight on drivers 
and the slipping point of the wheels. Normally an auto¬ 
matic acceleration of 1.5 mi. per hr. per sec. is main¬ 
tained corresponding to an adhesion of 12.8 per cent. 
Acceleration tests have shown an equipment to be 
capable of reaching 30 mi. per hr. in 20 seconds and 
47 mi. per hr. in 60 seconds. 

In frequent stop service a four-motor equipment is 
well loaded by a motor car and trailer unit, and the 
motor heating approaches the permissible limit for r 
class B insulation. Experience has shown that for rail¬ 
way motors, class B insulation will have a longer life if 
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the motors are run hot enough to keep them free from 
moisture. In long run service the motors will have’ 
sufficient excess capacity to permit the handling of 
additional trailers. Such train make-ups as two stand¬ 
ard units and one trailer, or three standard units and 
three trailers are contemplated. With such combina¬ 
tions the accelerating rate will be reduced but in infre¬ 
quent stop service these trains will be capable of fast 
schedules. 



Fig. 4—GE-700-A 1,500/3,000-Volt Railway Motor Show¬ 
ing Pinion and Axle Preparation 



Fig. 5—Model Showing Principle op Constant-Oil- 
Level Bearing for Railway Motors. Oil in Reservoir at 
Overflow Point During Filling Operation 

Conservative interpretation of experience charac¬ 
terizes every feature of the mechanical design, con¬ 
tributing to low maintenance. Stresses in all working 
parts are low. Both armature and axle bearings are of 
the sleeve type and embody the constant oil level feature 
permitting oiling periods to be extended to several 
times the usual period. There is a layer of babbitt on 
the wearing surfaces of the bore and flanges of all the 


bearings. The almost complete absence of hot bearings 
during the initial^ stages .of the electrification was due 
not only to design, but to the fact that all of the linings 
were line reamed after assembly in their respective final 
positions and due to the careful packing of # the bearings, 
oiling and breaking in. 

• In the bearings of the motor the oil level is main¬ 
tained practically constant in the waste chamber as 
long as there is any oil in the reservoir. There are 
separate openings for waste and oil, hence there is no 
chance for dirt to fall into the waste chamber when re¬ 
plenishing the oil supply. The principal of operation of 
the constant oil level bearing is illustrated in Fig. 5 
showing a view of a sectional model. 

This type of bearing has been designed to operate 
between inspections without addition of oil. Should it 
become necessary to add oil'on the road, the oil can be 
poured into the bearing through the filler opening and 
the bearing will operate as an ordinary bearing. 

The operation of the gearing on the motors is quiet, 
promising long life. Gearing is of special heat treated 
steel, General Electric Company grade F, pitch, 



with long and short addendum tooth form. The gear 
teeth were ground after treatment to insure correct 
profile. The possibility of giving off ringing notes from 
the gear has been overcome by a non-resonant feature 
shown in Fig. 6. This is obtained by snapping rings of 
small cross section into annular grooves machined in the 
under side of the rim. These rings are of a size having a 
different period of vibration from that of the gear section 
thereby counteracting or destroying the vib^tions in 
the gear. The manner in which the rings are assembled 
provides an annular pocket for the retention of gear 
grease. This also has a decided damping effect. After 
ass embly the rings are welded at the joint to prevent 
any possibility of their coming loose. 

Gear cases are of malleable iron with three-point 
support. 

Six months to a year of operation gives only an indi¬ 
cation of what the maintenance expense will be. A 
longer time will be necessary before sufficient data are 
accumulated and ready to publish. The absence of 
trouble thus far, however, promises unusually low 
maintenance for this first multiple unit suburban elec¬ 
trification employing a trolley potential of 3,000 volts 
direct current. 




Temperature. Rise of Ventilated Railway 

Motor Armatures* 

BY D. A. LIGHTBAND* 

Associate, A.I.E.E. 

making certain assumptions the armature can he reduced to a 
simple equivalent model consisting of two conducting bodies separated 
by qn insulating wall , and that the equations resulting from an 
analysis of this thermal system form a practical method of calcu¬ 
lating time-temperature curves of an armature from preliminary 
design data. A detailed mathematical treatment is presented 
in an appendix. 

By substitution of existing test data into part of the formula it 
is shown how a curve can be obtained which renders the equations 
applicable to a very wide range of motor sizes. To illustrate the 
practical application of the formula, a number of calculated time- 
temperature curves for existing motors is shown and compared 
with data from actual temperature tests of these same motors. 

sjt * * * * 


Synopsis.— The calculation of temperature rise and of time- 
temperature curves of a railway ■motor for which only preliminary* 
design data are available, usually presents considerable diffi¬ 
culty. Modern railway practise demands increasingly large power 
units in a limited space, so that accurate methods are necessary 
for the predetermination of temperature rise as a basis for guaranteed 
ratings and of time-temperature curves for the- application of a 
motor to a complicated service cycle. 

For calculating the temperature rise of the armature in a new 
design of motor for any time interval and load condition , the author 
presents a method which is shown to give consistent results when 
applied to motors of widely varying size. A brief outline is given 
of the method by which the equations are derived from the usual 
theory of heat flow between related bodies. It is shown that by 


T HE accurate predetermination of temperature rise 
for loads of short duration in a new design of 
traction motor is of the utmost importance since 
the application of all such motors involves service of 
an intermittent nature. The usual method of using a 
r.m.s. current over a given load cycle as a basis of 
motor application assumes that the temperature rise 
varies as the square of the motor current over a given 
time interval. Experience has shown that this is not 
the case, although the use of the r.m.s. current will 
always result in a margin of safety in-the final result. 
Where the load cycle is not of a very widely varying 
nature the r.m.s. current will give a fairly close 
approximation of the actual conditions. r In such service 
as mine haulage or yard switching where a widely 
varying load cycle,, has been definitely specified by the 
purchaser, greater economy of space and cost can be 
accomplished if an accurate method is available for 
calculating the time-temperature curves for any load 
condition. Such a method can then be applied suc¬ 
cessively to each load condition of the cycle and a true 
picture of the motor heating will be obtained. 

In many cases a motor designer is called upon to 
guarantee ratings which allow very little margin for 
guesswork in estimating temperature rise and conse¬ 
quently feels the need of a reliable means for its calcu¬ 
lation. Railway motors are usually worked much 
closer to the limits allowed by existing insulating 
materials than machines used in other applications. 
Also, the exacting space limitations imposed upon 
motors placed under locomotives or rail cars, together 
with the present demand for still greater capacity 

‘Railway Engg. Dept., Westinghouse Elec, and Mfg. Co., 
East Pittsburgh, Pa. . 

tPart of the material in this paper was submitted as a thesis to 
the University of Pittsburgh in 1930. 

Presented at the Winter Convention of the A.I.E.E., New York, 
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within these limitations calls for closer designing 
than is generally required for other types of machine. 
Consequently, there is an urgent need for more accurate 
predetermination of temperature rise if a constant 
advance in the art is to be maintained. 

The development of highly efficient ventilation of 
railway motors in recent years has rendered the esti¬ 
mating of short-time temperature rise more difficult 
than was the case with the older type of motor of 
larger thermal capacity. In the newer designs, the 
value of the nominal one-hour rating as a true indication 
of thermal capacity is not very great since the much 
more effective ventilation has considerably decreased 
the margin between the nominal one-hour rating and 
the continuous rating. The rate of temperature 
increase for short intervals cannot be safely regarded 
as the function of an unvarying time constant in a 
motor of this type since the rate of heat dissipation, 
which is largely dependent on the speed, has a con¬ 
siderable influence on the so-called thermal time- 
constant. In the following treatment a method of 
predetermining the thermal characteristics of ventilated 
motors is derived which takes into account the influence 
of the rate of heat dissipation on the thermal capacity 
as well as the dissimilar nature of the materials con¬ 
tained in the structure of the armature. c 

In a well-designed motor having an efficient venti¬ 
lating system, the temperature of the armature windings 
will increase more rapidly than that of the field windings 
so that the armature is the more sensitive to changes in 
load. On this account it becomes essential to know 
the thermal characteristics of the more complicated 
rotor windings if a close estimate of the behavior of 
the motor under a varying load cycle is desired. This 
treatment, therefore, is devoted entirely to the more 
difficult problem of arriving at suitable equations from 
which the temperature rise of the armature can be 
determined for any desired load and speed. 
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In or<|er to arrive at anything approaching a simple 
result, it is necessary to reduce the armature to the. 
simplest possible equivalent model. Nearly all railway 
armatures are designed so that a portion of the cooling 
air is drawn through ventilating ducts running axially 
through the armature punchings underneath the slots. 
Since the axial length of the armature core is usually 
long in comparison to the radial depth of the punchings, 
the heat flow across the plane of the laminations will 
be very small compared to the flow parallel to the plane 
of the laminations. Also, the temperature of the end 


|*H 



Fig. 1 


windings in modern railway motors is usually fairly 
close to that of the embedded windings over most of 
the working load conditions and, on account of the 
comparative length of the embedded part, the tempera¬ 
ture variation along the whole length of armature 
winding is comparatively small. From these con¬ 
siderations, the following assumptions are made: 


n • 

by a comparatively thick insulating wail m. It is the 
interchange of heat between the iron and the copper 
through this inflation' that is usually neglected in 
most methods of predetermining temperature rise in 
railway motor armatures. The arrangement of the 
component parts of the armature as shcrtvn by Fig. 1 
can be represented by the simple thermal model shown 
in Fig. 2. The body c represents the copper separated 
by the insulation m from the body i which represents 
the iron of the core. The equations given below are 
derived from the mathematical consideration of this 
system presented in the Appendix. 

The following symbols are employed: 
a = width of tooth at the armature surface in inches. 
b = periphery of the slot in inches. 

Ki = rate of heat conduction through the slot insu- 

i K 

lation in watts per sq. in. per deg. cent. = —— 
% 

K 2 = coefficient of heat transfer from the armature 
surface . to the ventilating air in watts per 
square in. per deg. cent. 

k = conductivity of the insulation in watts per in. 
per deg. cent. 

p = sum of the peripheries of all the axial ventilating 
• ducts through the armature core divided by 

the number of slots. 

S c = specific heat of copper in watt-hours per lb. per 
deg. cent. = 0.0485. 

Si = specific heat of the armature iron in watt-hours 
per lb. per deg. cent. = 0.0605. * 
t = time in hours. 

T c = temperature .reached by the copper in time t. 

Ti = temperature reached by the iron in time t, * 


A. The temperature of the copper in the slot is assumed to 
be uniform in all three dimensions. 

B. The temperature throughout the iron of the armature 
punchings is assumed to be uniform in all three dimensions. 

* C. The rate of heat transfer to the ventilating air in the axial 
ducts of the core is taken as being one-half that at the outer 
surface. This is a purely empirical assumption and is found 
to give the most consistent results in the calculation of the surface 
heat transfer constant from temperature test data. It is also 
based on the supposition that the air 4 in the ducts moves rela¬ 
tively to the surface of the ducts with a velocity which is about 
one-quarter to one-third the velocity of the air relative to the 
armature* surface. The rate of heat transfer in axial duets for 
various conditions of air velocity and nature of surface has been 
ob tain ed experimentally by Luke. 

D. The flow of heat through the insulation at the top of the 
slot is neglected. 

The first two of these assumptions reduce the problem 
to a two dimensional one so that it is only necessary 
to consider the flow of heat in the armature in the plane 
of the laminations, that is, perpendicular to the axis 
of the armature. There are two main component parts 
of the armature, the iron of the core, represented by i 
in Fig. 1, and the copper c embedded in the slot. The 
iron and the copper, whose thermal characteristics 
differ from each other quite considerably are separated 


/m 


I 
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m 
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Fig. 2 


= m ean temperature of the ventilating air adjacent 
to the armature surface. (It is asShmed that 
this temperature will be the same in the \ ent 
ducts as at the armature surface.) 

= temperature rise of the copper above the average 
temperature of the ventilating air after infinite 

time. — . ,, 

= thickness of insulation between copper m me 
slot and iron at sides and bottom of slot. 

= temperature rise of the copper above the 
ambient air temperature at time t. _ _ 

= average temperature rise of the ventilating air 
above the ambient temperature at time t. 

= temperature rise of the armature copper a o\ e 
the average temperature of the ventilating air 

at time t. 
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6i = temperature rise of the armature copper above 
the ambient temperature when t is infinite. 

V = rate of air flow through’ the mtftor in cu. ft. per 
min. 

v s = peripheral speed of armature surface in ft. per 
min.* 

W c = loss in the embedded conductors in one inch 
length of one slot in watts 

Wi = core loss in watts per inch length of core per slot. 
w c — weight of copper in one inch length of one slot 
+ 50 per cent of weight of insulating material 
in one inch length of slot. (In a motor 
insulated for 750 volts with single-turn coils 
this will be equivalent to 1.3 times weight of 
copper in one inch length of one slot.) 

Wi = weight of armature punchings in lb. per in. 
length of core per slot. 

Mathematical consideration of the interchange of 
heat between the two component? bodies c and i leads 
to two simultaneous linear equations of the first order: 

A + (B + C) Ti-B T c -CT a -W { = 0 (1) 

D + BT C —BTi— w c = 0 (2) 

where A, B, C, D are constants (see Appendix). 

Since railway motors are now usually rated on the 
basis of the temperature rise of the windings as 
measured by increase in resistance we are'only interested 
in the copper temperature T c . Eliminating T t from 
the above equations we obtain a second order equation 
in T c : r 

• d 2 T c d T c 

L ~ir + M -rr +nt..k> ( 3 ) 

where L, M,N,K' are constants. 

The solution of this equation is of the form 

T c = Ci e ~ MI + C 2 e ~ Mt + ~~ (4) 

where C i and C- 2 are constants of integration and — Ai 
and — X 2 are roots of the equation LD 2 + M D +N = 0. 
Introducing the original constants into equation (4) 
and making certain simplifying approximations, the 
temperature rise of the armature copper at any time 
t is given by the following set of equations: 

dc = T k (1 - e~ Mi ) + C s (e~ >2t - e~ Xlt ) (5) 

where 

_ Wc Sc Wi-WjStW, 

L -~ (2 Wc S c + Wi St) b Ki (6) 




Wc + Wi 
- (9) 


9 C is the temperature rise of the armature copper 
above the mean temperature of the ventilating air at 
time t. Since the ventilating air temperature varies 
quite considerably, it cannot be conveniently con¬ 
sidered as a constant over the period of time under 
consideration, so that some means is necessary to take 
its variation into account. The following empirical 
relation is found to be a close approximation in modern 
self-ventilated motors for peripheral speeds not less 
than 1,000 ft. per min.: 


/ 700 \ 

/ Vs3 ‘ \ 


6a ~ Tk ( v. + 1000 ) 

I 1 - e 2 x 1010 ) 

(10) 


Introducing this into equation (5) 

6 = T k (1 - e” Xl ') + C 2 (6" X2 ' - e“ Xl ') 


/ 700 \ 

/ v S 3i \ 


\ v s + 1000 / 

1-8 2 X1010 j 

(5a) 


The correction for rise in ventilating air represented by 
equation (10) is only approximate and can, of course, 
be made more exactly by the introduction of a more 
complicated expression. The rise in ventilating air 
temperature, however, is relatively small in com¬ 
parison with the copper rise so that a correction of 
the above type is close enough for most applications. 
In all the foregoing, the mean temperature of the 
ventilating air is taken as the arithmetic mean between 
the temperature of the ingoing and outgoing air sp 
that d a actually will be one-half the temperature rise 
of the ventilating air through the motor. 

In equation (9), T k is the temperature rise of the 
copper above the mean temperature of the ventilating 
air when t is infinite, that is, after a continuous run 
under the load condition represented by the losses 
W c and Wi . Equation (9), therefore, gives usca means 
of arriving at values of K 2 , by substitution of data 
from actual temperature tests into the equation, for 
various conditions of speed and ventilation. By taking 
a number of temperature runs on each of a wide range 
of motors of varying size it was possible, from equation 
(9), to find a relation between K 2 and the peripheral 
speed of the armature or other condition affecting the 
rate of heat dissipation. Fig. 3 shows the values of 
K 2 so obtained for a range of self-ventilated motors 
varying in size from 50 hp. to 310 hp., plotted against 
the armature peripheral speed. In these calculations 
and in all subsequent calculations, the quantity W c 
was taken as the I 2 R loss calculated from conductor 
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resistance plus the eddy current loss in the conductors 
as‘calculated by Field’s method. As the tests frorii 
which these points are taken were ordinary test floor 
runs in which no special precautions for absolute ac¬ 
curacy were taken as would be the case in laboratory 
tests, the points are very favorably consistent for a 
curve of this type. The temperature rise by resistance * 
was measured by taking a four point cooling Curve 
immediately after shutting down the motor and pro¬ 
jecting the curve back to the shutdown point. By 
measuring V, the rate of air flow through the motor in 



Fig. 3— K 2 for Self-Ventilated Railway Motors 


In determining the curves shown in Figs. 3 and 4 the 
value of k, the conductivity of the insulation between 
the copper and* the walls of the slot, was taken as 
0.0025 watts per in. per deg. cent. This corresponds 
to an average value for the combination of mica, paper 
and varnish which is used for armature coil insulation. 
The temperature rise of the copper as will be seen by 
an inspection of equation (9) is considerably influenced 
by the value of K b the rate of heat transfer through 
this insulation; so that, considering the possibility of 
variations in the conductivity due to air pockets and 
incomplete drying out of compound, it is probable 
that the variations from the curve of the points of 
Figs. 3 and 4 can, to some extent, be ascribed to 
variations in the condition of the insulation. 

The right-hand side of equation (5), from which 
time-temperature curves of a motor armature can be 
calculated, consists of two parts, Tk (1 — and 

C 2 — e~ Xlt ). The equation was arranged in 
this form because it illustrates clearly how the time- 
temperature characteristics vary from the usually 
accepted simple logarithmic function which the first 
of these two expressions represents. The second 
expression, C 2 (e~ Mt - e~ Xlt ), is very small compared 

with the first when t is greater than -r— and disap- 


forced ventilated machines and, in the case of self- 
ventilated motors, estimating it from the losses and 
air rise for each test, and assuming that the axial 
velocity of the air over the armature surface is approxi- 

y* 

mately Q g , the velocity of the air relative 
to the armature surface will be, approximately, 



. 4 shows K 2 plotted against 


this relative velocity for a range of motors including 
both self and forced ventilated machines varying in 
size from 50 hp. to 800 hp. and in armature diameter 
from 11 to 30 in. With the aid of the curves of Figs. 
3 and 4, the temperature rise above the mean venti¬ 
lating air temperature after a continuous run can be 
predetermined from equation (9). However, equation 
(9) can be modified to correct for the rise in ventilating 
air temperature. For the line of self-ventilated motors 
mentioned above, this is done by adding the right hand 
member of equation (10) when t is infinite: 


/ [(“ + ~f~ )i>K 1 + 1 ] tt ’* + ’’’A 
V (* + -|-)* / 




temperature rise over intervals of time exceeding the 
us uall y accepted thermal time constant, the second 
expression can be neglected. The equation then 
assumes the familiar form: 

6 C = T*(l- e~*‘) (11) 

For short time intervals, however, this second expres¬ 
sion becomes very important and cannot be neglected. 
Figs. 5 to 10 show several tfme-temperature curves 
which were calculated by means of equation (5) for 
three motors, one a forced-ventilated motor of 450 hp. 
and the others, self-ventilated motors rated at 100 hp. 
and 50 hp. respectively. These curves were calculated 


* Where D is armature diameter in inches. 
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for the same load and speed at whicfi some actual 
temperature test giving consistent results was taken. 
The points plotted on the diagrams show the actual 
temperature rise above the mean ventilating air 
temperature obtained in the corresponding temperature 
run. * 

It is recognized that a simple logarithmic curve of the 
form 6 = T h (1 — involving a single thermal 

time constant, could be found which would pass through 
any such set of two, or even more, test points. But it 
has been found very difficult to discover a sufficiently 



Fra. 5—450-Hp. Motor (One Hour Temperature Run) 



Fig. 6—450-Hp. Motor (One Hour Temperature Run) 

simple law which would connect the constants obtained 
experimentally of such an expression with the main 
design dimensions of a wide range of armature sizes. 
It has been shown that the equations (5) to (9) can be 
made, with the aid of a curve or set of curves of the 
type shown in Figs. 3 and 4, to represent within a 
reasonable degree of accuracy, the thermal character¬ 
istics of a very wide ‘range of machines. The only 
feature which such a group of motors need have in 
common is that the path of the cooling air through 
the motor should be essentially similar in all machines 


of the group. The chief purpose of this method is the 
'predetermination of the thermal characteristics o'f a 
projected motor design when only preliminary data 
are available. The method may appear unwieldy at 
first sight but with a little practise these equations 
can be handled quite easily and the extra time and 



F ig . 7—450 -Hp. Motor (One Hour Temperature Run) 

labor involved in applying them will be justified in 
most cases by the smaller margin of safety with which 
it will be found that a new design of motor can be 
applied. 

Appendix 

Since the flow of heat through the insulation at the 
top of the slot is neglected, all the heat escaping from 
the copper will be transferred to the iron. Considering 
only one inch length of core, the rate of heat flow 
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Fig. 8—450-Hp. Motor (Continuous Temperature Run) 

through the insulating wall will be b K L watts per deg. 
cent. Referring now to Fig. 2, the heat increment 
in time d t in the body i will be: 

W t d t + (T a - Tt) bK.dt (12) 

The heat stored in time d t will be 
• Wi Sid Ti (13) 
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The l*eat imparted to the ventilating air will be 

* r i 

[aK 2 (Ti- T a \ +p-^ (Ti-T a ) ]dt (14) 
Equating these values and rearranging: 

WiSi ^ri~ + \ bK i + ( a + ~ir) K *] T < 
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Fig. 9 —100-Hp. Motor (One Hour Temperature Run) 


Differentiating (18a) with respect to 


y- + [ b K, + ( a + -f- ) K, ] T, 

* 

K x T c - ( a + ~y ) K* T a - Wi = 0 (15) 


D_ <P 
B dt 2 


U/ X % , 

Substituting these values for T * and m equation 


(15a) and rearranging 
. _ d?T c 


d T 

+ [A B + (B + C)D] -jf 


+ BCT c -BCT a - (B +C)W a -BW i = 0 (21). 

Let 

AD = L 
'AB + (B+C)D = M 
B C = N 

BCT a + (B +C)W, + BWi = K' 

Equation (21) becomes: 


OV J. c wjl-c 

~w + M ~u 


N T c = K' 


In the body c, the heat increment will be: 

W c dt 

The heat transferred to the body i will be: 

b Ki (T c — Ti) dt ( 16 ) 

The heat stored will be: 

W c Sc d To ( 17 ) 

• Equating these quantities and rearranging 

vOcS.^jf + bK x T c -bK x Ti- W c = 0 ( 18 ) 

Let . WiSi = A 

6 Ei = B 

* ( a + -j- ) K 2 = C 

w c S c = D 

Then we have: 

A -~rr- + (B + C)Ti — B To — C T a — Wi = 0 (15a) 

Cu t 


< + B Tc — B Ti — Wc = 0 

From (18a) we have: 

D dT c 

Ti “ B dt +T °~ 


I I II 


I 7/ 

1 io r~ y -4-i i - 

l - 0 . ,_■—- Tr — r.rr ~ — i f . — 

0 0-2 0.4 0.6 0.8 1.0 1.2 1.4 1.6 1.8 2.0 2.2 2.4 2.6 

TIME — HOURS 

Fig. 10—50-Hp. Motor (One Hour Temperature Run) 
The solution of this equation is: 


T c = Ci e~ Xl< + C 2 e _X2i + 


Where: 
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N 
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+ BH 
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Substituting this in equation (22) and’calling: 
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(B + C)Wc + BWi . _ 
BC ’ J *' 


(25) 


T c — T a = C 1 e-™ + Cze~™ + T k 
When t = 0, T c — T a — 0 

Ci + C , 2 + T'/c = 0 

or Ci = — C'i — Th 

so that 

Tc -T a = Ci (e- X2( - e- Xl( ) +T k ( 1 - e^) (26) 

From equation (19), knowing that when t = 0, 

T c = Ti = T 0 : 


i 

[ a + 

P ■) 

2 ( 

1 K 

2 

r 1 +1 

f a + - 

V \ 

, K2 

_'l 

w c S c + WiSi 

2 J 

1 6X> J 


(7) 


(B + C) VT, + B Wi 
' Tk V BC 


r * 

J- a — i~» J i i a 


B dt 
D d T c 


B 


[i + ( 

V ' 

a + 2 , 

K, I 

’ bKi J 


^ a + 

—) K 2 

2 1 

M 

1 * M 2 

N 

2 L + 

XI 4 L 2 

' L 


+ Wi 


(9) 




or 


B dt B 
Differentiating equation (26) with respect to t: 


Lu J-J ^ JU 

(27) Using the previous approximation for the radical. 


1 + 


/ 2 LN \ 

l 1 M 2 ' 


dT c 


X 2 = 


d t 


= C 2 (Xi e~ Xli - X 2 e- X2 ') + Tic X x e w 


2 L 


A HP W 

Putting t = 0 and -jf = -jf (from equation (27): 


M 

L 


M 
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TFe 


or 
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= C 2 (Xi — X.) + Tk Xi 


M 

AB +D(B + C) 


AD 


BC 

"AB + D (B + cT 




C 2 = 


D 


— Tk Xi 


Xi — X 2 


Neglecting the last term which is very small in 
(28) comparison with the first: 

B B + C 
X 2 “ t~\ H~ 


X: 


* M 
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2 L M 4 L 2 

1--J 1 
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b Ki 
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the order of 0.2 
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temperature rise of ventilated railway motor armatures 

* • 


, Wc (B + C)Wc + B Wi 

• D M _ 

Ci = 2 SC AB + D(B + C) 

A B + D (B + C) AD 

Wc — B Wi 

A B — + — (B + C) 2 + 2 B 2 

D A 

Putting (B + cy = 2 B 2 , dividing through by B 2 and 
neglecting B 2 

_ D Wi-A W c 
Cl ~ B (A + 2 B) 


curves. The actual heat runs used for verifying the calculated 
, curves, however, do not give more than two, and in some cases 
even one point only. That is why we would suggest to Mr. Light- 
band that he undertake another series of tests in which com¬ 
plete curves would be obtained. This, of course, should not be 
done by measuring the resistances of armature windings, as in the 
tests presented, but rather by placing temperature # detectors into 
^he winding, which would be connected through slip rings to 
meters. With such an arrangement, the distribution of tempera¬ 
tures along the winding could be ascertained at the same time. 

Carl J. Fechheimer: It has been recognized for several years 
that the usual transient equation for temperature in an armature 
in w hi ch there is one time constant is inadequate, particularly 
during the first part of the period after the load on the machine 
is changed. The thermal time constant is given by the ratio of 
the energy stored to the power dissipated, and that ratio is 
usually considerably different for the copper and the iron. The 
errors that may arise for short time ratings, if only one time 
constant is considered, may be of considerable magnitude. Mr. 


Wc Sc Wi - WjSjWc 

** (2 w c S c + WiSi) b Ki 

Putting T c - T a = 6 C in equation (26), the tempera¬ 
ture rise of the armature copper above the mean 
temperature of the ventilating air at any time t is 
given by the set of equations (5) to (9) inclusive. 


Lightband has brought out these points clearly. 

The general forms of the transient equations when two bodies 
are considered are analogous to those of the tw r o electric circuits 
which are magnetically coupled, and when self and mutual in¬ 
ductances are considered. In either case, it is essential to solve 
two differential equations simultaneously. The solutions for the 
thermal circuit may be obtained by making use of the principles 
of superposition and reciprocity. The solutions obtained thereby 
are perhaps somewhat more general, than the forms obtained by 
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Discussion 

John Bastas We know how difficult it is to obtain a simple 
method of calculation of heating curves on assumptions following 
closely the experience. With those machines where the exchange 
of heat from winding to air cannot be neglected, the heating curve 
differs widely from a simple exponential curve. However, Mr. 
* Lightband found it justified to neglect the exchange mentioned 
with armatures of railway motors and succeeded in showing that 
the heating curve for them is composed from two exponential 


Mr. Lightband. 

Mr. Lightband’s solutions are for the heating state, but they 
migiit easily be extended to the cooling state. When the cooling 
curve is plotted, it is found that the initial part is similar to the 
“sub-transient” for the decay of current in a suddenly short- 
circuited alternator, and like it, it dies out relatively soon, and 
only the “transient” state then obtains, and then only the second 
time constant is needed. Mr. Lightband has shown for the heat¬ 
ing curve that the influence of the first time constant diminishes 
fairly rapidly, and subsequently only the influence of the second 
is of importance. * 

The third assumption made in the paper, that the rate of heat 
transfer in the axial ducts is one-half that at the outer surface, 
limits the final equations to a particular* type of ventilation. 
This should be borne in mind by anyone who plans to use the 
equations. Undoubtedly, the equations could easily be modified 
so as to make them of more general form. 

It should be recalled that the problems involved in heat flow 
become too involved to secure an accurate solution. For ex¬ 
ample, in many machines the influence of the longitudinal heat 
flow in the copper has a very large effect upon the copper tem¬ 
perature. While the differential equations for this case can be 
written, the solutions for the transient state become too involved 
to admit of placing them in practical form. It is essential to make 
assumptions such as Mr. Lightbsfnd has done, although his as¬ 
sumptions may not be the ones to adopt for some other class of 
apparatus. Thus, his results are all based upon the average cop¬ 
per temperature as measured by resistance. For machines having 
long cores, the copper at the middle is usually at considerably 
higher temperature than the average, and consequently his 
assumption B would introduce too large an error. 

P. H. Powells A point which is not quite clear in Mr. Light- 
band’s paper is the definition of K 2 and the surface of the arma¬ 
ture regarded as radiating. His argument seems to be based on 
the assumption that all the heat is dissipated by the surfaces of 
the tops of the teeth and by the surface of the ventilating ducts; 
on the other hand, K % is defined with, respect to the armature 
surface again somewhat indefinitely. If one regards the outside 
barrel surface of the armature (circumference multiplied by 
overall length) as being the only radiating surface, the value of 
K, for a speed of 3,000 feet per minute is about 0.1 for open type 
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machines. If one adds up the external barrel Surface, the internal 
barrel surface, and the ducts, the figure for K 2 appears to be 
about 0.04. Mr. Lightband’s resuit seems do indicate a figure of 
about 0.05. 

There are, of course, differences in types and in ventilating 
arrangements that make a comparison almost impossible, but it 
would seem tffat if only the tops of the teeth and the iron surface 
of the ventilating ducts are allowed as radiating surface, the 
figure for K 2 should be considerably higher than 0.05. However, 
it is very interesting to find a method involved which will enable 
the short-time rating to be better defined. 

D. A. Li^htband: It is pointed out that in machines where 
direct flow of heat from the winding to the air cannot be neg¬ 
lected, the heating curve differs widely from a simple exponen¬ 
tial curve. I have shown that in railway motors, even though 
this heat flow is neglected, there will still be considerable devia¬ 
tion from the simple exponential curve. Attention has been 
drawn by Air. Basta to the use of only two test points as an illus¬ 
tration of the closeness of the method. It should be pointed out 
that the two points are really three, since the origin must be 
included. Any kind of exponential curve cannot be drawn 
through three such points, which would represent a reasonable 
characteristic heating curve of a motor. Even a simple exponen¬ 
tial curve drawn through these three points has been found to 
differ very widely from an exponential heating curve estimated 
from the one hour and continuous temperature tests. 

The suggestion by Air. Basta that test curves be taken by 
temperature detectors in the winding rather than by measuring 
the temperature rise by the resistance method would be rather 
defeating the object of this method since it is on temperature 
rises measured by resistance that the ratings of all modern ?aii- 
way motors are based. Measurement of distribution of tem¬ 
perature along the winding longitudinally is beyond the scope 
of this paper. 

Air. Fechheimer mentions the fact that the solutions are for 
the heating state only. In the consideration of cooling, it should 
be pointed out that if the different time constants in the copper 
and iron are to be taken into account, a knowledge is necessary 
of the exact nature of the heating immediately prior to the com¬ 
mencement of the cooling curve. This 'is necessary because the 
nature of the cooling curve will depend on the initial relation 
between the temperature rise of the iron and tha't of the copper. 
The following equations will give the cooling curve when both 
the initial temperature rise of the copper and of the iron are 
knowm. 


Equation for cooling with no pow r er on: 

do = 9oe-^‘ + CU (e~W - e ~ x ‘0 * (c) 

where 6 0 = initial copper temperature 

\i and X 2 defined by equations (7) and (8) 

{wiSi+w c S,){d 0 - 6i) - WoSj 

(j _ ___ V 

. 4 iVcSc + 2wiSi 

6 i — initial iron temperature 
For cooling with pow r er on: 

0 C = T k (l-e- x O+C 8 (e~™ - e~ x O +04 e~W+ C t (e~>*-e~W) 
= T k + {6o- T k ) + (C a + C\) (e-W - e -M) (f) 

Mr. Powell has brought up the point that my definition, of K 2 
is somewhat indefinite since I do not specifically state whether 
it is based on the heat radiating from the whole external and 
internal radiating surface of the armature. He is of the opinion 
that if this constant refers to the radiating surface obtained by 
adding up the external surface of the armature core and winding, 
the internal surface of the armature coils, and the surface of the 
duets, it should have a value higher than that given in the 
paper. 

I have made the definition of K 2 as the coefficient of heat trans¬ 
fer from the armature surface to the ventilating air. By “arma¬ 
ture surface” is meant the external surface of the armature core 
and the internal surface of the ventilating ducts. Since I have 
assumed that no heat flow has taken place from the armature 
core to the windings in a longitudinal direction, it is quite un¬ 
necessary to include the outer surface of the windings as part 
of the radiating surface. The amount of heat which flows through 
the insulation at the mouth of the slots is a very small proportion 
of the total heat flow from the armature and has been neglected, 
and therefore the only radiating surfaces which need be con¬ 
sidered are the tops of the teeth and the ventilating duets. 

The figures for K 2 which are calculated from temperature tests 
by means of the equations given in the paper and shown in 
Figs. 3 and 4, correspond very closely to values of rate of heat 
transfer for various kinds of rotors given in Luke’s paper re¬ 
ferred to in the bibliography. Luke’s results were obtained by 
means of an exhaustive series of experiments and offer a very 
sound basis of comparison for heat transfer constants in rotating 
armatures. ' 
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High Capacity Rectifier Efficiency Improyes by 
• ’ Sectionalizing , 


By A. L. ATHERTON 5 


Member, A.I.E.E. 


Synopsis.— The reasons for adopting the sectional construction 
are given and discussed at some length. The new features of design 
and construction which, make the sectional arrangement fea¬ 
sible are described. One arrangement of sections into a unit is 


briefly- 


described and alternative arrangements are discussed 
’ Performance characteristics are described in broad lei ins am 
the extent of the improvement over previous type is pointed out. 

A forecast of future development is i ndicated. 


T HE idea of the sectional type mercury arc 
rectifier is based on the obvious, but apparently 
heretofore unrecognized, fact that the best 
possibilities inherent in the principle are realized only 
in the smaller sizes. Efficiency, reliability, economy, 
and flexibility of both application and use are all far 
better in small than in large units. The advantages 
appear to be fundamental and, therefore, permanent. 

The rectifier is not alone in this. Many familiar 
things are inherently at their best in small sizes. The 
established and common “unit type” things are so well 
known that we have come to overlook the limitations 
and inefficiencies introduced by the subdivision and 
to accept the scheme as natural and right. In suspen¬ 
sion insulator units, a large part of the insulation 
material is shunted by metal, assembly operations are 
duplicated many times in a single unit of use, and the 
distribution of potential along the string is wrong 
unless corrected; but the mechanical strength, flexi¬ 
bility, adaptability to all voltages, and the economy. of 
concentrating manufacture and stocks in a single size 
of unit are so much more important that the disad¬ 
vantages almost vanish. Because the benefits out¬ 
weighed the disadvantages, the introduction of the 
idea of sectionalization in line insulators created a new 
utility, and because the increase in utility was great, 
the whole of the associated art of long distance trans¬ 
mission received a major stimulus. 

So with the metal tank mercury arc rectifier. Sub¬ 
division into unit sections introduces both advantages 
and disadvantages, but the advantages so far out¬ 
weigh the disadvantages that, once the conception 
is seriously considered and the sectional design actually 
worked out, doubts disappear and it seems the right 
and natural way to proceed. 

Development through the past twenty-nine years 
has resulted in rectifiers of small capacity, 500 kw. for 
example, with a high degree of reliability, a reasonable 
cost, and an efficiency which makes available for the 
higher voltage conversion applications the unique 
quietness and freedom from mechanical wear which 
has provided the major incentive throughout the 

*Westin.ghouse Elec. & Mfg. Co., East Pittsburgh., Pa. 
Presented at the Winter Convention of the A.I.E.E ., New York, 
* N. F., January 25-29, 1932. 


development. When size is increased to get larger 
output capacity, however, the quality decreases 
markedly. Reliability decreases not only in propor¬ 
tion to size as might be expected, but more rapidly, 
because the complexity of the problem of control of 
the hurricane flow of vapor from the cathode is^ in¬ 
creased many fold when size is even doubled. The 
“outage time” per jfear with 3,000-kw. rectifiers is 
several times as great as with 500-kw. units. Cost per 
unit of output does not decrease with increase of size, 
as it does with some apparatus, because manufacturing 
problems increase faster than in proportion to size, 
and because the total requirement for this kind of 
equipment, with capabilities and limitations as they 
are even in the smaller sizes, will not support organized 
“line manufacture” for the larger capacities. Efficiency 
falls off with increase in size because of the longer arc 
and greater exposure to deionizing surfaces, and be¬ 
cause the fundamentally less reliability makes necessary 
an increase in loss producing devices to g&t acceptable 
quality. With present designs, the internal losses for 
a 500-kw. unit are approximately 25 per cent less than 
for a 3,000-kw. unit, both based on 600-volt operation. 

The major disadvantages which go with size appear 
to be fundamental and permanent, whatever advances 
may be made in the art. Larger units will always be 
less efficient, and the reliability and cost disadvantages 
will probably persist. 

If we think of multiple installations of conventional 
small capacity units of the sort which have been avail¬ 
able in the past, we realize that the project is im¬ 
practicable. The space required is too great and the 
multiplicity of control and protective device? appears 
questionable. But when we think of subdivision of a 
large capacity, taking advantage of space economies 
resulting from recent advances in the art, building the 
structure in sections but installing, controlling, pro¬ 
tecting and using it as a whole, the project becomes 
feasible and the desirable qualities of the small rectifier 
are made available for the larger capacities while the 
disadvantages of sectionalizing are so reduced as to 
become negligible. 

Our work with rectifiers of conventional size and 
characteristics has resulted in tile conviction that the 
limitation in capacity for a given design, as for example 







512 ATHERTON: SECTIONAL CONSTRUCTION Transactions A. I. E. E. 


• * 

the 500-kw. unit shown in Figs. 1 ana 2, lies in local 
limitations of the various parts, for example, the limits 
of conductivity and heating at the anode, and not in 
the perhaps more fundamental and difficult tendency 
to arc back at the higher currents. Such a unit carries 
a nominal current of 833 amperes continuously, 1,250 


enced arcing back as a limitation. Extended service 
experience with a limited number of installations gives 
the same result. Evidently, .change in the details, 
leaving the general arrangement unaltered, would, 
make it possible materially to reduce the size of the 
containing tank without affecting the ability of the 




Figt 2—Section Showing Arrangement of Parts in 
Conventional 500-Kw., 600-Volt Rectifier 

The diameter is 54 inches and the overall height is 104 inches 

amperes for two hours, and 2,500 amperes for one 
minute. In all our testing, which includes use at cur¬ 
rents up to 17,000 amperes on short circuit, and which 
includes considerable experimental experience of loads 
of 2,000 to 2,500 amperes for periods of 5 to 30 minutes, 
dependent on temperature rise, we have not^experi- 


Fig. 3—Rectifier Section, 750-Kw., 600-Volt Rating 



Fig. 4—Section Showing Arrangement of Parts of Unit 
Shown in Fig. 3 


The diameter is 54 inches and the overall height is 41^ inches. The 
kw. rating per unit volume is thus over 3 times as great as for the con¬ 
ventional unit 

unit to carry the loads required by its rating. Experi¬ 
ments along these lines have verified this conclusion. 

As a further step, a rearrangement of parts made 
possible a still further reduction in size for a given 
rating, and at the same time brought about some re¬ 
duction in the internal losses. The rearrangement was 
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based on, the knowledge gained in our experimental 
experience as to the effect of the way the vapor flows « 
from the cathode to th,e condensing wall and the posi¬ 
tion of the anode structures in relation to this stream 
’ of ionized vapor on the limiting current of which the 
rectifier unit is capable, without excessive arcing back. 
Although the whole mechanism of vapor flow and its 
effect on arcing back are obscure as yet, several factors 
which influence performance have been established. 
The design shown in Figs. 3 and 4 is an attempt to take 
these as yet rather intangible and, it must be admitted, 
somewhat uncertain factors into account in the most 
satisfactory way possible at the present time. 

The anode support and shielding arrangement also 
offered an opportunity for progress apd a rather ex¬ 
tended series of experiments resulted finally in the 
anode structure shown. Processing to eliminate foreign 



• LOA D — PER CENT 

Fig. 5—Representative Arc Drop and Efficiency Curves 
for Conventional and Sectional Rectifiers 

material and keep the gas evolution under operation at 
as low a value as possible, have progressed along with 
the design development. 

As a result of these improvements, the rectifier 
section shown in Figs. 3 and 4 is capable, with a reason¬ 
able margin, of a standard nominal rating of 750 kw. 
at 600 volts, and even of higher short-time overloads 
as sometimes required. 

This section, at 750-kw., 600-volt rating, is required 
to carry a normal current of 1,250 amperes, with 50 
per cent overload, or 1,875 amperes for two hours. 
Owing to the fact that final temperatures are reached 
in times of the order of two hours, it is felt that the 
two-hour capacity can best be indicated by continuous 
■« operation at the 50 per cent overload value and our 
experimental tests have been made in this way, thus 
including in a single test some margin of safety along 


with a degree of acceleration of the test. Double load, 
or 2,500 amperes is required by standard nominal rating 
for a period of one minute following full load. Experi¬ 
mental tests have been made at this current up to 
5 minutes duration. 



^ig. 6—Sectional Rectifier, 3,000-Kw., 600-Volt Rating 

This unit consists of four sections each, of 750-kw. rating, the supporting 
structure and the necessary auxiliary equipment for maintaining the 
vacuum and dividing the load. Some control and protective devices are 
also conveniently mounted on the structure 



Fig. 7—View of Rear of 3,000-Kw., 600-Volt Sectional 
Rectifier Showing the Arrangement op the System for 
Maintaining the Vacuum 

In all these operations, arcing back is very infrequent 
if it occurs at all and it is a ’requirement that the 
rectifier can be put into operation again immediately 
following such an occurrence. 

The internal losses in the rectifier are determined 
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by the arc cfrop, or voltage from ariode to cathode 
during the conducting period. This value varies with 
load current and can be indicated by 1 a curve of voltage 
drop against load current. The value that determines 
efficiency is the average for the various anodes. Fig. 5 
shows average arc drop curve for the unit indicated 
by Figs. 3 and 4. The dotted curve shows the value 
for the older, conventional, unit shown by Figs. 1 and 
2. As the size of a rectifier is increased, the arc path 
becomes longer and losses per kw. output become 
greater. Experimental rectifiers of 3,000 kw. with a 
single tank have had arc drop values as shown by the 
dot and dash curve of Fig. 5. It is seen that at full 
loads the difference between these experimental single 
tank 3,000-kw. rectifiers and the section shown in Figs. 
3 and 4 amounts at full load to approximately 6 volts 
or 1 per cent, on the basis of 600 volts output. With 


working space certainly not more than two feet. It is 
evident that there is a considerable space economy. 

Such an arrangement is likgly to prove the most 
convenient for usual applications. There is no reason, 
however, why other arrangements cannot be used 
where available space places a limitation on one or 
more dimensions. For example, the auxiliary equip¬ 
ment and wiring can be arranged between the units at 
the center, at some penalty from the standpoint of 
accessibility, making the floor dimensions approxi¬ 
mately 150 by 55 inches. Or the four units may be 
mounted in a single column with floor dimensions of 
about 65 by 70 and a height of 210 inches. Or the parts 
may be separated in two or groups, possibly at some 
expense in auxiliary equipment. 

The problem of paralleling is the same as in the case 
of a single tank rectifier using the same number of 



Fig. 8—Outline of 3,000-Kw., 600-Volt Sectional Rectifier 
Approximate dimensions of an experimental single tank unit are indicated by the dot c*nd dash outline 


ordinary load factors and rates for power, this differ¬ 
ence in §,000-kw. rating sayes from $600 to $1,500 per 
year power cost, which represents an added value of 
from $4,000 to $10,000. 

The proportions of the new units are such as to 
make it feasible to mount them in service one above 
another. Thus, a 3,000-kw. unit can be made of four 
750-kw. sections mounted two side by side and two deep. 
Such an arrangement is shown in Fig. 6. The floor 
space required for such an assembly is approximately 
118 inches wide, by 68 inches deep over all parts, in¬ 
cluding auxiliary equipment. The over-all height is 
113 inches, and the cdiling height of the room necessary 
to accommodate this equipment need not exceed this 
value except for electrical clearance of a few inches 
and whatever may be necessary to provide for adequate 


anodes and, except in detail, is the same as for any 
rectifier using twelve or more anodes. Load balancing 
is inherently approximately correct owing to the fact 
that the voltage across the arc rises with increasing 
current after a minimum at about 40 per cent load is 
passed. To get a closer balance, anode balancing coils 
are used and these are so arranged as to introduce no 
appreciable impedance into the circuit under normal 
operation. In the event that it is desired to take a 
section out of service, for maintenance or any other 
reason, the corresponding balancing coil sections are 
short circuited by connection links provided for the 
purpose. 

One arrangement of vacuum pumping is indicated «- 
in Fig. 7. Use is made of two independent pumping 
systems, connected through manifolding to the various 
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sections &nd with cross connections so arranged as to 
permit the use of either pumping system on any or all" 
of the tanks. The various sections of the rectifier are 
connected to the vacuum manifold through two valves 
of unique design, provided with a sealing plate as an 
extra precaution against outside air. Even if such a 
valve should develop a leak, this safeguard would pre¬ 
vent any leakage into the tanks except at a very slow 
rate and for the minute or less while the valve position 
is being changed. The use of two valves permits the 
separation of a single section from the balance of the 
structure without admitting air to either part. In the 
event that maintenance work is required, it is thus 
possible to put the repaired section in condition by 
pretreatment, then install it and by proper manipula¬ 
tion of the valves, exhaust it completely without ad¬ 
mitting air to either that unit or any part of the operat¬ 
ing system. With the pumping arrangement shown, 
this requires the operation of one of the other units 
with valves closed for some time, but experience has 
indicated that if properly made and treated out the 
rectifier unit will carry normal loads without pumping 
for several hours or even several days without damage. 

Sectionalizing inherently provides the utility that 
any damage which occurs is likely to be limited to a 
relatively small part of the total structure and that the 
load can be carried during the period of maintenance 
with the balance of the structure. With the arrange¬ 
ment in Fig. 7, a faulty section is segregated from the 
others by removing the connection links and closing 
the valves, requiring only a few minutes, before load 
can again be carried. Although a maintenance opera¬ 
tion is required to remove a unit from the structure for 
repairs requiring two hours or so, this can be done 
during a light or no load period. It would be possible 
to arrange with jack connections and separate systems 
of auxiliary equipment or flexible pumping and water 
connections, so that the operator could pull the unit 
forward a few inches and go on with operation with the 
balance of the equipment after an interruption of one 
or two minutes. The choice between these two plans 
depends on the frequency with which interruptions 
are likely to occur. The inherent quality in the design, 
together with the experience thus far indicate that the 
interruptions requiring maintenance will be so infre¬ 
quent as to make the simpler plan preferable. 

The project for sectionalizing, together with the 
development in working out sections of suitable dimen¬ 
sions and proportion, thus makes available an in¬ 
creased degree of reliability, increased flexibility in 
application and use, improvement in manufacturing 
requirements, and an efficiency advantage of 1 per cent 
or more. Beyond this is the belief that as time goes 
on and as we acquire a clearer understanding of the 
fundamental knowledge gained from our research, but 
not yet fully used in design, further improvement will 
be made in respect to efficiency and size. It is to be 
expected that, as this progress occurs, the develop¬ 


ment will be dlong the lines of sectional structures 
rather than along the lines of single unit arrangements. 

It is obvious tfiat a development such as this is one 
to which essential contributions are made by many 
individuals. The successful completion of such a 
project requires a variety of knowledge, experience and 
*. talents, no part of which can safely be omitted. 1 he au¬ 
thor wishes to acknowledge essential contributions to this 
development by the research, substation, switchboard, 
transformer, and manufacturing engineers of the 
Westinghouse Electric & Manufacturing Company as 
well as by the design engineers whose work has made 
possible the design improvements. Special acknowledg¬ 
ment is also made of the enthusiastic and courageous 
support and encouragement of our executives, especially 
Messrs. Rugg and Kintner. 


Discussion 

A. W. Hull: This discussion relates to the fundamental lim¬ 
itation of rectifiers as given in^the paper: namely, the prophecy 
that “the major disadvantages which go with size appear to be 
fundamental and permanent. Larger units will always be less 
efficient and probably less reliable.” 

The theory of rectifiers and our experience up to the present 
d<jes not seem to me to justify this conclusion. The statement 
that “efficiency falls off with increase in size because of the longer 
arc” does not appear to me to apply to large rectifiers. Efficiency 
does not depend fundamentally on arc length but upon the ratio 
of length to width, or diameter, of arc path. When the dimensions 
of a rectifier are doubled, the width of the arc path is doubled as 
well as the length, and the total arc drop remains unchanged. 
This is in agreement with the theory of the nature of are drop 
and with all experimental evidence, so far as I am aware. If 
large rectifiers ar£ at th£ present moment less efficient than small 
ones, it is, I believe, a mere chance which, is due to the relative 
state of development, and not a fundamental limitation of large 
rectifiers. 

The same is true in regard to reliability. The only theoretical 
prediction regarding reliability, as a function of size, is that the 
arc does not tend to concentrate on a single point of a large anode 
but, after reaching a definite density, which is the same as the 
density in small rectifiers, it spreads uniformly until it covers the 
whole anode at full load. Hence, size does not introduce danger 
from concentration. There is no evidence, with which I am famil¬ 
iar, either theoretical or experimental that would indicate any 
fundamental reduction in reliability with increase in size, or the 
need of increased baffling in order to obtain reliability? 

C. A. Butcher: It is perhap’s quite generally known that I a 
have not been an enthusiast for mercury arc power rectifiers. 
During eighteen years of experience having much to do with 
power supply for electric railways, I have witnessed many im¬ 
provements in the design of substations. In that time, high 
reluctance commutating poles and high-speed circuit breakers 
solved the flashover problem in the operation of 60-eycle syn¬ 
chronous converters. The perfection of automatic control in¬ 
cluding supervisory, effected economies and improvement in 
operation. 

Shortly after the first display of enthusiasm for the rectifier 
in‘America, following a lapse of a few years during which de¬ 
velopment on the part of American manufacturers ceased, I made 
a careful review of the available literature on the subject. This 
included the early development experience of my own company 
as well as that of one European manufacturer—also reports 
covering the operation and performance of a number of European 
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rectifier installations. In a paper* I comparecf the* rectifier with 
the synchronous converter. It did not appear that the conven¬ 
tional design of rectifier which has 'changed^but little since then 
could on economic grounds replace the converter, in the 600-volt 
class. The demand for conversion apparatus for higher voltages 
is at present not of itself such as to be conducive to commercial 
development. The inefficiency of the rectifier at lower voltages 
has limited its application with few exceptions to the voltages of, 
600 and above. Even in the 600-volt class, it has not had the 
advantage of equality from the standpoint of service availability 
or first cost. Only at light loads is there any margin in efficiency 
favoring the rectifier. This advantage is very much discounted 
in metropolitan areas where conversion units are added to and 
taken out of service as demands require, which effects an average 
load per unit of from 75 to 100 per cent of rating. 

It has not been demonstrated that the maintenance of metal 
tank mercury arc rectifiers will be any less than for other types 
of conversion apparatus. 

The auxiliary equipment required with rectifiers is much 
greater than with synchronous converters. 

On the whole, large rectifiers of the conventional type are per¬ 
haps in a class with 600-volt, 60-cycl<? synchronous converters 
before the introduction of high reluctance commutating poles 
and high-speed circuit breakers. m 

It is certain that if the rectifier is to stand as a distinct and 
economic advance in the art, something must be done to assure 
fewer service interruptions. The record established by modern 
synchronous converters in this respect will be difficult to equal. 
Also definite improvement in full load efficiency is fundamental 
to successful exploitation; otherwise the synchronous converifbr 
will be continued as a competitor with consequent economic loss. 

Mr. Atherton has described a new development—a sectional 
rectifier. Tank volume per unit of capacity has been so reduced 
that an assembly of four 750-kw. units requires considerably less 
space than a single 3,000-kw. unit of conventional design. Brief 
as has been experience in actual service following extensive re¬ 
search laboratory work and testing, indications are strong that a 
high order of availability is to be expected. Efficiency is definitely 
one per cent better than that of a single t£nk unit of equal rating. 
One or more sections may be removed from service without im¬ 
pairing service from th* remaining sections. Only a few minutes 
are required to disconnect a section. Division of load between 
sections is practically perfect. A seetionalized assembly mini¬ 
mizes the necessity for spare conversion equipment which is no 
small advantage in its favor considering capital investment in 
real estate, buildings, and switching equipment. 

The multiplication of auxiliaries might seem a formidable ob¬ 
jection, but surely not more so than the number of devices that 
go into an automatic substation. Having been intimately con¬ 
nected with this latter development, the success of which is 
unquestionable, I feel certain that there is very little cause for 
concern. 

, Truly, for the first time, I am enthusiastic about a rectifier. 

W. E. Gutzwilier: The idea of the sectional type rectifier is 
not new. Previous to the year 1926, when 1,000 amperes was 
about the maximum rating per rectifier tank, sectional arrange¬ 
ments were used by all manufacturers wherever larger capacities 
were inyolved. Practically all rectifier installations in this 
country between the years 1923 and 1926 had two rectifier tanks 
connected to a common transformer. In Europe at about the 
same period as many as six tanks were operated from one trans¬ 
former. Then rectifiers were usually assembled side by side on a 
common frame and were exhausted by a common vacuum pump 
set. As soon, however, as rectifiers of larger capacity had been 
developed sufficiently, it was found that their manufacturing 
cost, floor space requirements, and attendance were considerably 
less than for a sectional arrangement of smaller units and their 

* Application of Mercury Arc Power Rectifiers, by C. A. Butcher, A.I.E.E. 
Journal, May 1927, p. 446. 


reliability greater. The result was that the sectiona,! idea was 
»almost entirely abandoned. 

The smaller sizes of rectifiers have been undergoing a process of 
development for a great many years? whereby certain of their 
features have been sufficiently perfected resulting in a slight gain 
in efficiency when compared with the larger sizes more recently 
produced. Without doubt, however, further development of the 
larger types will follow along similar lines so that the present 
slight difference in efficiency will probably disappear. Where this 
slight gain in efficiency is a factor of considerable commercial 
importance as for instance in electrolytic plants, then the sec¬ 
tional idea can and has been adopted. 

The new feature of the rectifier described in the foregoing 
paper is the reduced overall height which permits at least for 
lower voltages, the compact assembly of a number of tanks side 
by side or one above the other in a cubicle form. This reduction 
in height is made possible apparently by placing the condensing 
dome into the are •chamber whereas in the conventional type 
rectifier, it is mounted on top of the arc chamber. The diameter 
and height of the arc chamber are the same as for our con¬ 
ventional 750-kw. 600-volt rectifier. But in my opinion this 
advantage of compactness has been purchased at too high a price 
for it has necessitated the placing of additional water cooling 
cylinders at points within the chamber where they are much 
exposed to the heat of the are—an innovation that is perhaps 
dangerous. 

The claims of this new sectional type rectifier are based on 
comparison of the conventional 500 and 3,000-kw. rectifier with 
a 3,000-kw. sectional type unit all at 600 volts direct current. No 
comparison is made between this rectifier and the conventional 
type in case of say 1,500 and 2,000-kw. 600-volt units or large 
rectifier units operated at 1,500 or 3,000 volts direct current. In 
other words, the author picked out the most favorable condition 
for his comparison and omitted all reference to medium size 
600-volt units and units at higher voltages. 

The arc drop curve for the sectional rectifier shown in Fig. 5, 
is substantially the same as for the conventional 750-kw. 600- 
volt rectifier built by other manufacturers. It is stated by the 
author that with increased tank capacity, the quality and re¬ 
liability decreases and further that the outage time per year with 
3,000-kw. rectifiers is several*times as great as with 500-kw. units. 
My experiences do not check with this; in fact, I find the re¬ 
verse to be true. This is independently confirmed by the 1931 
Report of the A.E.R.A. which shows a 2 per cent higher availa¬ 
bility factor for the 2,500 and 3,000-kw. units of which a total of 
ten units is listed as against twelve 500-kw. units. The sectional 
type 3,000-kw. unit has more electrodes, more seals, more weld¬ 
ings and several times as many auxiliaries and temperature con¬ 
trol devices than the conventional type rectifier. One would 
expect, therefore, that its reliability would be inferior to the 
single tank arrangement. 

As far as space requirements are concerned, there is a slight 
gain in floor space for a 3,000-kw. 600-volt sectional unit. Since, 
however, space for transformer equipment, switchgeaf, and con¬ 
trol remains the same as for a single tank unit and the rectifier 
seldom occupies more than 35 per cent of the total substation 
floor area, the total gain in space is not of much account. The 
headroom requirements of the above mentioned unit are some¬ 
what less than for a single tank type. Here again the space ad¬ 
vantage is less pronounced in the case of 1,500 and 2,000-kw. 
600-volt units and does not exist for 1,500 and 3,000-volt recti¬ 
fiers which the author omitted to mention. 

Contrary to statements made by the author, it has been found 
that the cost per unit of output decreases with larger capacity 
rectifiers. I find that for a 3,000-kw. 600-volt single tank unit, 
it is from 30 to 40 per cent lower than for a 500-kw. unit. Further¬ 
more, in case of small units the auxiliary apparatus represents a 
large percentage of the total unit cost. This, however, is not the 
case with large rectifiers as they require about the same amount 
of auxiliaries as small tanks. 



ATHERTON: SECTIONAL CONSTRUCTION 


517 


June 1932% 

The dengand for rectifiers so far is not in sufficient volume that 
nine?! could be gained from mass production. Also in any event* 
it would seem that even this small volume will require more than 
one tank size to take care* of all requirements; i. e., low-voltage 
and high-voltage units. Mass production, therefore, is hardly 
feasible; nevertheless, individual parts, such as, anodes, etc., can 
and are produced in quantities even with, conventional type 
rectifiers. * 

It appears to me that the claims made for this rectifier <have 
been somewhat over emphasized. Experience has shown that 
small sectional types have usually been later supplanted by large 
single tank types for reason of simplicity and reliability except 
in very special cases where other considerations were dominant. 
This is particularly true on fluctuating loads, such as heavy 
traction service where a real gain in reliability is of more im¬ 
portance than a slight gain in efficiency. 

R. E. Hellmund: Some of the discussio^ refers to the com¬ 
parative reliability and availability of sectionalized designs versus 
large unit designs. A somewhat similar example taken from the 
transportation field is given as follows. 

In the early clays of a-c. main-line electrification, a great deal 
of discussion took place on the relative merits of locomotives 
having one or two large motors and those having many small 
motors, such as the New York & New Haven locomotives having 
the multiple twin-motor arrangement. Practical experience 
showed very quickly that the reliability and availability with the 
large motors were very low because such unavoidable accidents 
as the breaking of a single carbon might damage the large com¬ 
mutator and keep the locomotive out of service a great part of 
the time. In contrast to this, a similar occurrence in the locomo¬ 
tives having many small motors, that is, “sectionalized power, 
permitted the quick replacement of the damaged motor and re¬ 
sulted in much greater availability of the locomotives. This was 
not a matter of theory but rather one of absolute fact and 
experience, and naturally it has practically eliminated any desire 
on the part of designers or operators for locomotives having large 
single motors. 

The same tendency would not be quite so marked in apparatus 
having but very few parts to get out of order, such, for example, 
as synchronous machinery, and in such cases the tendency is 
toward a few large units rather than toward sectionalization. 
The mercury arc rectifier, however, in its present stage of develop¬ 
ment is not in this latter class. It involves the fulfilment of 
various severe and difficult requirements, such as tightness of a 
great many welded and other joints, as well as absolute cleanli¬ 
ness both during the construction of the rectifier and during 
repairs in the field. The smallest defect in either direction results 
in troubles and in failure. I have no doubt that under such con¬ 
ditions as these the sectionalized design will in the near future 
demonstrate its superiority over the large unit design from the 
standpoint of both maintenance and availability. 

A- L. Athertons Mr. Hull indicates disagreement with the 
reasons on which the sectional arrangement of large capacity 
rectifiers has been based. In view of his standing as a scientist, 
we may accept his fundamental statements, especially since they 
deal with a point which is relatively well established and generally 
known. It seems, however, doubtful to me if we may so readily 
accept the application of these fundamentals. That part of the 


arc path within tfie shield around the anode is not increased in 
cross section with increase in size of the rectifier. If a single set 
of six anodes was usfcd for the same total output in the large and 
small capacity rectifiers, we might assume this relation to be as 
he has stated but this is not the ease in today’s practise. The 
3,000-kw., 600-volt rectifiers are made usually with either 12 
or 18 anodes which gives a rating of 1,000 to 1,50?) kw. per set as 
against 500 or 750 for the sectional arrangement and for the 
smaller conventional units. Similarly, throughout the arc the 
effective cross section is not increased with length as the tank 
size is increased. The barriers, constructional or otherwise, to 
retaining the same design parameters in the larger units as were 
used in the more fully developed smaller units, are likely to 
prove sufficiently permanent to prevent this kind of working out 
of large single-tank units. 

As Mr. Hull has indicated, reliability is probably affected by 
the same factors as efficiency, since it depends on conditions in 
the gas path. I do not think that we have anything so simple to 
deal with as the obvious but rather negative thought that the 
arc does not tend to concentrate on a single point. The amount 
and condition of vapor available for conductivity, its state of 
rest or motion as a body* the interaction between arcs which are 
carrying current and paths which are expected to withstand back 
voltage, and many other complicating and complicated factors 
enter the question of reliability 

As is usually the ease in a development or investigation in 
which all of us know a relatively small share of what is to be 
known, we shall each of us have to be guided by our available 
knowledge and beliefs at the time. The course of events will 
determine which is the correct procedure. This much seems to me 
to be quite definite; in its present state of development, the 
sectional rectifier does have a material and valuable advantage 
in efficiency over the single-tank units of large capacity. I think 
that the same relation holds for reliability factors. I think that 
the convenience of concentrating the manufacturing problem in a 
reduced number of sizes will offset the fundamental disadvantage 
of the requirement for a greater number of pieces and a greater 
amount of material. I may be wrong in believing that these 
advantages will be retained as the developments progress. Time 
alone can tell. 

Mr. Gutzwiller’s reference to the experience in makiifg up 
larger capacities of parallel installation o? smaller capacity units, 
adds to our overall picture and it demonstrates anew the fact 
that valuable procedures are not always recognized at first. 

He refers repeatedly to the gain in efficiency as slight. This 
gain at 3,000 kw., 600 volts amounts to approximately 1 per 
cent. For average load conditions in metropolitan traction ser¬ 
vice and with usual power rates, this gain in efficiency is worth 
from $750 to $1,500 per year, or capitalized at 15 per cent, from 
$5,000 to $10,000 in first cost. This is from 10 to 25 per cent of 
the normal cost of a rectifier of this capacity. The magnitude of 
the gain is evidently a question of point of view. « 

Here again, we shall have to depend on time to give the final 
answer. In the meantime, we who think of sectional designs as 
desirable can take considerable comfort in the example. Mr. 
Hellmund has given of a well known and definitely established 
practise of sectionalizing for the sake of just these same gains 
that we feel are secured by sectionalizing the large capacity 
rectifiers. 


Preparing Substations for Electric Operation 

Philadelphia to Trenton* Electrification, P.R.R. 

BY L. B. CURTIS 1 

Member, A.I.E.E. 


Introduction 

• 

NVOLVED in the extensive electrification program 
recently announced by the management of the Penn¬ 
sylvania Railroad between New York and Wash¬ 
ington are approximately forty substations. Eleven of 
these, including those covered by this paper, are already 
in operation. A definite program for testing these sub¬ 
stations before placing them in operation had evolved, 
and it was thought advisable to combine these tests in 
a single set of instructions. This has been elaborated 
somewhat in this paper. 

Since Edgely substation is typical of the majority of 


A. Preliminary tests without d-c. control and 

a-c. power. 

B. Tests with d-c. control but no a-c. power. 

C. Tests with d-c. control and a-c. power. 

Group A— Preliminary Tests without D-C. 
Control and A-C. Power 

Current Transformer Polarity Test 

Due to the fact that differential protection is em¬ 
ployed in some instances it is imperative that the polari¬ 
ties of current transformers installed in the bushings 



TO CORNWELLS 


I! KV. TROLLEY LINES 


TO MORRlSVILLE 


Pig. 1—Edgely" Substation Wiring Diagram 


the forty substations, it is used to exemplify the testing. 
The other substations included in the Trenton electrifi¬ 
cation are Frankford Junction, Cornwells, and Morris- 
ville. The standard apparatus consists mainly of 4,500- 
kva. step-down transformers, high-speed trolley break¬ 
ers, necessary 132-kv. and 11-kv. switches and breakers, 
and control equipment. 

The testing may be separated into the following three 
groups: 

1. Supervisor of Substations, P.R.R. 

Presented at the Winter Convention of the A.I.E.ENew York, 
N. Y., January 25-29, 1982. 


of all power transformers and circuit breakers be cor¬ 
rect. All protective relays receive their actuating cur¬ 
rent from these transformers. The end of the current 
transformer corresponding to the top of the bushing is 
lettered a, and is understood to have the same instan¬ 
taneous polarity as the top of the bushing terminal. 

Fig. 1 shows the connections for checking polarity. 
A millivoltmeter is connected across the secondary of 
the current transformer about to be tested with the plus 
terminal attached to the a side. Two or three dry cells 
connected in series have their negative terminal con¬ 
nected to the bottom of the bushing terminal. When 
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the positive terminal is touched to the top of the bush¬ 
ing, or on the “make” there should be a positive de- ' 
flection on the millivoitmeter. A negative deflection 
, takes place on the “break.” When the current trans¬ 
former is connected through to the control and relay 
board, the above test is repeated with the millivoitmeter 
connected across the test switch behind the board. 
Every current transformer is tested in a similar manner. 

Circuit Breaker and Transformer Oil Test 

Samples of oil from all oil-filled equipment must be 
tested for electrical breakdown strength before the 
equipment is energized. At least six samples are taken 
in each case. With the electrodes in the test set spaced 
0.1 inch apart the average breakdown" value must not 
be less than 25,000 volts. 

Transformer Megger Test 

All transformers are meggered to test their insulation. 
Readings are taken from high winding to low winding, 
from high winding to ground, and from low winding to 
ground. All readings must be sufficiently high to insure 
the absence of moisture, short circuits, and grounds. 

Power Transformer Tap Changing Device Test 

The power transformers are equipped with a tap 
changing device on the top cover in order to vary the 
voltage ratio between the high-voltage and low-voltage 
windings. A definite ratio is decided upon and all step- 
down transformers on the system are set on this tap. 

Manual Operation of All Switching Equipment 

All manually and electrically operated switches must 
be carefully adjusted for alignment and smooth opera¬ 
tion by hand. No electrical operation of motor operated 
switches should be attempted before perfect operation 
is performed manually. 

Electrical Interlock Test 

In order to secure safety for the operators, and pro¬ 
tection for the equipment, some of the apparatus are 
interlocked. The physical features of the interlocking 
parts should be carefully inspected so that all moving 
parts move freely. 

Physical Check of All Relays 

All protective relays are given a predetermined setting 
after an examination as to their condition. The relays 
are operated by hand to determine the contact adjust¬ 
ment and if any friction exists between movable parts. 

Group B—Tests with D-C. Control but No 
A-C. Power 

- D-C. Energizing of Relay and Control Board 

The combined relay and control board is now ener¬ 
gized with the 125-volt control battery, one section at a 


time. Two lamps connected between the negative an 
positive buses and .ground.indicate whether any groun 
exist. 

Electrical Control and Indication Iest 
In the switch house on the control board there is a 
Rouble pole switch that throws the control, either on 
“station control,” that is, control from the switch house, 
or “tower control” which is control from the neares 
railroad tower. Every electrically operated piece of 
equipment in the substation is operated by means of the 
drum control handles on the control board both in the 
substation and in the tower. A green light indicates 
“open” and a red light “closed.” Every operation and 
indication must be perfect. 

Electrical Interlock Test 
The apparatus that is interlocked together, some to 
open a load circuit in a breaker instead of in a discon¬ 
necting switch, and some to prevent a ground switch 
from being closed on a live circuit is now operated from 
the control board. The interlocking features must work 
every time. 



BREAKER CLOSED 

F ig> 2 —Connections for Checking Current Transformer 
Polarity 

Manual Relay Operation Test 

The last test of this group is to check the relay opera¬ 
tion of all equipment by causing the relays to function 
by hand. Inasmuch as the operation of these relays will 
be described under the a-c. tests it will be omitted here. 

Group C—Tests with D-C. Control and 
A-C. Power 

Preliminary 

It is necessary to take the following precautions and 
preparations before these tests begin: 

a. The entire catenary and transmission lines to be 
tested must be inspected for visible grounds and broken 
insulators. 

b. A direct telephone connection must be had with 
the power director. 

c. All temporary grounds at the substation must be 
removed except those on trolley feeders for tests one to 
eight inclusive. 

d. Sufficient number of ground sticks for applying 
grounds must be on hand. 

e. All necessary instruments for testing must be on 
hand. 
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f. A program of procedure must be set up and all 
involved in the test must hav.e a copy so that it is thor¬ 
oughly understood by all concerned what is to take 
place. 

g. All interested in the test must be previously noti¬ 
fied and be present when and where required. 

Energizing Test of Transmission Line 
The first of the a-c. tests is to build up the potential 
on the transmission lines. All 132-kv. line switches 
(132, 133, 232, and 233 in Fig. 1) are closed. The 132- 



T - 13.3/132 KV. TRANSFORMER E8J - OPEN CIRCUIT BREAKER 

□ - CLOSED CIRCUIT BREAKER X- 132 KV. HORN GAP SWITCH 

Fig. 3—Schematic Diagram for Phasing Tests 


kv. transformer horn-gap switches (1 H and 2 H) are 
opened. The voltage is then raised at Lamokin whSre 
power is obtained to M, V% H, and full voltage, check¬ 
ing for grounds at each step. These would show on 
ammeters at Lamokin. When full voltage is reached it 
is allowed to “soak” for five minutes. Then the power 
is removed and applied two or three times suddenly at 
full voltage. 

Energizing Test of Power* Transformers 

Both transformer horn-gap switches (1 H and 2 H in 
Fig. 1) are now cldsed, in addition to those in test 1. 
The voltage is built up as before, including the step- 
down transformers in the energizing. 

Phase Test between 132-Kv. Lines and 11-Kv. 
Buses 

a. The first step is to phase out the 132-kv. trans¬ 
mission lines. The 132-kv. line and tie switches (132, 
133, 232, 233, and 12 in Fig. 3) are closed and all other 
switches and breakers opened. The voltage is built up 
and fed into one bus section at Lamokin from the gener¬ 
ator, over one transmission line through the 132-kv. tie 
switch, and back to Lamokin over the other transmis¬ 
sion line. If the pointer of the synchronoscope stops in 
the proper position the lines are in phase. 

b. The next step is to phase through the 11-kv. bus 
instead of the 132-kv. tie switch. The tie switch 12 is 
opened and the transformer horn-gap switches 1 H and 
2 H, the transformer low side breakers LL and 2 L, and 
the bus tie breaker BB are closed. The voltage is built 
up at Lamokin as in the preceding test. 

Energizing Test of Entire Substation 

All switches and breakers in the substation are now 
closed except the T-disconnect switches where the 


feeders leave the substation. The substation is ener- 
* gized with full voltage to allow the equipment and buses 
to “soak” for several hours in-order to show up any 
defective insulation. 

Calibration of Potential Device 

While the substation is energized the potential de¬ 
vices connected to the 132-kv. bushings of the step- 
down transformers are calibrated. These devices 
furnish potential to the transmission line ground pro¬ 
tective relays and must be calibrated for the particular 
relay used. A phase meter is used to read the phase 
relation between the system or reference voltage and 
voltage of the potential device. The watt component 
of the phase meter’s burden should closely approximate 
in value that of the relay burden. The relay is blocked 
so it cannot operate and is disconnected during the test. 
The test connections are shown in Fig. 4. A condenser 
C is used across the phase meter in order to make the 
burden of the latter approximately that of the relay. 
A high resistance voltmeter is used to read the voltage 
across the potential device. The reference voltage is 
obtained from a potential transformer which is con¬ 
nected to the 11 kv. bus and should be constant during 
the test. A 100-watt lamp is used to obtain approxi¬ 
mately one ampere 100 per cent power factor load. The 
values of reactors, transformer ratio, and condensers in 
potential device are varied so as to get a combination 
that will give approximately half reference voltage 
across the potential device, and the lowest possible 
phase difference. When this condition has been ob¬ 
tained the phase meter is disconnected and the relay 
reconnected. 

The potential device on the other side of the trans¬ 
former is then checked as above, and the same results 
obtained. The blocking may then be removed from the 
relay. 



Fig. 4—Potential Device Test Connections 


Reduced Voltage Ground Test on High-Speed 
Breakers 

At Lamokin, jumpers are placed across the low- and 
high-voltage bushings of a step-up transformer so that 
generator voltage is impressed directly on the trans¬ 
mission line. The generator voltage is built up to 
approximately 11,000 volts which is reduced to 1,000 
volts at the substation. With the 11-kv. bus dead, a 
high-speed breaker is grounded on the feeder side to the 
substation steel with a ground stick. This is indicated 
by X U in Fig. 5. Then all switches and breakers in the 
substation are closed except the disconnect switches on 
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the out-gqjng feeders, and the high-speed trolley break¬ 
ers. "The grounded breaker is then closed from the 
control board in the switch house. 

The oil breakers are controlled from a set of three 
'relays; impedance, load compensating, and instan¬ 
taneous and time delay which are fed from current 
transformers located on the bus side of the trolley 
breaker. The load compensating relay can be con¬ 
sidered as a part of the impedance relay, by changing 
the resistance value in series with the restraining coil of 
the latter. The impedance setting of the impedance 
relay is equal to 9/10 of the impedance of the trolley 
section to which the corresponding breaker is con¬ 
nected in order to avoid getting any overlapping of 
protection caused by inaccurate calculation. There is 
a directional element in series with the impedance 
element so that the relay will operate only when the 
fault is on the trolley or feeder side of the breaker. 

The instantaneous and time delay relay has two over¬ 
load elements, one high-speed with a current setting, 
and the other time-delay with a lower current setting. 
When a ground occurs close to one substation such as 


232G 233 



TROLLEY FEEDERS 

Fig. 5—Location of Grounds—Edgely Substation 


the one imposed above, the impedance relay will usually 
open the breaker feeding the fault. At the next sub¬ 
station, the breaker at the other end of the line wall be 
opened by the high-speed element of the instantaneous 
and time delay relay. The ^impedance relay at this 
point being outside the setting zone will not operate. 
When the ground occurs midway between two sub¬ 
stations the breakers feeding the faulty line will be 
opened by.the impedance relay. The time delay ele¬ 
ment of the instantaneous and time delay relay acts 
as a back-up protection and also functions to clear stub 
end faults at minimum generating capacity. 

The high speed air trolley breaker operates from either 
of two independent devices serving different purposes, a 
high speed device which is a part of the breaker, and a 
directional overcurrent, undervoltage r.elay. 

The high speed device operates on a sudden current 
increase which is characteristic of a ground. It does not 
operate in the case of a gradually increasing current. 

.The directional overcurrent, undervoltage relay takes 
care of this condition. This relay is fed from a current 
transformer on the trolley feeder side of the breaker. 


As the current demand increases, the voltage drops, and 
' if this condition reaches a predetermined value the 
relay will operate to open the breaker. 

If the oil or air breaker as the case may be operates 
satisfactorily, the bus is killed, and the ground stick 
applied to the next breaker. Every high speed trolley 
breaker is tested in this manner. 

Reduced Voltage Ground Test on 11-Kv. Trolley 

Buses 

A ground is now imposed on one of the 11-kv. trolley 
buses as shown in Fig. 5 at V. All breakers and 
switches in the substation are c’osed except the switches 
on the outgoing feeders, and the two transformer 
breakers 1L and 2L. A bus ground is caused by closing 
these two breakers simultaneously. 

The bus differential protective relay is connected to 
current transformers located on the side away from the 
section to be protected of the bus tie breaker, the cor¬ 
responding transformer breaker, and the trolley feeder 
breakers. The sum of the currents leaving the bus 
through the trolley breakers connected to one bus sec¬ 
tion under normal conditions is equal to the current 
entering the bus through the transformer breaker plus 
or minus the current flowing through the bus-tie 
breaker. The secondaries of all the above current 
transformers are connected together in such a way that 
under normal conditions there is no current flowing 
through the relay. On a bus short circuit or ground, 
however, this equilibrium is disturbed and the relay 
operates. This energizes a set of auxiliary relays which 
opens all breakers connected to the faulty bus section, 
and also a lock-out relay which locks open all closing 
circuits of these breakers so that they cannot be closed 
from the control board until the lock-out relay is reset 
by hand. The other bus section is tested as above. 

Reduced Voltage Test for Transformer Internal 

Faults 

A ratio differential relay is used to protect the 4,500- 
kva. step-down transformers against internal faults. A 
ground stick is attached near the trolley side of the low 
voltage bushing as shown at W in Fig. 5. If the test is 
made on No. 2 transformer the transmission Ime horn- 
gap switches 232 and 233 (Fig. 5) of the transmission 
line feeding this transformer should be opened. The 
other transmission line is energized "with the reduced 
voltage, and 1 H, 2H, 1 L and BB are closed. The 
ground is caused by closing breaker 2 L. 

The ratio differential relay is energized by two sets 
of current transformers, one set consisting of two cross- 
connected current transformers on the high voltage side 
of the step-down transformer, and the other of a similar 
combination on the bus side of the transformer breaker. 
The relay has an operating coil and a restraining coil, 
there being no current flowing in the former under nor¬ 
mal conditions. When a fault occurs in the trans¬ 
former the balance between the two sets of current 
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transformers *is disturbed and the unbalanced current 
flows through the operating, coil causing the relay to' 
operate. This causes the transformer breaker 2L to 
open and after a sequence of operations which allows 
the fault current to decrease to safe value, the trans¬ 
former horn-gap switch 2 H opens thus isolating the 
faulty transformer. The test is then repeated on No. 1 
transformer. 

Phasing and Insulation Test of Catenary System 

The reduced voltage tests having been completed the 
catenary system is now tested for insulation and phasing 
using the same system set-up as for test 3, except that 
the ring-bus at Lamokin is not sectionalized. The 
temporary grounds on the out-going trolley feeders are 
removed and all breakers and switches are closed. The 
voltage is raised to M> V%> M> and full voltage, thus 
energizing the entire catenary system as far as the test 
is to go. If the generator ammeter at Lamokin regis¬ 
ters zero the trolley system is properly phased and the 
insulation is good. If thqre is a current flowing the 
trolley feeder breakers should be opened one at a time 
until the faulty section is located. 

Full Voltage Ground Test on Transmission Lines 

After full voltage ground tests are made on high-speed 
breakers similar to test 6, the transmission lines are 
tested at full voltage. Reduced voltage tests are also 
made but as the operation is the same for both tests one 
description will suffice. 

The transmission line ground protection as stated in 
test 5 is obtained with a differential relay which receives 
its potential from condenser potential devices. The 
ground is obtained by closing one leg of the 132-kv. 
gr@und switch, the other leg being previously discon¬ 
nected from the motor-operated mechanism when the 
system is dead. The location of this ground is shown 
at Yin Fig. 5. 

When a ground occurs on one side of the transmission 
line the voltage on that side of the potential device 
approaches zero depending upon the nature of the 
ground, and the voltage on the other side approaches 110 
volts. The balance in the relay being disturbed, it 
operates, causing the corresponding step-down trans¬ 
former breaker to open.. This same operation takes, 
place at each substation feeding into the faulty line. 
In Philadelphia at D-l substation, the line is section¬ 
alized by a 132-kv. breaker which also opens, thus dis¬ 
connecting the faulty transmission line from all sources 


of power. The same test is performed on r the other 
transmission line. 

Full-Voltage Short-Circuit'Test on Transmission 

Lines 

The 132-kv. transmission lines are protected from 
short circuits by means of directional control relays. 
Tlje short circuit is caused by closing both sides of the 
132-kv. ground switch. The trolley feeder network 
supplies power to the short circuit through all step-down 
transformers connected to the faulty line. The power 
flow is thus in the reverse direction from normal and is 
used as an indication of fault conditions. 

The directional control relay has an overcurrent ele¬ 
ment which receives its current from a current trans¬ 
former located on the low-voltage side of the 4,500-kva. 
step-down transformer, and a power directional element 
receiving potential from a 11,000/110-volt potential 
transformer connected to the corresponding trolley bus 
section. The directional element contacts must be 
closed before the overcurrent element can start to 
operate. The operation of this relay causes the cor¬ 
responding transformer circuit breaker to open. Like¬ 
wise all transformer breakers connected to the faulty 
line open as well as the seetionalizing breaker at D-l 
substation, thus disconnecting the faulty line from all 
sources of power. This test is repeated on the other 
transmission line. 

Conclusion 

It is hoped that this paper has shown the complete¬ 
ness and thoroughness of the substation testing required 
by the Pennsylvania Railroad to insure a minimum of 
train delay with a maximum of protection under elec¬ 
tric operation. 
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Time and Its Measurement 
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T HE nature of time and its relation to space in the 
theory of relativity, is not discussed here but it is 
assumed that, for our purposes, the Newtonian 
definitions give a sufficiently accurate picture. 

Definition of a Time-Keeper 
A time-keeper, whether terrestrial or celestial, may be 
considered as consisting essentially of a fixed dial and a 
moving pointer. A complete observation can be re¬ 
garded as a comparison of the angles described by the 
pointers of two time-keepers between two signals, at 
each of which the positions of the pointers are simul¬ 
taneously observed. This comparison of angles is then 
translated into a comparison of intervals of time by 
means of certain assumptions made as to the nature of 
time. In our daily life one of the time-keepers is used 
as a standard for judgment of the other which may, for 
example, be the interval between the departure and 
arrival of a train or that between the successive de¬ 
mands of the body for nourishment. Every observation 
demands the presence of two or more time-keepers. 

In order that an observation may be made, the cir¬ 
cumference of the dial is divided into two or more equal 
parts or it may have a single mark only. With some 
time-keepers the observations are made only when the 
pointer is opposite a mark. When a simultaneous posi¬ 
tion of the second pointer cannot be well estimated, a 
simultaneous observation with a third time-keeper, 
having a highly divided dial or a rapidly moving pointer, 
is necessary. 

The pointer is actuated by a mechanism which is 
governed by the laws of motion. In some mechanisms 
the law of gravitation also plays a leading part: in 
others, physical laws of a different nature are mainly 
responsible for its motion. Most of the terrestrial 
mechanisms are constructed by human agency and are 
therefore under a certain degree of control. Celestial 
mechanisms can not be controlled. 

Errors 

Since our ability to deduce results from these mecha¬ 
nisms is limited and is subject to error, the discussion 
resolves itself from the outset into a consideration of 
the errors which may exist when an observation is made. 

It will be convenient to divide these errors into three 
classes: 

1. Lack of precision in the statements of the laws 
under which the mechanism is supposed to move. 

2. Errors in the applications of these laws to the 
mechanism. 
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3. Errors in the reading of the pointer, usually called 
errors of observation. • 

From the practical point of view, Newton’s three laws 
of motion on which our chief time-keeper, the earth, 
rotating on its axis, is mainly dependent, may be re¬ 
garded as possessing an accuracy far beyond our powers 
of detection. The same may be said of the Newtonian 
law of gravitation in the practical applications to time 
measurement. Less accurately known are the laws 
governing the kinetic reactions of matter usually stated 
under the terms, elasticity, rigidity, hysteresis, etc. 
Perhaps in the same class can be placed the phenomena 
classified under the terms electricity and light. With 
the earlier time-keepers these have been used only for 
the transmission of signals where the accuracy for time¬ 
keeping purposes is very high; in the latest time-keeper, 
the oscillating crystal, electricity has become part of the 
mechanism 

Errors in the application of the laws are usually numeri¬ 
cal or mathematical; these can be eliminated. A more 
frequent source of error is the omission of the effect of 
known or unknown reactions of matter, such as friction, 
elasticity, etc. Errors of observation of terrestrial 
time-keepers are largely under control and can be 
eliminated to almost any extent by the development 
of suitable devices. Those of celestial observations are 
numerous: some follow known laws and can. be allowed 
for to a greater or less extent; others are unknown and 
their effects can*be discovered by indirect methods only; 
still others which appear to have no systematic charac¬ 
ter are supposed to follow certain la\ys of error and are 
reduced by multiplying the number of observations. 

Standard Time-Keepers. Definitions of Error 
and Correction 

The use of the word error implies the existence of a 
perfect time-keeper. No such mechanism exists. We 
can only make comparisons between different time¬ 
keepers. Any definition to be useful in practise must 
take this fact into account. „ 

The error of a time-keeper, at any instant is the dif¬ 
ference between the reading of its pointer and that of 
another time-keeper which has a similar dial and whose 
pointer is constructed to have the same angular ve¬ 
locity, the latter being used as a standard. The angular 
velocity of the pointer of the standard may be different 
from that of the first time-keeper provided its dial is 
proportionately divided. The “accumulated error” 
in any interval is the difference of its readings at the 
beginning and the end of the interval, less the corre¬ 
sponding difference of the standard. The error is taken 
to be positive when the pointer is'in advance of that of 
the standard. Thus, the error of a time-keeper includes 
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that of the standard. They may be partially separated 


various devices known as chronographs, are,employed, 
the accuracy with which these can be constructed to 
HUnriA inp «pcAnd into anv number of equal parts being 


only by the use of the theory of errors applied to nu- r 
merous time-keepers observed on many occasions. With 
an actual mechanism as a standard, the position of its 
pointer must be corrected for any errors which are 
known. * 

Fundamentally, all our observations can be con¬ 
sidered as those of angles, but it is convenient to express 
them in time. The angular error of a time-keeper is 
expressed in time by its ratio to the angle described by 
the pointer of the standard in a given interval, mul¬ 
tiplied by this time interval. Since the errors with 
which we deal are usually small, whether of the time¬ 
keeper or of the standard, the error of the standard has 
little effect in this translation of an error of a time¬ 
keeper from angle to time and can ordinarily be neg¬ 
lected. In future it will be supposed that this transla¬ 
tion has been made. 

The correction of a time-keeper is the amount which 
must be applied to it in order that it may agree with the 
standard. It has, therefore, the opposite sign to the 
error. 

Definition of Rate and Change of Rate 

The rate of a time-keeper is less easy to define accu¬ 
rately. The average rate over a given interval is .per¬ 
haps best defined as the ratio of the difference of the 
readings at the beginning and end of the interval to the 
corresponding difference of the standard in the same 
interval. The real rate at a given instant is the limit 
of this ratio.as the interval approaches zero, but as this 
is not measurable, average rates must be used. Un¬ 
fortunately, the word “rate” is used sometimes in this 
sense and sometimes as meaning* the difference of this 
ratio from unity, expressed in terms of the standard. 
Thus if we talk of a time-keeper having a daily rate of 
+l s we mean that at the end of a day the reading is 
behind that of the standard by an angle which is 1/86400 
that described in a day by the standard. The rate of a 
time-keeper thus defined is positive when it is losing on 
the standard. 

A daily change of rate is the difference of the rates 
thus measured on successive days. 

T ime-Keep ers which Divide Intervals of Time 

In the description of the dial and pointer illustration 
it was mentioned that with some time-keepers the posi¬ 
tion of the pointer could be observed only when it was 
opposite a mark. Different kinds of time-keepers are 
needed, some of which can be observed accurately at 
more frequent intervals than others. The dial may be 
divided into more parts or the pointer may revolve more 
rapidly. We thus have a second function of the time¬ 
keeper, that of dividing an interval into equal parts. 

Our fundamental standard is, in theory, observed 
once a day and the chief function of the terrestrial 
clocks has been to divide this into 86,400 equal parts 
called seconds, the equality of the parts being a funda¬ 
mental aim of the mechanism. For smaller divisions, 


far in excess of practical needs. 

The Fundamental Standard 
As stated, the fundamental standard for time mea¬ 
surement is the rotation of the earth about its axis. 
According to the laws of motion, certain ideal bodies 
will rotate about their axis with constant angular veloci¬ 
ties. Most of the apparent deviations of the actual 
earth from such an ideal are calculable or measurable 
or both, and can be applied to the observations. One, 
which will be mentioned later, has been made definite 
only within the last few years and is of considerable 
importance. '* 

With this standard, the pointer is the telescope of the 
transit instrument and, in theory, the dial is marked with 
a single star only, so that the observations are made 
once only in each revolution, that is, when the pointer 
is on the star. In practise, however, many stars are 
used, the time from one to the next being carried by the 
astronomical clock whose rate is afterward determined 
by the observations. 

Errors of the Fundamental Standard 
The errors of the dial of this time-keeper are those of 
the angular positions of the stars relatively to one 
another and of their relative motions; these have been 
reduced to very small quantities by numerous observa¬ 
tions and thus the relative position of and motions of 
these “clock stars” are known with high accuracy. 
Next comes the personal error of the observer in re¬ 
cording the time on the clock when the pointer is on the 
star. This error again, partly by mechanical devices, 
partly by experience, and partly by measurement, can 
be nearly eliminated. Next the errors due to move¬ 
ments of the instrument and of its parts relative to the 
ground on which it is placed, are under a certain degree 
of control and measurement. Finally, there are anoma¬ 
lous refraction errors due to the movements of the at¬ 
mosphere and others duetto the local movements of the 
ground relative to the whole earth which are probably 
very small but which are not under control. 

Under the best conditions none of these circumstances 
should produce serious accumulated errors over periods 
of a few days or longer. Meridian observatories of the 
first class expect to be able to give the daily time within 
one or two-hundredths of a second. But considerable 
doubts concerning the actual accuracy must be enter¬ 
tained as long as these observatories show differences 
amongst themselves running up to one or two-tenths of 
a second and persisting for weeks or months at a time. 
There is too little known about the nature or causes of 
these differences for any one observatory to be able 
justly to claim substantial superiority over all the others 
in the accuracy of its time determination. The day-to- 
day accuracy permits of tests; the week-to-week or 
month-to-month accuracy is doubtful. 
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Changes in the Rate of the Fundamental 
Standard 

The important exception in our knowledge of the 
, deviations of the rate of rotation of the earth from con¬ 
stancy has been demonstrated by observations of the 
moon, sun, planets and satellites. In the comparison 
of gravitational theory with observation of these bodies, 
they agree substantially with one another in their mea¬ 
sure of the time and disagree with the earth. The 
nature of these variations is such that errors in theory 
or observation as their source are highly improbable. 
Quantitative calculations also indicate that they arise 
from forces which act below the earth’s crust. Calcula¬ 
tion and dynamical theory then indicate that one result 
of their action must be changes in the external radius of 
the crust. 

These changes of rate of our principal time-keeper are 
irregular. Ordinarily they are very small and can be 
detected as having occurred only in the discussion of ob¬ 
servations of the moon. But there have been two occa¬ 
sions when no doubt concerning their orders of magni¬ 
tude can be raised. During the interval 1893 to 1900 
the rate can not have diminished by less than one part in 
30,000,000 and was probably greater. Again within 
two or three years of 1917 it increased again by about 
one part in 40,000,000. The chief doubt is the interval 
during which each change was completed; it may have 
been anything less than seven years in the first case and 
less than five in the second. 

The complete technique by means of which these 
changes are demonstrated is so highly specialized and 
so laborious to carry out that few living investigators 
have been able to examine it in detail. The results de¬ 
pend for their reliability on several investigations which 
have been published within the last eighty years and 
which have been carried out by different methods. The 
observational effects are so large, speaking relatively, 
that no doubt can be entertained regarding them. The 
rejection of them implies that an astronomically deter¬ 
mined unit rate may sometimes differ from its average 
value by as much as one part in 30,000,000: their ac¬ 
ceptance permits the error to be later reduced to about 
one-tenth of this amount. 

Comparisons Between Time-Keepers 

It will be seen that there are considerable differences 
in practise between the accuracy which is attainable in 
the comparison of two or more time-keepers in the past, 
at the present moment and in the future. High accu¬ 
racy in many astronomical determinations depends on 
the multiplication of the observations. Slow systematic 
changes of rate can only be determined by observations 
spread over a considerable length of time. Other 
changes of rate cannot at present be predicted. No 
method of judging the accuracy of a time-keeper is of 
* general application unless it specifies the nature of the 
errors under consideration, the length of the interval 
over which it is to be judged, and the standard with 


which it is to be"compared. While mention of an ideal 
* time-keeper may .give mental satisfaction, it has no 
place in actual measurements. Indeed, the tendency of 
modern physics appears to lean towards the abolition 
of all consideration of hypotheses which ^assume the 
existence of phenomena which cannot be observed. 

Mean Solar Time 

The direct use of the fundamental standard is con¬ 
fined to the astronomical observatory: it is more con¬ 
venient for the layman to use an intermediate standard 
which is related to the position of the sun. For purposes 
of definition we can regard this time-keeper as a pointer 
referred to a mark on a dial which is made to move with 
constant angular velocity, this velocity relative to the 
fixed stellar dial having been previously determined by 
observation and gravitational theory. 

In the early stages of human history, the mark on the 
moving dial was the actual sun. It was later found that 
such a mark judged by the stars was in advance or be¬ 
hind its average position by as much as one per cent in 
the course of a year. Later still gravitational theory 
enabled the astronomer to calculate the deviation very 
accurately and finally, by observations extending over a 
long interval of time, to obtain the average velocity also 
with high accuracy. The moving dial makes a complete 
circuit in the same time that the pointer takes to make 
some 365 circuits. 

In practise, the astronomer compares the time shown 
by transit observations of the stars with his “sidereal 
clock” constructed to have the same rate. For the lay¬ 
man he translates this into civil time by calculation. 
The instant at which the day shall begin is a matter 
of agreement and definition. 

The mean solar day is the intervalbetween successive 
coincidences of the pointer with the moving dial. The 
mean solar second is 1/86400 of this. 

Gravitational Effects on Pendulum Time-Keepers 
This paper concludes with a few remarks concerning 
the astronomical and geophysical forces acting on cer¬ 
tain types of terrestrial time-keepers. All of the latter 
which are in practical use for accurate time-keeping are 
oscillators. These are of two types, those which oscil¬ 
late principally under the action of the laws of gravita¬ 
tion and those whose oscillations are controlled chiefly 
by that property of matter which we call elasticity. 
As far as we know, the latter are practically independent 
of gravitational action or can be made so. They need 
not, therefore, be further considered in this connection. 

The pendulum clock depends mainly on gravitational 
action for its motion and any change in this action may 
alter its time-keeping properties. As far as the gravita¬ 
tional actions of outside bodies are concerned, no prac¬ 
tical effect can be detected. Just lately, for the first 
time, the action of the moon, which is the greatest ex¬ 
ternal eff ect, was measured by the Loomis chronograph 
and shown to give accumulated errors which were 
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always less than two ten-thousands of a second as indi¬ 
cated by theory. This also included those indirect' 
effects caused by the moon such as tidal action both in 
the oceans and in the change of shape of the earth, etc. 

A much more serious effect can be produced by a 
change in tte distance of the pendulum from the center 
of the earth. If the clock be raised one foot, its rate wiH 
be changed by one part in twenty million and the accu¬ 
mulated loss as a time-keeper will be one and a half 
seconds in a year. The changes in the rate of rotation 
of the earth have been mentioned previously. Under 
two extreme hypotheses, the outer radius was changed 
near 1897 by 5 in. or 12 ft. The former change would 
have meant an accumulated error of the clock of 0 S 6 in 
a year; the latter 18 s . In either of these two cases the 
star transits would have shown I s as against the moon. 
Thus the comparison of the clock with star transits 
would have shown an apparent gain of 0 S 4 in the one 


case and an apparent loss of 17 s in the other. If any 
such change as the latter takes place in the future within 
an interval of a year, it can certainly be detected by the 
averaging of results of the Shortt clocks which are now, 
in operation under the best conditions. Even if the 
change took three or four years to complete, it probably 
could still be detected. It must be remembered, how¬ 
ever, that it is an extreme hypothesis constructed to 
account for a certain phenomenon, without any col¬ 
lateral evidence as yet to support it. The hypothesis 
may be good for a smaller value or it may have to be 
rejected altogether. At present, it appears to be neces¬ 
sary qualitatively, whatever the quantitative value 
may be. 


Discussion 

For discussion of this paper see page 550. 
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Modern Developments in Precision Clocks 
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A T THE beginning of the present century it was 
believed by many that the limit of accuracy at¬ 
tainable by mechanical clocks had been reached. 
This presumption was based on the performance of 
specific mechanisms which had indeed been brought to a 
high state of perfection, but this presumption did not 
allow for the possibility of other types of mechanism for 
measuring time nor for certain refinements that have 
since then more than doubled the accuracy and reli¬ 
ability of the best clocks then available. 

In 1911 Lord Grimthorpe wrote 1 “It seems to follow 
that the extent to which astronomical clocks can be 
made accurate, viz., 1/30 of a second average varia¬ 
tion from their mean daily rate . . . is a degree of ac¬ 
curacy sufficient for present purposes, and it seems 
rather doubtful whether mechanical science will, in the 
case of clocks, be likely to reach a much higher figure.” 

As the words clock, chronometer, etc., have come to 
have definite technical meanings in the art, we shall use 
the more general term “Timekeeper.” In the broadest 
sense a timekeeper may be defined as any physical 
means that can be used for the subdivision of time into 
intervals known in terms of a standard time interval. 
Thus any periodic phenomenon can be adopted in a 
timekeeper, provided its period can be recorded in terms 
of another. In this sense the earth and the moon are 
timekeepers, as well as vibrating pendulums, tuning 
forks, and other sustained oscillators. As all man-made 
timekeepers are essentially “oscillators” we will con¬ 
sider first the equation of motion of a simple oscillator 
which can be expressed as 

Mi x H - R x +' Rtc “ A sin (oot -b ) 

where M corresponds to the mass, R to the resistance or 
damping and S to restoring force proportional to dis¬ 
placement x. The right hand term represents the sus¬ 
taining force required on account of the dissipation of 
energy in the oscillator. 

For an oscillator to be a perfect timekeeper, all of the 
quantities, M, R, S, A and <f> must remain invariable. 
While M and S are the chief rate governing quantities, 
the others are, from a design point of view, the most 
difficult to control. 

The ultra precise practical timekeepers of today can 
all be contained within two classes, depending on 
whether S (the restoring force) is 
(a) Gravity (as in pendulum clocks) 

(b) Elasticity (as in quartz crystal oscillators) 

*Loomis Laboratories, Tuxedo Park, N. Y. 
fBell Telephone Laboratories. 

1. For references see Bibliography. 

, Presented at the Winter Convention of the A.I.E.E., New York, 
N. Y., January 25-29,1932 . 


The second class is a development of the last decade 
and was made possible by the development of the 
vacuum tube and associated electrical circuits. Inter- 
fcomparisons between timekeepers of the two classes pro¬ 
vide a most valuable, means for the study of changes in 
gravity and related phenomena. These two classes are 
discussed separately. 

Gravity Timekeepers (Pendulum Clocks) 

Unfortunately the motion of a pendulum is not quite 
simple harmonic motion since the restoring force varies 
as the sine of the angular displacement (instead of di¬ 
rectly as the displacement) and therefore the period is 
not truly independent of the amplitude. This can be 
seen from the equatiomof motion of the pendulum which 
in its simplest form, neglecting damping and sustaining 
forces, is 

Mid + Mg sin 6 = 0 

the free period T for any given angular displacement can 
be expressed by the series: 

T = 2 7 r. | —-— (1 + 0.0625 a 2 + 0.00358 a 4 + . - •) 

X 9 

Where a. is the maximum deflection from mid swing 
expressed in radians. The corresponding change in rate 
expressed in seconds per day is shown in thacurve Fig. 1. 

Various attempts have been made to construct pen¬ 
dulums having a period independent of arc. Huygens 2 
demonstrated that a pendulum constrained to move in 
the arc of a cycloid under the influence of gravity would 
have a rate independent of arc, but mechanisms to ac¬ 
complish this result have always introduced larger ir¬ 
regularities than those which they attempted to cure. 
Suggestions have also been made that an elastic restor¬ 
ing force could be used to supplement gravity in such a 
way that the sum of the two would make the restoring 
force directly proportional to the displacement. Loseby 
first made this suggestion in 1851. 3 But such an addi¬ 
tional control robs the gravity pendulum of erne of its 
greatest advantages, as the-rate is markedly affected 
by changes in the elastic restoring force. 

Practical design has been confined to keeping the 
amplitude small and to providing a governing action so 
that any slight increase in amplitude causes an opposing 
tendency to decrease the amplitude, and vice versa. 

The old anchor recoil escapement 4 accomplished this 
by increasing the friction on the pendulum with increase 
of amplitude. The inertia escapement 5 in the Shortt 
clock attains a similar result without the serious dis¬ 
advantage of introducing friction. This inertia escape¬ 
ment is based on the principle that a weight rolling 
down an inclined plane applies a greater horizontal force 
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. t i j f*u 0 mature of the drive. Although it 

to a slowly moving plane than to a faster moving one. ^ P e ^ ^ appear from this that all pendulums should be 

A suitable inclined plane attached to a pendulum - - ^ high vacuum, practically it has been 

. _ 4 . ~-p ttviiopLIv* inversely propor- operated , _ ■ ™ Ae ,cmr<a for the Shortt 


A suitable inclined piane attacucu. ^ —— 

ceives an amount of energy roughly* inversely propor¬ 
tional to the amplitude, or to the velocity at midswing. 
As the amplitude increases, the energy delivered m 
the system Becomes less. But in spite of these controls 
the amplitude does vary in fact, which at the presen, 
time probably accounts for more irregularities than any 
other factor. Dr. Jackson has shown 6 that if the daily 
amplitude is regularly recorded and the c ock rate 
corrected accordingly, a number of the irregularities 

the Shortt clocks at Greenwich can be explained. 

If a direct amplitude control could be applied to a 
clock such corrections ought not to be necessary. Such 
a method is now being tried on a Shortt dock. m t 
Loomis Laboratory. When the amplitude of the pe - 
dulum exceeds a predetermined amount by even 0.0001 
inch, a signal is sent, via a pointed electrode which 
hangs in the evacuated pendulum casing, to a vacuum 
tube which operates a relay so that the next . -secon 
driving impulse is omitted? The electrode is so ad¬ 
justed that about every fifth impulse is omitted m this 



l IN —> 

Fig. 1-Change of Rate of Pendeevm with Semi-Abc Ex¬ 
pressed in Seconds Lost per Hat 


would appear irom mis ui^ — r~ . , 

operated in a high vacuum, practically it has been 
found 7 that the most satisfactory pressure for the Shortt 
S from the standpoint of stability of period with 
pressure variation, is about 15 to 20 mm. of mercury. 
When the pressure is very low or zero the arc, when not 
definitely controlled, is very unstable and causes large 
changes in rate, but in the neighborhood of 15 mm of 
pressure there is a stabilizing action due to the air no¬ 
tion and a neutralization of the following four effects of 

pressme van ^ ^ resto ring force due to buoyancy of 

Changeof penter of gravity due to buoyancy when 
pendulum is made of dissimilar materials. 

3 Change of effective mass due to air carried along 

^4 ^Change of friction and consequent change m arc. 

The first and fourth are probably of greatest impor¬ 
tance. With decrease in pressure the first decreases the 
period and the fourth increases it. At the critical pres¬ 
sure the two effects are about equal and opposite. In 
the determination of gravity , 8 where very precise pen¬ 
dulums are used, all of these factors must be considered 

^When. 6 the^amplitude control device described above 
is used, the pressure can be reduced to a small fraction 
of a millimeter, which thereby reducesthe effect of fric¬ 
tion to a minimum. The term VI + ^ then becomes 
practically unity and the required sustaining energy 

can be very much reduced. _ . , ._ 

So far we have considered variations m the restoring 
force. Variations in the inertia term are now considered. 
The expansion of the pendulum with temperature 


* The expansion 01 uie # A , 

way. It is found in practise that the device operates p^ctkalV ah clocks of high precision em- 

without the bob ever coming m contact with the e Resent P ^ with bobs of type metal or 

trode, so that no energy is taken fromthe [ l ?°L Th ? bob rests 0 n an expansion collar, the di¬ 

physical contact. The difference^m ampnu^ ^ ^ ^ ongof whichare calculated to compensate for the 

lengthening of the rod. $Pme recent studies 6 m Japan 
have produced a “super-invar,” to use the expression 
given, which may have a zero or even a slightly nega¬ 
tive coefficient of expansion. If these new alloys are as 
stable as invar, they may have an important use m 
precision clock making, as the entire pendulum could be 
made from a single piece of material. , 

With the new technique recently developed m th 
laboratories of the General Electric Company it is now 
possible to produce pieces of clear fused quartz large 
enough to construct the entire pendulum for a clock. 
Some experiments are now being conducted with such 
clocks in the Loomis Laboratory. Fused quartz has a 
temperature coefficient of expansion of about 0.5 parts 
in 10 6 per deg. cent. A temperature variation of one 
degree would therefore cause a change in rate of only 
0.02 second a day due to this effect alone. In a con¬ 
stant temperature vault with a fused quartz pendulum a 


physical contain, -- * . . u 

the operating and non-operating conditions is only 
about 10 - 6 cm. which corresponds to about 0.3 second 
of arc. Thus the mean amplitude can be controlled 
to within approximately 0.1 second of arc. In order to 
insure that changes in level of the whole clock mecha¬ 
nism will not be the direct cause of changes m amplitude 
through this control mechanism, the mounting for the 
control electrode is suspended so as to be free to swing 
in the same plane as the pendulum, though of course 
having a different period and being highly_ damped l 
order to avoid sympathetic oscillations. With this con¬ 
trol the constancy of rate appears to be improved, but at 
least a year’s record is needed for conclusive proof, as 
the variations which this device seeks to control usua y 
only occur at intervals of several months. 

The complete solution for the period of a pendulum 
.swinging in a resisting medium, such as air, involves a 
factor VI + fcB 2 where R is the resistance to motion 
and k is a constant depending on the structure of the 
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variation^ O.Oldegree would only affect the rate 0.0002 The necessity for this method of applying sustaining 
secohd a day. Means have been developed whereby ' power pulses to a pendulum has been realized almost 

from the beginning of precision clock history but cannot 


temperature can be controlled to within 0.01 degree over 
long periods. 

There are two other major effects that should be con¬ 
sidered in connection with pendulum length. These are 
(1) variations in the position of the point of oscillation, 
and (2) the instability of materials with time, in other 
words, aging. The effect of knife edge wear on the 
period of an ordinary pendulum is appreciable. A wear¬ 
ing of one thousandth of a millimeter will change the 
rate of a seconds pendulum nearly a tenth of a second a 
day. Largely for this reason, a flexible spring suspen¬ 
sion of elinvar 10 is used in most precision clocks. But 
even the spring is suspected of changes in length and, 
what is just as bad, also of variation in stiffness which 
would change the point of flexure and the restoring 
force. Aging effects in the pendulum rod can be re¬ 
duced only by finding better materials. It may be that 
fused quartz, or possibly some large single crystal, will 
be found finally to be the most suitable material to use. 

The effect of knife edge wear on the period of a pendu¬ 
lum can in theory be almost entirely avoided by sus¬ 
pending the pendulum at a distance from its center of 
mass equal to the radius of gyration about that point. 
This simple principle of mechanics, has of course long 
been recognized, 11 and experiments are being conducted 
in Germany 12 and elsewhere to determine its value in a 
precision timekeeper. In the case of a uniform straight 

rod this distance should be the t°tal l en §th from 

the center. With this condition fulfilled a change in 
this length due to knife edge wear of one part in a 
thousand would affect the period less than one part in a 
million. 

Returning to the fundamental equation at the begin¬ 
ning of the paper 

Mx -t~ Rx -t- Sx = A. sin (f T- <fr) 
we have considered briefly the terms on the left-hand 
side. 

We will now consider the right-hand term—the driv¬ 
ing force—and especially the quantity 4> the phase 
angle, which presents perhaps the most difficult prob¬ 
lem in the'design of all timekeepers. 

The impulse should be delivered to the pendulum at 
the time when the velocity is a maximum, that is, at the 
center of the swing, in order to reduce to the minimum 
the effect of variations in the driving force on the rate. 
If the impulse is applied before the instant of maximum 
velocity, the rate is momentarily increased. If the im¬ 
pulse is applied after the instant of maximum velocity 
the reverse is true. Of course the impulse actually is of 
finite duration and the desired effect is approximated by 
supplying the pulse symmetrically with respect to the 
instant of maximum velocity thereby tending to neutra¬ 
lize the above mentioned acceleration and retardation 
effects. 


be over-emphasized. 

In the Shortt clock 13 the impulse to the master pendu¬ 
lum is controlled by means of an auxiliary or “slave 
■•pendulum which in turn is automatically synchronized 
with the master pendulum to within ± 0.003 second at 
all times. The means by which this is accomplished can 
be seen from the schematic drawing Fig. 2 which shows 
the master and slave pendulums with all of the essential 
control elements, and the counting or time indicating 
dials. Although the master pendulum determines the 
rate of the system, the slave pendulum and associated 
mechanism does the work of releasing the driving pulses 
at the proper time. The slave pendulum, through a 
jeweled ratchet and pawl-operated count wheel, releases 
mechanically a weight arm once each 30 seconds at just 



Fig. 2—Schematic Drawing of Shortt Clock Mechanism 
and Circuit 


the right time so that a small wheel on the gravity lever, 
rolling down a curved inclined track associated with the 
slave pendulum rod, imparts the sustaining impulse to 
it. As soon as the mechanical impulse is delivered, this 
arm closes an electrical contact which resets the weight 
arm, before the return swing of the pendulum, in readi¬ 
ness for the next 30 second impulse. The current which 
resets the slave clock drive also releases the impulse 
mechanism for the master clock thereby avoiding the 
use of any mechanical connection with the master pen¬ 
dulum other than that of the impulse wheel. As in the 
case of the slave drive mechanism, the impulse lever 
makes an electrical contact after delivering its impulse 
to the master pendulum, which resets the gravity arm 
and in addition operates the “hit and miss” synchronizer 
on the slave clock. The slave pendulum normally runs 
a little slower than the master and is speeded up when 
necessary by means of a spring attached to the pendu- 
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lum rod which is engaged by the synchronizer whenever 
the slave lags by more than 0.002 secgnd behind a defi¬ 
nite phase relation to the master. 

There are reasons to believe, however, that smai 
changes in phase do occur especially with variations m 
amplitude. Probably future improvements m gravity^ 
timekeepers will include improved methods for keeping' 
the phase of the driving force more nearly constant. 

It would be impossible even to survey adequately the 
developments leading up to the final design of any given 
type of clock in the limited space for this paper. It must 
not be assumed that the excellent performance of any 
timekeeping device is due entirely to any one person or 
company or period, but represents the combined efforts 

of a large number of peopleoveranextensivepenod. • ’ 

The three clocks most often recognized as precision 
timekeepers are the Leroy, 1 * Riefler 18 and Shortt 13 . One 
or more of these is to be found m most of the im¬ 
portant time laboratories and astronomical observa¬ 
tories throughout the world. ^ 


cycles per second. One complete oscillator, including 
‘temperature and pressure controlled crystal, and 
shielded vacuum tube circuit, is shown m I ig. 4- 

In order to operate clock mechanisms m the most , 
direct way it is necessary to control from this high re- 
quency another which is low enough to operate a syn¬ 
chronous motor. This is done by an electrical circuit 
kndwn as a sub-multiple generator which controls one 
frequency at a definite fraction of another m absolute 
synchronism. Several types of circuit have been used 
for this, all of which are as positive in action as a set o 
sears. Usually the low frequency used to operate the 
motor is 1,000 cycles. Each pole on the motor in 
motion therefore corresponds to one milli-second m 


r 

Pig. 3—Quartz Crystal with Zero 'Temperature Coeffi- 
* cient Used in Crystal Clock 

Crystal Oscillators as Timekeepers 
Within recent years developments have so far pro¬ 
gressed that the constancy of rate of certain mechanical 
resonators, maintained in vibration by vacuum tubes, 
may be comparable with that of the best pendulum 
clocks. Such oscillators have the chief attributes of a 
good clock and can be used to operate or control a wide 
variety of time mechanisms with even greater versatility 

than the conventional pendulum. _ 

The most accurate oscillators of this type known to 
the authors are controlled by plates of quartz crystal 
vibrating at a high frequency, that is, high m compari¬ 
son with the frequency of a pendulum.. Probably the 
most accurate of these at the present time are a set o 
four 100,000-cycle oscillators 19 that have been built by 
Bell Telephone Laboratories primarily for use as a 
primary frequency standard. These laboratories have 
also supplied a similar set of oscillators to the U. S. Bu¬ 
reau of Standards for the same purpose. 

In this type of oscillator the frequency is controlled by 
a ring of quartz crystal about three inches in outside 
diameter as shown in Fig. 3. The frequency of theoscil- 
lator is the same as that of the crystal, that is, 100,000 


Fi G . 4 —Complete 100,0Q£) Cycle Quartz Oscillator 

Including temperature and pressure controlled crystal and shielded 
vacuum tube circuit 


time and hence any variation in the motor mechanism 
or operation can amount at most to a fraction of a 
milli-second. Such a motor can be used to operate 
time indicating or measuring apparatus in a wide variety 
of forms. 

As a rate controlling element a crystal of quartz used 
in this way has a number of outstanding useful proper¬ 
ties. As previously discussed, the rate of vibration is 
controlled chiefly by the effective mass and stiffness of 
the resonator. On account of the chemical stability of 
the substance Si O 2 and the physical stability of the 
crystal structure of quartz these may be expected to be 
constant in very high degree. At the present time, 
variations introduced by the vacuum tube circuit and 
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the crystal mounting are such that no conclusive evi¬ 
dence of aging in the quartz has been obtained. 

Since the elasticity *is a constant for such displace¬ 
ments as are required (amounting to less than one part 
in 100,000 change of dimensions) the rate is substan¬ 
tially independent of amplitude. The amplitude can 


progress indicate, however, that the effects of these 
variables can be greatly reduced, which should ma 'e a 

marked improvement in performance. 

The performance, as clocks, of a pair of crystals is 
shown for a three-month period in the graph Fig. o. 
The comparison rate curve shows the variations in rela- 


nany muepenawiL ui dmpiituuc. ^ -- ^mrnri 

be controlled at nearly a constant value, however, by ’live rates between the c^s al « 


proper adjustment of the vacuum tube circuit. 

The temperature coefficient of frequency can be made 
as near to zero as required at any given operating tem¬ 
perature by properly adjusting the shape of the resona¬ 
tor. Crystals that have been in continuous operation 
for three years have not shown any appreciable change 
in this adjustment. 

Crystals are not affected by gravity <3r magnetic fields 
and can be shielded readily from electrostatic fields. 
They can be mounted so as to be relatively immune to 
vibrations which always seem to be present in the earth, 
especially near traveled roads and manufacturing cen- 


Fig. 5 —Performance Data for Crystal Clocks 

Curve 1. Rate comparison between crystals 1 and 2 expressed as parts 

in ten million . , , 

Curve 2. Integral of curve 1, showing running comparison between 

crystals expressed in seconds . . 

Curve 3. Indicated time of one crystal clock vs. corrected time signals 

from U. S. Naval Observatory 

ters. This may be found to be an important factor in numl 

the location of accurate clocks in cities or near earth- than 
quake zones. The crystals referred to above are accui 
mounted on the seventh floor near a much traveled highs 
thoroughfare in New York City. _ and j 

The electro mechanical coupling to a crystal for im- and 
parting tne sustaining energy to it makes use of its piezo Or 
activity. As far as has been determined there is no clod 
increase in decrement directly due to this means of coup- cont. 
ling, although, of course, properties of the electrical cir- time 
cuit, such as damping, may be manifested in the crystal be si 
through this coupling. The logarithmic decrement of a for s 
100,000-cycle low coefficient crystal mounted in air at with 
atmospheric pressure and coupled into the electrical Lore 

driving circuit is about 0.00012. used 

Probably the largest rate disturbing factors in the thee 
crystal clock at the present time are due to effects of the B, 
phase <t> of the applied driving force. This factor varies and 
slightly with circuit variables, aging of vacuum tubes be c 
and power voltage variations. Developments now in of t 


uve i. aooo Mvun --- ^ _ /* 4- 

son curve shows the variation in indicated time (mte- 
grated rates). The third curve gives the rating of one 
of the crystals against corrected Naval Observatory 
time signals for the same three-month period. 

While the crystal clock assembly is more costly than 
a pendulum clock and requires more elaborate asso¬ 
ciated electrical equipment, we believe that for many 
purposes it is decidedly superior because of its great 
versatility. For example, its rate can be adjusted at 
will over a sufficient range tb allow for such aging effects 
as occur. Also, the phase, or indicated time, can be ad¬ 
justed with extreme accuracy. This can be done most 
advantageously in the electrical circuit 
1 ~| by means of a phase shifter which oper- 

_:_ ates continuously through 360 elec, deg., 

_L or any fraction or multiple thereof. If 

__ used in .the 100,000-cycle circuit, one 

— complete turn of the dial corresponds to 
- * 1 — ' a final adjustment of one hundred 

.|...|...l...l.D thousandth of a second, which obviously 
I is greater accuracy than needed in any 
-i—r—|—nn ordinary time mechanism. 

—~~ rr rri The accuracy of inter-comparison of 

[i « 1. Jo '4 crystal clocks may be very high. An 

absolute comparison accurate to better 
:s than bne-hundred thousandth of a second 

as parts can be maintained continuously, while 

between under special conditions, short time 

comparisons accurate to one part in 
, e signals iq 10 can be made. 19 This high accuracy 

of comparison is due chiefly to the large 
number of vibrations per second, 200,000 times greater 
than with a “seconds” pendulum. Even greater 
accuracy of comparison could be obtained by the use of 
higher frequency crystals, but for reasons of convenience 
and greater freedom from the effect of external circuits 
and the mounting, the lowar frequency is preferred. 

One application of considerable interest is that two 
clock mechanisms can be operated from the same crystal 
control in this way so that one keeps true mean solar 
time when the. other keeps true sidereal time. 20 It can 
be shown readily that any ratio of rates can be obtained 
for such a purpose accurate to at least one part in 10 10 
without the use of an unduly complicated mechanism. 
Lord Grimthorpe has shown why a pendulum cannot be 
used for this purpose, 21 but his reasons do not apply to 
the crystal control method. 

By means of a shutter of the type shown in Fig. 6, 
and a photoelectric cell, signals of extreme accuracy can 
be controlled which could be used for radio transmission 
of time signals or for any purpose requiring great ac- 
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curacy. "When this disk is rotated at ten revolutions 
per second by a crystal controlled rgotor the current 
from the photo cell is 1,000 cycles modulated, in the 
manner indicated in oscillogram No. 1, at 100 cycles per 
second. By # marking one 0.01 second element, as for 
example by partially blocking one sector, a positive 0.1 
second indication is obtained. The oscillograms shown * 
in Fig. 7 were made with the disk shown and indicate 
how, with the use of a suitable oscillograph, a continuous 
time signal can be recorded that can be read to a frac¬ 
tion of a milli-second. This resolution would be very 
useful for accurate time measurement work, for studies 
in radio propagation times, and for measurements of 
gravity. Observers requiring less resolution than this 
could obtain 0.01 second accuracy by the use of a recti¬ 
fier and a recorder accurate to only 0.01 second. The 
same is true for 0.1 and 1.0 second accuracy by a suitable 
choice of transmitting disk and ^receiving equipment. 



Fig. 6—Special Light Interrupter for the Production of 
Accurate Timing Signals by Photoelectric Cell 

The second oscillogram shows the signal directly from 
the disk and after it had gone through a complete radio 
transmitter and receiver consisting of a total of eleven 
tandem vacuum tube stages and the associated equip¬ 
ment. As indicated, the total delay encountered was 
about 0.1 milli-second, and the distortion is not appreci¬ 
able. Of course any combination of make and break 
signals can be controlled in this way using either a con¬ 
tinuous or a modulated tone. If desired a series of half 
second dashes could be controlled, interspaced by a dot- 
dash code to designate each dash. 

A complete time signal control mechanism based on 
this idea is shown diagrammatically in Fig. 8. In the 
method shown, light from a straight filament lamp is 
imaged on the slotted edge of a disk driven at 10 revolu¬ 
tions per second by a 1,000-cycle motor. The light 
entering the photo cell is modulated as indicated, at 
1,000 times and 500 times per second alternately, and 


controls a corresponding electrical signal. The slow 
speed shutter, rotating at one revolution per second, 
causes the effective light path to alternate between the 
two disks once each second, and gives a corresponding 
variation of electrical signal. This signal can be used 
for any resolution from one second down to one milli¬ 
second and can be received through static and fading. 
It can be reduced to the dash-space type by the use of a 



No. 1. Direct signal obtained from photo-cell 



No. 2. Direct signal (above), and the same signal transmitted and 
received by radio (below). A method is indicated for marking every 
tenth of a second 



No. 3. Direct signal as in No. 2 (above) and same signal rectified (below) 
for recording with only 0.0^second resolution 

Fig. 7—Oscillogram of Time Signals Produced by Photo- 
Cell Method 



Fig. 8—Proposed Method for Production of Accurate 
Time Signals by Photoelectric Cell 

simple voice-frequency filter to suppress the undesired 
half signal, or used as a continuous signal for oscillo¬ 
graph recording. 

Among the advantages of the crystal clock it should 
be mentioned that in order to control any number of 
clock mechanisms with the same precision it is only 
necessary to distribute the constant frequency current 
derived from the crystal to the separate mechanisms. 
This can be done on any scale economically feasible. 
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Fig. 9—U. S. Naval Observatory, Washington, D. C. 

A. Observed mean daily rates of Riefler Clocks No. 60, No. 70 and No. 151 

B. Relative rates of RiefLer 151 vs. 70 and Riefler 60 vs. 70. (Data supplied by U. S. 
Naval Observatory) 


curve and vice versa. In some eases the 
mean gaining or losing rate was removed 
from the data, as this has no bearing on 
the constancy of rate which alone deter¬ 
mines the value of a clock as a time¬ 
keeper. 

The essential descriptive information 
concerning the clocks represented ac¬ 
companies each figure. Some data rela¬ 
tive to the performance of Shortt Clocks 
20, 21 and 22 in the Loomis Laboratory 
and the Crystal Clocks in Bell Telephone 
Laboratories are discussed in the follow¬ 
ing section. 

Experiments in Time at Loomis 
_ Laboratory 

The clock installation at Tuxedo Park 
and some of the experimental results ob¬ 
tained there have been described else¬ 
where. 7 In brief it consists of three 
Shortt clocks mounted in an especially 
favorable location practically free from 
traffic and electrical disturbances, and 
carefully temperature controlled. The 
excellence of the location is enhanced by 
the fact that the clock vault is excavated 
in the solid rock of the mountain on 
which the laboratory stands, and the 
three massive masonry piers for mount¬ 
ing the clocks are effectively a part of this 
rock. One of the three Shortt master 
pendulums in its casing is shown in Fig. 
14 mounted on its pier within the tem¬ 
perature controlled vault. 

By means of the Loomis Chronograph 7 


Performance of Clock Installations 
- In order to indicate the performance 
that may be expected of precision clocks, 
data have been obtained from several 
actual clock installations amj presented 
herewith in the form of curves. These do 
not show in every case, perhaps, the per¬ 
formance that could be obtained under 
ideal conditions but they do indicate the 
type of performance to be expected under 
present normal working conditions. In 
studying these curves, care should be 
taken to examine the coordinates because 
it was impossible to present all the data 
plotted to the same scale on account of 
the different times and the different 
errors involved. Also some of the data 
are plotted as daily rates and others as 
indicated time. The effect of this is that 
over a short period a rate curve shows 
greater apparent variations than a time 
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Fig. 10—Dominion Observatory, Ottawa, Canada 


Observed daily rates of Riefler 412 and Shortt 29. (Data supplied by Dominion Ob- 
servatory) 
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it has been possible for the first time to o'btain a running 
phase comparison of a number of clocks with great pre¬ 
cision. Prof. E. W. Brown and Dr. Brouwer have 
shown 32 that the probable error of the mean hourly rates 
as measured by this chronograph is less than 0.0001 see. 
With a resolution of this order, it is possible to study 
some effects that would be forever unsuspected with the- 
use of any comparison equipment used heretofore. 


Shortt clocks on the same basis as the Observatory 
•clocks previously discussed, the data of the rate cu!?ves 
in Fig. 15 are replotted on the spe graph on the basis 
of indicated time. This shows that although the rate 
variations are quite appreciable as measured by the 
Loomis Chronograph, the relative performance, as 
clocks, is all that could be desired, and indicates that 
factors having small but real effects on the rate can be 
detected by a chronograph with this high 
resolving power when they would not be 
observed at all by ordinary methods. 
The three rate curves and the three time 
curves are plotted to the same scale as 
the corresponding crystal data in Fig. 5. 

.The Loomis Chronograph consists of 
the following essential parts: 

1. A strip of paper about 10 inches 
wide moving at a uniform rate between a 
long grounded electrode and a comb con¬ 
sisting of one hundred separate equally 
spaced pointed electrodes. 

2. A distributor having one hundred 
segments separately connected to the one 
hundred elements of the comb, operated 
at exactly ten revolutions per second by 
a synchronous motor from a source of 
1,000-cycle current. 

3. A source of high potential consisting 
of an induction coil through the primary 
of which a large condenser is discharged 
when a record is to be made. 
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Fig. 11 —Royal Observatory, Greenwich, England 

Conroarlson of observed correction for Shortt clock No. 11 with those computed from the 
tallowing formula which was based on observations from March 1927 to December 1928. 
ForZda: 98*7o 5 + 28* 20021 + 1*75421* + 0* 2524 / (T-620S) dt + Nutation (Information 
’rom Monthly Notices of R.A.S. 1928-1931 inc.) ^ 
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Fig. 12 —Paris Observatory, Paris, France 
O bserved correction of Leroy clock No. 1185 (Information from Bulletin Horalre 1928-1930) 


The rate curves on Fig. 15 will illus¬ 
trate a case in point. These three curves 
show the differences in rates between the 
three Shortt clocks-taken in cyclic order, 
plotted on a very open scale over a period 
of about three months. Although the 
mean rates over this and much longer 
periods are constant to one part in ten 
million, there are fluctuations in rate 
having for the most part perfectly defi¬ 
nite periods. These fluctuations are real 
and a study 32 of the data by Professor 
Brown showed that the periods corre¬ 
spond to the, differences in periods of the 
pendulums taken in pairs. This implies 
that there is coupling between the pen¬ 
dulums and that the rate of one is modu¬ 
lated by that of the others even though 
the pendulums swing practically in 
vacuum and are mounted on separate massive piers, and 
that they swing in planes 120 degrees apart. This would 
seem to show that, massive as the piers have been made, 
they are not infinite in comparison with the 14-lb. pen¬ 
dulums, and that strains are set up by each pendulum 
that are felt in some degree by the others through the 
piers and solid bed rock. 

In order to indicate the comparison of these three 


A small condenser on the induction coil secondary 
stores sufficient energy to produce an intense spark of 
very short duration; and 

4. A single relay in the common circuit of all the 
time devices to be recorded on the moving paper strip. 

Fig. 16 shows this chronograph in operation. 

If the relay is operated every time the distributor 
makes some exact whole number of revolutions a series 
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of perforations will be made in a line parallel with the of perforations with respect to the edge oJ the paper the 
edge of the paper. If in the time between sparks, the" difference between the rate of the ^stribu or an . . 
motor revolves a whole number of times plus or minus rate of the sparks can be determined with ig preci • 
one hundredth, successive perforations will be displaced Similarly any number of separate sets o spar s can ^ 
an amount corresponding to one milli-second in time, recorded simultaneously on the same char , using 

same actuating relay ana distributor. 
The relative rates may be determined by 
measuring the difference of slopes of the 
rows of perforations. 

This is the method used for intercom¬ 
paring the three Shortt clocks and for 
comparing them with the crystal oscilla¬ 
tors in New York. To accomplish this, 
1,000-cycle current controlled by the 
Bell Laboratories' crystal is sent over a 
private wire to Tuxedo and there used 
to drive the distributor as outlined above. 
The resulting records are continuous 
comparisons of the three Shortt clocks 
and the crystal accurate to better than 
one milli-sedond in time. 

Since the crystal does not respond to 
variations in gravity while the pendulum 
does, the difference in rates contains a 
• Fig. 13— Royal Observatory of Edinburgh, Scotland term haying the per iod of the lunar day, 

Observed correction of Shortt clock No. O. (Information from Proc. Roya? Soc. Edin- corresponding to the direct gravitation 
burgh Voi. xl. vm, page 161) effect of the moon on the pendulums. 

Several months' record of the Loomis 
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Fig. 14 _Master Pendulum (in Casing) for Fig. 15 —Intercomparison of . Three Shortt Clocks in Loomis Laboratory 

One of Three Shortt Clocks in the Loomis ^ Rates, expressed in parts in ten million 
Laboratory, Tuxedo Park N. Y. b. Integrated rates expressed in seconds 


One second in time is represented by ten complete tran¬ 
sits of the chart, so that, in effect, the chart is 100 inches 
wide and the effective recording element moves at the 
rate of 500 ft. a minute. Thus from the slope of the line 


Chronograph have been analyzed, 2 ' 2 by Professor 
Brown and Dr. Brouwer and a lunar term observed 
having the proper period and magnitude. A graph of 
the lunar effect derived in this way is reproduced from 
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their paper in Fig. 17. The periodic gain and loss in 
indicated time is about 0.0002 second ]3er lunar day. 

The results of time studies obtained at the Loomis 
Laboratory have been very encouraging and it is 
planned to continue the researches in clocks and time 
measurement methods. Some aspects of this work were 
discussed by Professor C. V. Boys in Nature for October • 
17, 1931. 

Possible Future Investigations 

No doubt there is a practical limit to the accuracy at¬ 
tainable in a timekeeper but as long as random changes 
in rate are observed which cannot be explained by 
uncontrollable properties of matter (such as Brownian 
movement) that limit has not been reached, even with 
the types of mechanism at present in use. 

The suggestion has been'made of utilizing the con¬ 
stant velocity of light between fixed points as a measure 
of period. At present the velocity of light is known to 
less than one part in a million. 23 Even if it were known 
with greater accuracy, the practical difficulties of estab¬ 
lishing such a standard, except in a very rough way, 
would be insuperable. In the first place the distance 


making a frequency comparison between these vibra¬ 
tions and others of lower frequency that could be used to 
m ea sure time as previously outlined. The effective 
logarithmic decrement of the “oscillator” behind the red , 
line of cadmium can be estimated as about one tenth of 
that of a quartz resonator. The difficulties of utilizing 
this sort of thing as a time (or frequency) standard are: 
First, it is not known at present whether the “fre¬ 
quency” of an atomic disturbance has the same physical 
significance as vibrations-per-second and, second, even 



Fig. 17 —Analysis of Comparison Data Between Crystal 
Clock and Three Pendulum Clocks Revealed the Periodic 
Lunar Day Variation Shown in the Left Hand Curve 


Similar analyses of the comparison between the three pendulum clocks 
taken in pairs showed no corresponding effect 



if the significance were the same, the orders of the two 
frequency ranges are so far separated that no means 
known at present could be used to effect the comparison. 
Besides, the energy of a spectrum line is no doubt made 
up of a large number of damped wave trains superposed 
in some fortuitous fashion as would cover the identity of 
separate cycles. 

Probably the real final limit in the accuracy of time¬ 
keepers is concerned with the measure of our time stand¬ 
ards. Some observations indicate that the rate of the 
earth’s rotation is not constant, but that there are both 
systematic and apparently random changes in rate as 
compared with the motion of other astronomical bodies 
believed to be more stable. 24 For example; about 1918 
a rather abrupt change in rate was observed which 
amounts to about one past in thirty million. This is 
small to be sure, but points to the improbability that the 
rate of any phenomenon is absolutely constant. After 
all, time is relative and the most nearly accurate mea¬ 
sure of time must always be in terms of the most nearly 


Fig. 16—Loomis Chronograph and One of Three Shortt 
Slave Clocks in the Loomis Laboratory 

between the measuring points would have to be known 
to one part in a million, that is, better than 0.06 inch in 
a mile, as suming no other error, to define a standard 
good to only 0.1 second a day. Considering the difficul¬ 
ties in measurement, an accuracy of a little better than 
a part in a million is about all that could be expected of 
such a method by any'means now known. 

The extreme definition of some spectral lines indicates 
a very slightly damped oscillation of some sort in the 
atom, and some thought has been directed to means of 


constant motion that can be observed. 

At the present time in the official observatories of the 
various countries the usual procedure is to plot the star 
observations in terms of their master clock and then to 
draw a smooth curve, which curve is adopted as the 
official clock correction. To some extent the drawing 
of this curve is a matter of judgment, based partly on 
the number and certainty of the star observations and 
partly on the estimated performance of the master clock 
in terms of their other clocks. These observatories at 
the present time also transmit and record radio time 
signals and publish periodically corrections to these sig¬ 
nals in terms of their “standard clock error.” From 
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these date, alone it is not possible for any one observa-^ 
tory to compare its clocks directly with the clocks in 
another observatory. »If the observatories would pub¬ 
lish one additional number for each of their important 
clocks, namely, the comparison of each clock with their 
official time, it would be possible to compare the rates 
of the clocks in such observatory directly with clocks 
anywhere else in the world where the radio time signals 
can be received. This would involve only a very small 
amount of additional work as the numerical data have to 
be obtained in any case. It is well to note in this con¬ 
nection that the United States Naval Observatory has 
adopted a procedure which is very similar to this, the 
only difference being that instead of publishing the cor¬ 
rections to each of its principal clocks, it publishes a 
single number which represents the correction of the 
weighted mean of several clocks. This is an excellent 
beginning and it is hoped in the interest of future clock 
developments and of studies in gravity and related 
phenomena, that others will follow. 
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Time Service of the U. S. Naval Observatory 
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BY J. FREDERICK HELLWEG 1 
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Introduction 

HE U. £f. Naval Observatory determines the stand¬ 
ard time for the United States with scientific, 
precision and broadcasts the results so as to make 
them available throughout a large part of the world. 
Since 1830 the Navy has had charge of this very im¬ 
portant task. In the early days the demands for time 
service were confined principally to the mariners of our 
country. Scientific pursuits, increased demands of 
public utilities, greater business efficiency, increased 
speed in all activities of daily life, new inventions, all 
have demanded greater accuracy, and repeated ex¬ 
pansion of the time service. - At present the time service 
is broadcast six times a day and each broadcast is 
sent over a spread of about fourteen different frequen¬ 
cies to insure universal reception. 

Description of the Observations which Establish 
Standard Time 

The period of the earth’s rotation on its axis is 
accepted as the standard of time measurement. The 
stars appear to rise in the east and after swinging across 
the heavens to set in the west. If a person stood on the 
earth’s equator and measured the interval of time be¬ 
tween two successive transits of a distant star he would 
have the most accurate measure of the?rotation of the 
earth. If tha same measurement was then made using 
the sun instead of a star the interval would be about 
four minutes longer due to the earth’s orbital motion 
around the sun which continuously changes the ap¬ 
parent place of th$ sun among the stars. Therefore, 
as the earth rotates on its axis, this apparent motion 
of the sun necessitates the earth’s rotating through 
more than 360 degrees to bring the sun again in the 
observer’s meridian. 

The stars are not within the earth’s orbit, they are 
so far distant that their apparent positions are only very 
slightly affected by the earth’s orbital motion. The 
positions of the stars are measured from a point in the 
sky known as the vernal equinox, and the period of the 
earth’s rotation measured °with respect to the vernal 
equinox is called a sidereal day. The same period mea¬ 
sured with respect to the sun is called an apparent solar 
day. Owing to the variable length of the apparent 
solar day, astronomers had to devise a uniform mea¬ 
sure of time and called it a mean solar day, so now 
we have apparent time, mean time, and sidereal time, 
and each time can be converted into the other by the 
application of the proper corrections. Because of the 

1. Captain, U. S. Navy, Superintendent, U. S. Naval 
Observatory. * 

Presented at the Winter Convention of the A.I.E.E., New York, 
N. Y-, January 25-29, 1982. 


greater accuracy of sidereal time, that time has been 
universally used by astronomers. 

In order to simplify the important question of time 
throughout the world, standard time zones have been 
established. All points within each zone use the same 
standard mean time although this may differ from their 
local time by as much as one-half hour. These zones 
represent a belt just one hour wide or fifteen degrees of 
longitude wide. In continental United States there are 
four zones: 

Eastern Standard Time or 75th meridian time which 
is exactly five hours behind Greenwich standard mean 
time. 

Central Standard Time or 90th meridian time, six 
hours behind Greenwich time. 

Mountain Standard Time or 105th meridian time, 
seven hours behind Greenwich time. 

Pacific Standard Time, or 120th meridian time, 
eight hours behind Greenwich time. 

The Naval Observatory is thus able to furnish one 
time signal which provides time for all zones, not only 
in continental United States but for its island posses¬ 
sions and ships far out across the Pacific. 

The Determination of the Standard Time 
The Naval Observatory uses small quickly handled _ 
telescopes known as transit instruments in observing 
celestial bodies for the determination of our standard 
time. 

These transit instruments as their name indicates are 
rigidly mounted so that there can be no motion either 
side of the meridian. The instruments are pivoted 
however so as to rotate from north to south. Astro¬ 
nomical bodies are therefore only visible through the 
transit instrument when on or very near the celestial 
meridian. 

The sidereal time at which each star will cross the 
meridian is very accurately calculated. Stars are 
selected which cross the celestial meridian near the 
zenith of the Observatory and also whose positions are 
the most accurately known. 

The observer operates a micrometer attachment 
which causes interruptions in an electric circuit as the 
star passes certain points in the field of the instrument. 
These interruptions are recorded graphically by a chrono¬ 
graph on the same sheet which records the standard 
sidereal clock ticks. By measurements of this sheet and 
the application of known corrections, the exact time of 
meridian transit is determined, according to that par¬ 
ticular clock. The difference between this time and 
the previously calculated time represents the error of 
that clock on sidereal time. A continuous record of the 
standard clock corrections is maintained, determined 
538 
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every clear night by observing a list of stars with one. or 
more telescopes at the Observatory. 

The Procedure Used in Broadcasting Standard 

Time 

Sidereal time is more convenient and more accurate 
for the use of the Observatory in rating the standard 
clocks, but it is not at all suitable for the general public. 

The transmission of the time service is therefore in 
mean solar time and the transmitting clocks are rated to 
mean solar time. 

Immediately before each time signal is broadcast, the 
error of the transmission apparatus is determined by 
a chronograph comparison with the standard clocks. 
The record sheet of this chronograph permits very 
accurate measurements to the fraction of a second. 
The continuously changing differences between sidereal 
and solar time and the error of the sidereal clock are also 
applied resulting in our mean solar time broadcast 
being accurate within one one-hundredth of a second. 

This comparison and correction is made immediately 
prior to each broadcast and requires several minutes to 
complete. 

Five minutes before the zero hour and after the trans¬ 
mitting clock has been corrected to mean solar time with 
the greatest possible accuracy, the operator throws the 
controlling switch which gives the Naval Observatory 
direct control over the Navy's high power radio stations 
at Arlington and at Annapolis. From then on, the 
operation is entirely automatic. 

Every second is broadcast except certain ones 
omitted for identification signals, and others which act 
as fingers pointing definitely to the next audible second 
following the period of silence. 

The twenty-ninth second of each minute is omitted 
and therefore definitely points to the 30th second of 
each minute. The 56th, 57th, 58th, and 59th seconds are 
omitted therefore definitely indicating that the next 
succeeding second, the 60th, is the beginning of another 
minute. This occurs on the 55th, 56th, 57th, and 58th 
minutes* before the zero hour. On the 59th minute there 
are no audible 'Ticks" from the 50th to the 60th second, 
indicating that after a silence of nine seconds, the next 
audible tick is the zero hour either midnight, 3:00 a.m., 
noon, 4:00 p.m., 7:00 p.m., or 10:00 p.m., seventy-fifth 
meridian time, or Eastern Standard Time. 

In order that those listening for the broadcast can 
distinguish the minute when they tune in for reception, 
the fifty-first to the fifty-fourth seconds are used as 
identification signals. If the 51st beat is omitted, the 
listener will count four more beats before the end of the 
minute silence occurs, the 52d, 53d, 54th, and 55th 
beats. This indicates that there are four more minutes 
to go. If the 52d beat is omitted, the listener can only 
count three more beats before the silent period, the 
53d, 54th, and 55th beats indicating three more minutes 
to go. If the 53d beat is omitted, the listener can count 
only two more beats, indicating two more minutes to go, 


530 

and if the 54th^beat is omitted, the listdher can count 
only one more beat and knows that he has only one 
more minute to gerbefore the zero hour. 

This standard broadcast is known all over the world 
and is religiously listened for in the most remote parts 
of the globe. • 

If for any reason, the broadcast is interfered with, it 
is repeated the following hour. 

In addition to our direct control of the two high 
power stations at Arlington and Annapolis, the Ob¬ 
servatory also controls by radio the retransmitting sta¬ 
tion at San Francisco, and eventually it is hoped that 
this service will be extended to the east. 

During the time broadcasts, automatic chronographic 
records are made at the Observatory which show the 
time of the sidereal clock, the time of the transmitting 
clock, (mean solar time) an.d the actual time of broad¬ 
cast by Arlington and by Annapolis. 

Immediately after ^he completion of the time signal 
broadcast, this record is measured and the difference 
noted. This gives the time of actual emission by each 
station. The corrections to the standard clock are then 
recalculated using star sights taken both before and 
after the broadcast. Errors are carefully computed and 
a correction sheet is sent weekly to all those requiring 
extreme accuracy noting the error on 75th mean solar 
time of each broadcast of each day. In addition, im¬ 
mediate corrections are sent out to those requiring more 
rapid service. 

Description of the Time Clock Vault—Sidereal 
Clocks—Comparison of the Performances of 
Various Clocks 

* 

The standard sidereal clocks are rated very accurately 
to sidereal time. They are maintained in a vault under 
constant temperature and air pressure in order to 
minimize the effect of changes in either temperature or 
pressure on the rates of the various clocks. 

A new vault is now under construction. It will ac¬ 
commodate seven clocks each on a separate pier and 
so arranged that no two adjacent pendulums will swing 
in the same plane. The vault consists of an inner and 
an outer vault separated by a three-foot air space. The 
inner vault will be illuminated by flood ligkts let in 
through the walls from light boxes in the three-foot 
air space, exactly as magazines are illuminated on board 
naval vessels. This will permit cleaning and repairing 
the lighting apparatus without entering the inner vault. 

The temperature control will also be installed in this 
air space. A periscope to be lowered through the roof of 
the inner and the outer vaults from the office space 
above ground will permit visual inspection of the clocks 
in the vault. 

The walls of the outer vault will be continued above 
ground and the enclosed space will be built as an office for 
the time service, record rooms, etc. There will also be a 
sleeping room for the use of astronomers on night watches. 

At present there are three clocks made by Riefler in 
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Germany which*are about thirty years old. Also one 
new Shortt clock made by the Synchronome Company 
of England and an order has 'been placed for a second 
Shortt clock. 

A study of the Riefler clock No. 60 during a period of 
twelve years? 1916 to 1928, showed that its performance 
could be predicted 10 days in advance with an average r 
error of 0.09 second. One day predictions showed an 
error of about 0.009 second. The other two Riefler 
clocks did not perform so well. 

Shortt clock No. 38 has been under observation only 
for a relatively short period. Based on its performance 
from March 15 to August 12, 1931, its performance 
could be predicted ten days in advance with an average 
error of 0.05 second and daily predictions with 0.005 
second error. A study of the Shortt clocks at Green¬ 
wich Observatory over an. extended period confirms 
these figures. Taking all three Riefler clocks together, 
it is not possible to predict as well as by the Shortt 
clock, in other words, the Shortt compares favorably 
with the three Rieflers combiaed. 

For longer periods, the Shortt clock is considerably 
better. The Rieflers are all subject to slow progressive 
changes in rates amounting to a tenth or even a quarter 
of a second per day in a year. No such change has been 
evident in the running of the Shortt clock. The Green¬ 
wich Shortt clocks show evidence of such a change but 
to a much smaller degree than the Rieflers. 

New Developments—New Clocks—Projects for 
Extension of the Time Service 

The Observatory now has under construction three 
new clocks, an additional Shortt clock, ^a crystal con¬ 
trolled clock, and an experimental‘clock. The crystal 
controlled clock is being constructed by the Naval 


Research Laboratory under the supervision §f Doctor 
L. P. Wheeler and Mr. W. E. Bower in accordance with 
their design which differs from those heretofore in use. 
The crystal is bar shaped and about four inches long. 
It has a fundamental frequency of 1,000 cycles per 
second, and is suspended at its nodes. Condenser plates 
placed in proximity to its ends, are connected to the 
input of a vacuum tube amplifier. The output of the 
amplifier is used to operate a telephone unit, the acous¬ 
tic output of which is directed at the middle of the 
crystal, thus sustaining the oscillations. It is claimed 
for this method that the coefficient of the coupling 
between the crystal and the vacuum tubes is much less 
than in the conventional type. The frequency of the 
crystal is consequently less affected by variations in 
the tubes. 

The crystal oscillator, in addition to serving as a 
new standard time keeper, will be used for controlling 
a new automatic time signal transmission apparatus 
which is being developed at the Naval Observatory. 
This is being designed for greater accuracy and reduced 
labor for maintenance. 

The experimental clock is being planned by the time 
service personnel and embodies several new ideas. . 

In addition the Observatory is planning a more 
efficient apparatus for retransmission of the Observa¬ 
tory’s time signal via San Francisco. If this proves 
successful, a similar installation will be tried at Hono¬ 
lulu and it may be carried on to a similar one in Guam 
and later in Manila. 


Discussion 

For discussion of this paper see page 550. 
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General 

N the solar time system which forms the basis of the 
coordination of most human activities, a specified 
time at a given point is understood to mean a ' 
definite position of that point in respect to the sun. 
Thus, the true solar time at any two places upon the 
earth’s surface not on the same meridian is different at 
any given instant. In order to avoid the confusion 
resulting from a large number of time standards, the 
earth’s surface has been considered as divided into time 
zones and a standard of time arbitrarily chosen for each 
such zone. The North American Continent is included 
in seven such zones, the width of each being approxi¬ 
mately fifteen degrees longitude or one twenty-fourth of 
the earth’s circumference. In each of these, a standard 
time is used which differs by one exact hour from that of 
the adjoining zones and which represents the mean solar 
time of a meridian passing through it. 

It is essential that the indication of time by clocks and 
other devices within a time zone be kept alike and at a 
proper relationship to those of other zones and to time 
as indicated by the sun. This might be done at each 
point by frequent comparisons of the time indicating 
devices with determinations of true time made from 
observation of the sun or other heavenly bodies. Such a 
procedure would be quite involved and hence for general 
practise the observations of a selected few places are 
relied upon as the basis of accurate time for many other 
points. The results of the determinations of the selected 
observatories must therefore be accurately and widely 
communicated to the dependent places and for this a 
system of electrical time signals is utilized. 

The distribution of time signals as described in this 
paper may be divided into three classes of service. The 
first of these, commonly known as the “noon beats,” 
comprises the transmission during a three minute 
period, ending at noon Eastern Standard Time, of a 
series of electrical impulses' at intervals of exactly one 
second or multiples thereof. These signals originate 
from the Naval Observatory at Washington and are 
transmitted to the Western Union and to the Postal 
Telegraph-Cable Company who further distribute them 
to telegraph and railroad offices where they are used as a 
comparison standard by means of which these offices 
may deter min e the error in their time indicating or 
recording devices. 

The second service commonly known as the “jewelers 
beats” comprises a similar transmission throughout 

1. Western Union Telegraph Company, 60 Hudson St., 
New York, N. Y. 
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the day of a coded series of impulses by which the time 
of day may be determined to a small ^fraction of a 
second. These beats are used principally by jewelers 
and watchmakers for the purpose of checking and regu¬ 
lating time pieces. Some of this work, for example the 
regulation of ships’ chronometers, requires a high de¬ 
gree of accuracy and hence a continuously available 
standard of correct time. 

The third and largest of these services is the clock or 
synchronizing service. This comprises the automatic 
correction or resetting of clocks or other devices which 
independently maintain an approximately uniform 
motion. The Western Union Telegraph Company’s 
synchronizing system corrects about 120,000 clocks of 
which 95 per cent are rented to subscribers and the 
remainder are in its own service or owned by individuals 
or firms who subscribe for the synchronizing service 
which hourly resets the clocks to the correct time. 

Noon Beat Service 

The noon beat service which forms the basis of com¬ 
parison for the accuracy of all other parts of the systems 
described originates with the Naval Observatory at 
Washington. Here astronomical observations are made 
each night when conditions will permit and from these, 
the error of the three principal naval master clocks is 
determined. These clocks are of great accuracy, and 
specially installed so that their rate* is not affected by 
temperature and other variations. 

The observatory equipment includes in addition 
to the three master clocks, two secondary master or 
transmitting clocks. The rate of .these clocks may be 
altered by magnetic means shortly before it is expected 
to send signals from the observatory. Adjustments 
are made to bring these clocks to the correct time as 
indicated by the master clocks and the correction for 
their known error. 

Signals are transmitted from the Observatory several 
times a day for five minute periods to various radio 
stations and communication companies who redistribute 
them. The signals are always sent during the last five 
minutes before the exact holir and are made by closing a 
circuit for a brief period immediately following the end 
of each second except the following: 

29th, 51st, 56th., 57th, 58th and 59th seconds of the 56th min. 

29th, 52nd, 56th, 57th, 58th and 59th seconds of the 57th min. 

29th, 53rd, 56th, 57th, 58th and 59th seconds of the 58th min. 

29th, 54th, 56th, 57th, 58th and 59th seconds of the 59th min. 

29th, 51st, 52nd, 53rd, 54th, 55th, 56th, 57th, 58th, and 59th 

seconds of the 60th min. 

The signals from the observatory control a special 
form of telegraph repeater in the Washington office of 
The Western Union Telegraph Company and in the 
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Washington office of the Postal Telegraph-Cable Com¬ 
pany, so that daily, commencing at 11:57 a.m. Eastern 
Standard Time, the beats are repeated^ and transmitted 
to all of the large telegraph centers. At each of these, 
the incoming lines carrying the beats are similarly con¬ 
nected to tim& repeaters which repeat the signals into a 
number of telegraph circuits covering the territory 
served by that central office. In this distribution, the 
beat signals are connected to more than 200,000 miles of 
telegraph line wires. 

The signals indicating the time determined as correct 
by the Naval Observatory are thus automatically re¬ 
peated throughout the United States and made avail¬ 
able at all points having local master clocks controlling 
time functions so that these devices may be corrected 
daily for any error which may have accrued during the 
preceding twenty-four hour period. All the other dis¬ 
tributions of time described in this paper are on a local 
basis, that is, controlled by a local master clock serving a 
city or other territory not exceeding a few miles radius. 

Jewelers’ Beat Service 

The jewelers’ beat service mentioned at the beginning 
of this paper is quite similar to the noon beats. Each 
city or local territory in which this service is given is 
provided with a master clock equipped with the neces¬ 
sary contacts and with auxiliary equipment for trans¬ 
mitting time beats. These signals are transmitted to 
circuits upon which are connected in series a number of 
telegraph sounders installed in the offices-of the jewelers, 
watchmakers, pnd Qthers subscribing for the service. 

In general, the code followed for this service differs 
from that described above for the noon beat signals. 
The local master clocks are equipped with contacts for 
sending beats in accordance with a code which divides 
each hour into five minute periods, the first of which 
commences at the exact hour, with the exception of a 
silent minute following the exact hour. Beats or im¬ 
pulses are transmitted after each second except the 29th 
second and the last five seconds of each minute. During 
the last minute of each five minute period, the beats in¬ 
dicating the end of the 50th to 54th seconds are also 
omitted, making the final silent period of ten seconds 
duration. s 

Clock Synchronizing Service 

The most extensive distribution of correct time car¬ 
ried on by the Telegraph Company is the automatic 
correction of clocks. Each of these clocks is provided 
with an electro-magnetic device by means of which the 
hands may be set to a predetermined time. This mech¬ 
anism is independent of the motive power moving the 
clock hands and is thus applicable to practically any of 
the general design and types of clock mechanism. A 
large majority of the clocks actually in service in the 
system described have mechanisms of the spring-driven 
pendulum-controlled type, provided with a local battery 
and an electric motor which automatically keeps the 
driving spring properly wound. 
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A number of the clock magnets is connected # in series 
on a line wire and all such line wires serving the local 
territory are carried to a central or control office. Once 
each hour, there is sent from the Central Office a 
“synchronizing” impulse which operates the magnets 
and sets the clock hands to indicate correct time. There 
is in use a number of methods of distributing the syn¬ 
chronizing impulse so as to make all clocks conform to 
the correct time, and of insuring against interferences 
with the service. 

This paper describes the latest of these arrangements, 
designed for the larger cities, in which contacts on a 
local master clock control a machine equipped with a 
large number of contacts, each pair of which connects 
a line circuit to % source of power at the precise hour. 
This synchronizing machine is motor driven and as con¬ 
structed at present, is capable of handling 120 line wires, 
each of which may connect together groups of approxi¬ 
mately 60 clocks. The synchronizing machine is pro¬ 
vided with many special features to safeguard the clock 
service and with adjusting arrangements by means of 
which the time as transmitted by the machine may be 
made different from that indicated by the master clock 
controlling it. This latter feature permits correction for 
any slight master clock error with no readjustments of 
that device. It is only necessary to regulate the master 
clock by means of weights on the pendulum when the 
accumulated error exceeds four seconds. In this way, 
frequent regulations and consequent irregularity in the 
operation of the master clock are eliminated. 

Included with the synchronizing arrangements at 
the Central Office are automatic means for testing the 
clock circuits. These are embodied in a motor-driven 
test machine which is started by auxiliary clock con¬ 
tacts at predetermined intervals. When the machine is 
thus started, it connects successively to each line cer¬ 
tain electrical testing circuits which compare that line 
with a simple artificial line of correct characteristics. 
The mechanism is so arranged that when a line under 
test varies considerably from the artificial line, a printed 
record is made on a paper tape of the designation identi¬ 
fying that line. 

The two machines are mounted upon a 22 in. by 26 in. 
shelf attached to a metal cabinet 26 in. by 18 in. by 81 
in. high. This cabinet houses the auxiliary apparatus 
required in the operation and control of the machines 
and is provided with a jack panel at which each syn¬ 
chronizing clock circuit is made available for such tests 
and trouble analysis as may.be desired. The switch¬ 
board is provided with a volt milammeter and other 
equipment to facilitate such work. The completed 
switchboard is shown in Fig. 1. 

While the above describes in general the synchro¬ 
nizing clock service, a more detailed description of the 
clock mechanism, and of the electrical circuits of the 
synchronizing and testing machines may be of interest. 

Clock Mechanism. Fig. 2 shows the mechanism 
applied to a clock for resetting its hands if the clock 
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is in error when the synchronizing pulse is received.^ 
Regular clock mechanism connected to the shaft G" 
causes that shaft to make as nearly one complete revo¬ 
lution per hour as practicable. The shaft is connected 
through a friction coupling to the double disk Q and 
hence the latter is driven by the clock mechanism but 
may be moved independently. To this disk is mounted 
the minute hand of the clock and the gear train driving 
the hour hand one revolution for each twelve revolutions 
of Q. A lever D is so arranged that when the electro¬ 
magnet A is energized its armature B causes D to strike 
projections on Q and thus move Q and the clock hands 
controlled by it to a definite position; i. e., that corre¬ 
sponding to the exact hour. Normally, the syn¬ 
chronizing lever D is locked in the position shown by 
means of the locking lever H, which carries a pin S 
that engages the catch T on D. This arrangement pre¬ 
vents any current which might be used for testing during 



Fig. 1 


other portions of the hom; from operating the syn¬ 
chronizing mechanism. At three minutes to the hour, 
the pin U on the disk Q engages the lever H and moves 
the locking pin S from under the catch T. The mech¬ 
anism is® now free to operate when the synchronizing 
current passes through the magnet A. The pin. U 
remains engaged with the locking lever until three min¬ 
utes past the hour, at which time it allows the lever H to 
drop back in position and lock the synchronizing mech¬ 
anism until the next hour. 

A somewhat different mechanism is generally used 
to set the second hand of a clock and that is also illus¬ 
trated in Fig. 2. The second hand is regularly attached 
to the heart-shaped cam R which is driven through a 
friction coupling by the clock mechanism. When the 
synchronizing magnet is operated, the lever C is pressed 
against this cam to advance or retard the second hand 
to a position indicating the beginning of a minute. 


Synchronizing Machine. The clock magnets are 
grouped in series on line circuits which are connected to 
contact springs on the synchronizing machine. Each 
machine is provided with two cams for closing these line 
springs and for controlling the application of power for 
the transmission of the synchronizing impulse. These 
' elements are illustrated in Fig. 3 in which B, C and 
B\, C\ represent clocks on two lines connected to the 



Fig. 2—Clock Synchronizing Mechanism 

springs LS and LSi arranged for operation by the insu¬ 
lated cam. Around each cam are disposed ten layers 
each containing six sets of contact springs, the cam thus 
controlling contacts for a total of 60 lines. One of the 
cams is also arranged to operate a pair of “synchronizing 
contacts” shown in Fig. 3 at SC. Once each hour, the 
master clock causes the cams to revolve' through one- 



Fig. 3—Elementary Clock Circuit . 

third of a revolution. As they do so, each set of line 
springs is closed and then restored to its normal condi¬ 
tion except that they rest upon a similar portion of the 
c am 120 deg. farther advanced. The movement of the 
cam also closes the spring SC which through the opera¬ 
tion of the power relay PR connects the line wires to a 
source of operating current MB. It should be noted 
that the raised portion of the cam which passes under 
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the springs SC s shorter than that under the line 
springs. This insures the line.circuits being closed be¬ 
fore power is applied and that they remain closed until 
the power relay has been deenergized and has removed 
the power connection. In practise, a number of power 
relays is used, each controlling the current to a group of 
lines varying in number from 12 to 30, depending upon 
the potential used. 



Fig. 4—Electrical Circuit of Synchronizing Machine 


The cams are driven by an electric-motor through 
gear trains sq controlled by a master clock that once 
each hour the cams turn through one-third of a revolu¬ 
tion. The time required for this movement is four 
seconds, and of this period approximately three-quarters 
of a* second is used in transmitting the synchronizing 
impulse. 

Fig. 4 shows the electrical circuits of the syn¬ 
chronizing machine. The master clock and battery 


seconds before the exact hour and opens at fiv® seconds 
"before the exact hour. The closing of these contacts 
starts the machine in operation* and sets the various 
control parts to a correct initial position. Through 
suitable clutch mechanisms, the opening of Contact 2 
causes a timing arm to revolve and connect to contacts 
- on a timer table. The timer table contacts control a 
“line clutch” mechanism so that during the interval 
between the closing of the two pairs of these contacts, 
the cams are turned and transmit the synchronizing 
signal. By manual adjustment of the position of the 
timer table contacts, the time relation between the 
connections to them and the opening of Contact 1 may 
be varied to compensate for errors in the master clock. 

Two keys are also shown in Fig. 4. Key No. 1 when 
depressed operates the main power control relay, thus 
permitting an attendant to make tests requiring line 
battery. Key No. 2 and an extra set of master clock 
contacts (shown as Contact No. 1) are provided to 
facilitate comparison of signals from the synchronizing 
equipment with standard observatory time. Pressing 
Key No. 2 before the end of the 58th and 59th minute 
of each hour causes the entire mechanism to function in 
a normal manner except that the synchronizing impulse 




Fig. 5—Elementary Testing Machine Circuit 


clock shown control the machine in transmitting the 
impulses. At five seconds before the hour, the battery 
clock contacts close and remain closed until five seconds 
after the exact hour. These contacts through suitable 
relays connect the machine to the source of operating 
current for the clock line circuits. The master clock 
contact shown as Contact 2 closes at approximately 15 


is not sent to any line but is sent to a bell, the stroke of 
which may be compared audibly with the corresponding 
signal from the Naval Observatory. 

Testing Machine . In Fig. 5 is shown in heavy lines 
a schematic representation of a clock circuit and in light 
lines the electrical elements of the testing arrangement 
used in checking the quality of the clock circuit. The 
tap resistance TR is fixed at approximately one ohm 
per volt of operating potential of the main battery MB, 
while resistance LR is selected so that the current during 
the synchronizing impulse will be 250 milliamperes. 
The resistance from A to G will therefore be the same 
for all circuits operating from a given potential. A 
fault on the clock circuit would either decrease or in¬ 
crease this resistance value. The testing arrangement 
of Fig. 6 is designed to indicate when such a change from 
the normal resistance exists. 

The center point X of a differentially wound relay is 
connected to the testing battery TB . One winding of 
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the relays is connected to the line at A and the other 
winding is connected to the artificial line resistance’ 
ALR. Resistance ALR is adjusted to equal the nominal 
, value which should exist for all circuits operating at the 
potential of the main battery MB. If the resistances in 
series with the two windings of the differential relay are 
equal, the current flowing from the battery TB divides 
equally and the relay will not be operated. Should 1 the 
line resistance vary from that of the standard ALR as a 
result of a ground, open or other fault, the currents in 
the two relay windings will be unequal and the relay will 
operate the printing magnet. 

Fig. 6 shows schematically the electrical circuits of 
the testing machine. Once each hour, the motor con¬ 
trolling this machine is started by the closing of the 
clock contacts. A brush shown at A x moves spirally 
and contacts with the line studs L x while brushes A 2 
and A 3 contact with studs L 2 and L s . In making these 
connections, each line is connected to one of the differen¬ 
tial relay windings and thus compared with the artificial 
line or standard. If, as a result of an improper line 
condition, the relay is operated, the printing magnet 
causes an impression to be made upon a paper tape to 


indicate the position of the Brush A x at the time the 
printing magnet has operated. This identifies the line 
in trouble to an attendant who may then make the 
necessary tests to determine the nature of the fault. 

Summary * 

The proper distribution of time information requires 
a continuity of accurate service. This the systems de¬ 
scribed aim to accomplish by the subdivision of the dis¬ 
tribution into local areas each entirely independent of 
all others. The equipment in each area is capable of 
rendering an accurate time service to subscribers in that 
area for extended periods without assistance from other 
sources and by the nationwide dissemination of stand¬ 
ard signals may be held to a negligible variation from 
true time. The equipment and operating methods are 
such that troubles occurring within the area will pro¬ 
duce a minimum of interference with the accuracy of the 
distribution within that area and will be promptly in¬ 
dicated so that they may be remedied. 

__ 

Discussion 

For discussion of this paper see page 550. 


, Synchronous Electric Time Service. 

BY H. E. WARREN 1 


B EFORE the beginning of the present century, there 
were a few individuals who realized the possibility 
that commercial alternating current might be used, 
in some manner, by means of its recurring pulsations, to 
measure time; but dreams of this nature did not ma¬ 
terialize in practical performance. 

Up to 1916 there was no commercial a-c. system in 
existence in which generator speed was regulated with 
sufficient accuracy so that the current could be used for 
the purpose of indicating time by means of synchronous 
clocks. At that time two devices were brought out 
which in the succeeding years made possible commercial 
a-c. time service. , 



i—T ype B Telechron Motor and Gear Train 


The first of these devices was a self-starting syn¬ 
chronous motor which utilized residual magnetism to 
enable a rotor to start and run at synchronous speed. 
This type of motor differs from all the common forms of 
a-c. motors in that eddy currents, induced either in the 
mass of the rotor or in some form of winding upon the 
rotor, are not utilized to start the rotor from rest. In 
place thereof, the rotor is made of such permanent 
magnetic material and is so proportioned with respect to 
the field that remanent magnetic poles are set up in the 
rotor material by the a-c. magnetism of the field in such 
a manner as to cause the desired motion. Such a motor 
is sometimes known as a hysteresis motor. Fig. 1 shows 
a phantom view of a recent model of this motor. 

The hands of a clock were connected by a gear train 
with the first of these self-starting synchronous motors 
and this clock, supplied by current from the local elec¬ 
tric light system, was compared with standard time, 

1. Warren Telechron Company, Ashland, Mass. 
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at intervals, over a period of several weeks. The new 
motor-driven clock proved to be a very inferior time¬ 
keeper, developing daily errors as great as five or ten 
minutes, thus proving the need of greater accuracy in 
the average frequency of the power supply if it were 
to be used for timekeeping. 

By observing these daily errors, it was easy to com¬ 
pute the average value of the system frequency. There 
are 1,440 minutes in a day and the gearing of the clock 
was such that, if the frequency had been exactly 60 
cycles, there woyld have been no time error. A 1 per 
cent error in average frequency (0.6 cycles at 60 cycles) 
would mean 1 per cent error in the time of the clock, 



Fig. 2—Daily Average Frequency Before and After 
Installing Warren Master Clock * 


which amounts to 14.4 minutes in a day. The actual 
computed error in the average frequency, as determined 
by these observations, is shown in the upper curve of 
Fig. 2 which was originally published in the article 
“Clocks in the Field of Electric Light Appliances” in 
the Proceedings of the N.E.L.A. for 1917. 

The second device consisted of an indicating instru¬ 
ment that would show to a generating station operator, 
directly in terms of time, deviations of average fre¬ 
quency from standard. Guided by this instrument an 
operator could so regulate the speed of his generators 
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as to maintain such small deviations from standard 
average frequency that the alternations could be used - 
to measure time for all,prdinary commercial purposes. 

Fig. 3 shows the dials of a type of master clock which 
is in common use. The large dial in the center has two 
hands, one colored black and the other gold. The black 
hand makes a revolution on the dial every five minutes; 
its rate of motion being regulated by an accurately 
adjusted pendulum beating seconds. The gold hand is 
driven by a gear train directly from one of the Tele- 
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p IG . 3 —Operating Dials of Type A Master Clock 


chron self-starting motors. The gear ratio is such that, 
when the average frequency is correct, this hand wil 
also make one revolution in exactly five minutes. 

The two hands are started off together. So long as 
the average frequency remains correct, they will keep 
together and there will be no visible angle between them. 
An error in the average frequency will cause the gold 
hand to move slightly faster or slower than the black 
hand and they will become separated. The angle of 
separation will be a direct visible measure of the error 
in the integrated alternations, which may be conve¬ 
niently called the system time. If the gold hand is 
ahead, tjjis will show that the system time is fast; it 
behind, that it is slow. 

An error in the average frequency as small as l/60th 
of a cycle will cause a spread of one second between the 
two hands of the master clock, in one hour. If such an 
error continues, the spread will continue to increase as 
time passes. The accuracy of the indication is limited 
only by the time keeping precision of the pendulum 
itself. When carefully regulated this is better than one 
second per day, or an absolute precision of about one 

part in one hundred thousand. _ , . 

When the operator, at the generating station which is 
regulating frequency, adjusts the turbine governors 
from time to time so as to keep the black and gold hands 


of the master clock together, he automatically causes all 
other synchronous motor clocks on the same system to 
keep correct time. The'lower curve of Fig. 2 shows 
the great improvement in the average frequency value 
which was obtained after the first master.clock instal¬ 
lation. „ . , 

The standardization of average frequency is of grea 
'value to the power companies in the following ways: 

1. By improving the service furnished to manufac¬ 
turing establishments, ensuring more uniform speed of 
motor-driven machinery and as a general result assur¬ 
ing the quality of the product. 

2. By facilitating interconnection with other power 
companies which have correspondingly standardized 

their frequency. , , 

3 By enabling power companies to use synchronous 
motor movements in their, maximum demand meters 
and graphic recorders, thereby obtaining more accurate 
and synchronized records at lower cost of maintenance. 

Before master clocks were available, the inherent 
errors in frequency indicators were sufficient to handi¬ 
cap operators on interconnected systems m their efforts 
to equalize the frequency preparatory to synchronizing 
the two systems, and to lead to controversy as to the 
true value of the frequency after the two systems were 

synchronized. , , ,, 

Master clocks have been generally adopted by t 
power companies of the United States for the purpose of 
regulating frequency. At the present time, it is es i- 
mated that thif regulation of the current to over 90 per 
cent of the consumers’ meters in this country is guide 
by these master clocks. 
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5 ELAPSED WEEKS 


Fig. 4—Maximum Daily System Time Errors of Four Large 
' Power Systems 


The accuracy which may be expected at preseht from 
a synchronous electric clock is indicated by the records 
shown on Fig. 4. The records shown on this chart are 
taken from four typical very large interconnected sys¬ 
tems east of the Mississippi River. The ordinates of 
the curve in each case are seconds deviation _ from 
standard time, and the abscissas weeks over a period of 
five months. The solid line through the center of each 
curve represents standard time, and the two points 
plotted for each day at the top and bottom of the band 
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represent the Inaximum range of the deviations from 
standard for that day. The widest deviations shown 
are 44 seconds fast or slow, which riieans that a syn¬ 
chronous clock on these systems set absolutely ac¬ 
curate with standard time did not, through the period 
plotted, indicate incorrect time more than 44 seconds 
fast or slow. The records of the two systems which, 
show the smallest departure of standard time indicate 
that a clock operating on these systems would never 
be more than 9 seconds fast or slow. There are few 
uses of time which justify higher accuracy, and even the 
worst of these records is far superior to that of pre¬ 
vious types of commercial clocks. 

Some power companies throughout the country may 
be giving better than the best time service indicated on 
this chart. Probably there are some permitting wider 
variations. Practically all power companies, however, 
are giving sufficiently accurate frequency regulation to 
provide far better time on synchronous clocks than on 
commercial clocks previously available. 

All factors in power system development are tending 
to require continued improvements in frequency regu¬ 
lation. As a matter of fact the very large intercon¬ 
nected systems have so much momentum stored in 
rotating equipment (generators, motors, etc.,) that 
they will give, when properly adjusted at the beginning 
of a flat load period, almost perfect time with no adjust¬ 
ment of governors for speed. Governor adjustment is 
necessary, however, over the irregular portions of the 
load curve and much work is being donfe at present to 
divide the burden* of this regulation on large inter¬ 
connected systems between the various power com¬ 
panies by the use of automatic frequency control to 
supplement the master clocks. When perfected and 
applied these instruments will undoubtedly reduce the 
system time error to insignificant values of the order of 
1 or 2 seconds. 

About 1928, twelve years after alternating current 
regulated by means of master clocks illustrated in Fig. 3 
became available, there appeared on the market the 
first of several new varieties of synchronous motors 
suitable for use in clocks. These motors may be divided 
into two classes; non-self-starting and self-starting. 

The n&n-selj-starting motors, of which there are 
several kinds, generally have toothed soft-steel rotors. 
The usual stator construction is bi-polar with teeth on 
each pole corresponding to the spacing of the rotor 
poles. In all multipolar motors of the common varie¬ 
ties the speed is found by dividing the number of current 
alternations per minute by the number of rotor or stator 
poles. In nearly all cases no attempt is made to intro¬ 
duce a rotating component into the field. A common 
arrangement of rotor and stator is shown in Fig. 5. 
On account of the difference in magnetic reluctance 
between rotor positions, where the poles do or do not 
correspond with the stator poles, a strong reactance 
torque exists when the rotor is at rest. This tends to 
prevent the rotor from starting; but when running at 
synchronous speed, tends to keep it at that speed. 


It is somewhat difficult to spin such a rotorby hand 
'so as to cause it to lock into synchronism with*'the 
alternating field, unless some means are provided which 
will permit a sudden phase shift of the rotor poles as the 
rotor speed passes through its synchronous value. 
Among the satisfactory schemes for accomplishing this 
result are the use of loosely coupled fly-wheels on the 
rotor shaft or spirally arranged rotor poles with means 
for the axial shifting of the rotor in the field. Mechani¬ 
cal launching devices are also sometimes used auto¬ 
matically to bring the rotor up to approximately syn¬ 
chronous speed when started by hand. 

The self-starting synchronous clock motors, which have 
appeared within the last few years, utilize a-c. fields 
with rotating components brought about by the use of 
shading coils. Most of these motors have multipolar 
rotors with some form of squirrel cage winding or a 
copper element wherein Foucault currents are induced 
by the rotating field. Such motors get their starting 



Fig. 5—Non-Self-Starting Synchronous Clock Motor 

r 

torque, like ordinary induction motors, through the 
reaction of the Foucault currents in the field. Syn¬ 
chronous driving torque, in these varieties of self¬ 
starting motors, is produced by polar projections of the 
steel rotors or by a separate polar element loosely 
coupled to the rotor shaft. One variety of the recent 
self-starting synchronous motors utilizes remanent 
magnetism for starting and for synchronous operation. 

Any of the rotors heretofore described may be used to 
drive the hands of a clock through a simple train of 
gears. Two forms of such gear trains are in common 
use, one composed entirely of spur gears and the other 
utilizing worm gears and worms. On account of the 
greater efficiency of transmission, a spur gear train is 
better for large clocks but for small clocks other 
mechanism is satisfactory. Frequently, the high-speed 
gears of a spur gear train are made of non-metallic 
material so as to run more quietly and the motor or 
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the whole; clock movement is usually mounted on cush-^ 
ioning material so as to reduce the a-c. hum. Some 
clocks are much quieter than others depending upon the 
rigidity of the field laminations and the design of the 
moving parts. 

Any one of the motors mentioned is adequate to 
drive the hands of a clock dial 12 in. or less in diameter. 
The actual output required for this purpose is exceed¬ 
ingly small. If the clock hands are balanced and the 
gear train is fairly efficient, not more than one-twenty 
millionth of a horsepower is needed for a 12. m. dial. 
The power output of the various motors ranges from 
less than one-millionth of a horsepower to more than 
one-ten thousandth of a horsepower. The larger amount 
has been found adequate to drive tower clocks ten 
or twelve feet in diameter. The power output of these 
motors seems exceedingly small as compared wit 
commercial motors which are used for other purposes 
but it is, nevertheless, fully adequate for this time 
keeping duty and is many times greater than the power 
of ordinary spring clock motors. 

The electrical input to these motors is generally in the 
neighborhood of two watts, but as the power factor is 
low, the volt amperes will vary from three to six. 
Obviously, the efficiency of these motors is very low 
indeed, amounting to a fraction of 1 per cent. How¬ 
ever, the power used is so little (17 kw-hr. per year or 
approximately $1.00 worth) that this feature is o minor 

importance. " _ 

Most synchronous motor clocks are provided wit 
some form of indicator visible through a small hole m 
the dial. In clocks which are not self-starting, this 
indicator shows by its continuous motion that the cloc 
is in operation. After an interruption m the current, 
the motion of the indicator stops permanently. In self- 
starting motor clocks of the Telechron brand the 
indicator, back of the dial, shows a steady white target 
as long as the current flows. This target changes to 
red and so remains after an interruption m the current 
supply, although the clock* of course, starts and con¬ 
tinues to run as soon as the power is restored. 

Inasmuch as most kinds of synchronous motor clocks 
will either stop permanently or show errors after cur- 
rent interruptions, it is reassuring to know that system 
interruptions are rare in our thickly settled districts. 
Often, these clocks continue to show correct time within 
a very few seconds for many months, even for years. 
In order to provide against the rare stopping of the 
hands because of interruptions, clocks have been avail¬ 
able for many years which have auxiliary spring move¬ 
ments. These movements appeared more necessary 
in the beginning before alternating current service had 
become as reliable as it is today. 

The successful operation of synchronous motor clocks 
* is quite independent of certain influences which are 
detrimental to other clocks such as lev el position, vibra¬ 


tion, and ordinary temperature variations. Extreme 
temperatures nea f zero fahrenheit will stop some kinds 
of clock motors, but other varieties will operate well 
below zero. 

Application of these small clock type, synchronous 
motors to many devices and instruments has been going 
' on ever since these motors became available. The first 
users were the power companies themselves who had 
many instruments and meters, especially those of the 
maximum demand type, which required time keeping 
elements. The spring clocks, which had been used for 
these purposes, were inaccurate, troublesome, and costly 
to maintain. This was especially true because they 
needed frequent winding and were often located at 
distant points. The instrument load was sometimes 
too great for a spring clock to handle with accuracy. 
As soon as the motors were substituted for the spring 
clocks there was a great gain in accuracy and reliability 



g—D ial of Large Synchronous Tower Clock 


and the costly winding was eliminated. It then became 
possible to redesign the instruments so as to give still 
better performance. 

Gradually, nearly all the makers of instruments be¬ 
gan using synchronous motors in place of spring move¬ 
ments until the list of such motor-driven instruments 
is a nearly complete catalog of devices m which the 
measurement of time is involved. The largest class of 
these motor-driven instruments is perhaps the graphic 
recording type. The load of driving a paper chart, 
especially of the strip type, is very great for a spring 
clock, but comparatively trifling for a synchronous 
motor. Moreover, the motor can handle a roll of paper 
so as to make a continuous record for weeks or months 
without regard to winding. There are also inany m s 
of instruments which do not make a record but serve 
to control or actuate, and synchronous motors have 
advantageously been incorporated into certain forms 
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such as time switches, temperature controllers, traffic 
signals, etc. 

There is a large and important class of timing devices 
exclusive of ordinary clocks. Among them are numer¬ 
ous kinds of time and cost recorders, program machines, 
time stamps, etc., wherein synchronous motors have 
gradually been replacing spring clock movements. This' 
change has made it possible, in many cases, to eliminate 
local master clocks, batteries, and expensive wiring. 

In building installations, where Telechron clocks, or 
timing devices driven by Telechron motors, are numer¬ 
ous it is customary for the customer to provide a so- 
called “resetting device” or else a duplicate source of 
alternating current energy to guard against the effect 
of interruptions in the supply of current. In all such 
installations, a separate wiring system is used and this 
is connected with the public service system through a 
suitable switchboard. The resetting device automati¬ 
cally measures the duration of an interruption and, after 
the current is restored, applies higher frequency or 
otherwise speeds up the clocks until they are again 
correct. 

The problem of driving very large tower clocks by 
means of self-starting synchronous motors is much less 
difficult than that formerly involved in the use of con¬ 
ventional pendulum tower clock movements. It is 
necessary, of course, for the gears and shafts to be very 
strong because the stresses due to the great weight of 
the hands and the pressure of the wind^are rather high. 
Fig. 6 shows a tower clock movement installed on the 
Williamsburgh Savings Bank at Brooklyn, N. Y. where 
each of the four dials is 26 ft. in diameter and the hands 
alone weigh 700 lb. per pair. The hour hand sleeves 
of this clock are of steel and their outside diameter is 4 
inches. The powef required to drive these hands dur¬ 
ing a heavy wind is less than 0.001 hp. The motors 
used have a very large surplus power margin. 

The use of synchronous motor clocks and timing 
devices has increased since its conception in 1916 with 
extraordinary rapidity, especially during the last few 
years. According to estimates more than one million 
two hundred thousand synchronous motor clocks were 
sold during 1930. 

There seems little doubt that, during the coming 
years, spring and weight driven clocks will be replaced 
in large measure by the new a-c. timekeepers, which 
have proven greatly superior in every important respect. 

The author wishes to express in this paper sincere 
appreciation of the generous aid which has been given 
by numerous executives and engineers to promote the 
attainment of commercial time service by means of 
alternating current—especially those men with far 
sighted vision who realized the possibilities before there 
were any actual results. 

He would also express thanks to Mr. George M. 
Keenan, Superintendent of the Pennsylvania-New 
Jersey Interconnection, who has cooperated in the prep¬ 
aration of this paper. 


Discussion r 

TIME AND ITS MEASUREMENT 

(Brown) * 

MODERN DEVELOPMENTS IN PRECISION CLOCKS ■ 

(Loomis and Marrison) 

TIME SERVICE OF THE U. S. NAVAL OBSERVATORY 

(Hellweg) 

TIME SERVICES OF THE TELEGRAPH COMPANIES 

(J anson) 

SYNCHRONOUS ELECTRIC TIME SERVICE 

(Warren) 

L* S. Harrisons This discussion presents an important de¬ 
velopment in the particular field of institutional electric time 
systems—where a multiplicity of clocks is designed to influence 
the coordination of activities in schools, hospitals, office build¬ 
ings, railroad terminals, industries, etc. It is a master clock sys¬ 
tem which hourly supervises the uniform agreement of electric 
secondary units. 

This system which has had widespread application during the 
past seven years combines certain basic principles of practical 
timekeeping in a unique manner. The most reliable means of 
obtaining commercial accuracy is with a high grade 60-beat 
pendulum regulator. A well designed unit, properly mounted and 
free from vibration is capable of rating within two to three 
seconds per month of standard time without resetting, or an 
error of approximately 1 in 900,000. 

The practise of all of the best known systems of electric clocks 
to employ, somewhere in the system layout, a 60-beat master 
regulator, confirms this basic necessity of time system engineer¬ 
ing. However, the high accuracy of a master clock does not by 
itself, assure the successful transmission of system time to the 
various individual secondary time indicators because to com¬ 
plete its function as a time governor, a master regulator must do 
two things: r 

1 . It must provide an electrical operating medium to propel 
secondary clocks at an accurate constant rate of advance, and 

2 . It must transmit to each secondary clock, periodically, a 
point origin of time on which to establish such constant rate. 

It should be borne in mind that secondary time units are not 
of themselves, clocks; they cannot keep time by themselves but 
must depend upon an uninterrupted supply of accurately timed 
pulses and they, hence, inherently reflect as any other meter 
reflects, conditions in everything which may contribute to or 
affect their operation; yet these secondary clocks are the real 
points of utility in the time system and the medium through 
which the master clock delivers its service. * 

Further, any clock indicator which depends initially for its 
timekeeping quality on original setting by hand, obviously does 
not receive its accuracy from the master'clock and cannot be said 
to do so. 

The master clock, which is automatically self winding, trans¬ 
mits its own accuracy over a wiring system wholly devoted to 
time service transmission to the secondary timepieces both as to 
rate of advance and as to a point origin of time by means of a 
periodic time check. 

The secondary units are designed electrically to sense their 
own agreement with system time once an hour and automatically 
to accept only the exact required number of driving impulses 
during the hour. These secondaries may be in the form of devices 
for signaling and recording of time as well as for indicating. 

Since its introduction in 1924, this system has been placed in 
use by large numbers of schools, colleges, banks and office build¬ 
ings, and industries throughout the United States and Canada. 
Three outstanding recent installations are the Pennsylvania Rail¬ 
road Philadelphia Terminal Development, Cincinnati Union 
Terminal and the Cleveland Union Terminal Group. 

A short description of this system is placed on record for 
reference as follows: 
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A description of the Hourly Supervised Electric Time System 
is quite readily grasped when two of its operating conditions are, 
laid down, namely: 

1 Each secondary clock (Fig. 1) individually connects itself 
, to the supervising circuit at the 59th minute on its own mdieating 

dial, permitting it to sense its own position with the correct 
system time. 

2 The master clock shown in Fig. 2 provides supervising also 
during the last minute of the hour by a simple manipulation ot 
the circuit. This supervision, being supplied for variable diflei 
ences in error, must be handled over two of the three wires in 

the system, as follows: 

(a) On one wire a suspension of impulses for a period o ten 
minutes before, so that any fast secondaries may be retarde 
which may have arrived at the last minute of the hour point 

ahead of the master clock. 

(bl On the other wire extra impulses are supplied, during e 
last minute of the hour, in order that slow secondaries may be 
stepped ahead. 

All units which are on time, are of course, in. perfect step 
the master clock and therefore do not partake of any ot the 
eflecS produced by the above supervision. The third wire is a 
common return. 

Philip Sporn: A reading of Mr. Warren’s very interesting 
paper is likely to give the impression, particularly to one who has 


trol and we all Mow the subject is complicate*! enough as it i 

without having to encounter that. approximately 

In Fig. 3 is shown-a frequency chart taken ° ver ^ P em in j une 

12 hours on our middle western mterconne t that the 

1925. A rough examination of the chart tjme it wi U 

instantaneous frequency is pretty r®®SC ■ __ it been worse 

be noted that at no time during the 12 hours hj t U 

than cycle plus or minus the » i or if it 

'be seen that the average frequency is ^bstantially pe«e 
is not, over this 12 -hour period, there would be no £ 

governor manipulation, say over the 24-hour per _. t in any 

perfection, as far as average f requency is concerned e 'curve. 

way altering very much the characteristic of 
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Fig. 1—International Secondary Clock and Movement 

but a passing acquaintance with the subject, that the question of 
frequency control on the part of the operators of large power 
systems is a rather simple affair, involving, as it does not, very 
little more than the use of a master clock, and that.such practi 
is very beneficial in the operation of a power system. Such, 
course, is far from the case; I would, therefore, emphasize some 
of the dark shadows in the picture in order to give a re P r ®® e ^ a ' 
tion more nearly in accordance with the facts. In connection wi 
Fig 2 of the paper there is shown a graph of daily average fre¬ 
quency before and after the installation of a master.clock. 
It ought to be pointed out, however, in this connection that while 
a master clock permits the speeding up or slowing down of system 
frequency after a certain period has elapsed and the en-or h 
been allowed to accumulate, that the straight line curve does not 
truly represent system frequency. 

Nor is the very jagged and irregular line typical of’what.can 
be done without the use of a master clock. The fact of the matter 
is that during the period covered by the upper curve m -Fig., 
the frequency meters available were of such a crude nature that 
the results shown are about all that could be expected. On the 
other hand, the use of a modern frequency meter with its high 
degree of accuracy without any master clock whatsoever could 
be made to give substantially as good an average time curve as 
is indicated by the lower curve in Fig. 2 of the paper. I think it 
is worth while stressing this because otherwise we may get the 
old familiar post hoc, ergo propter hoc train of reasoning started m 
connection with the very complicated problem of frequency con- 







Fia. 2 — International Master Clock and Movement 



Fig . 3 —Frequency Chart Taken in June 1925 

Showing excellent average frequency but wide variations of instantaneous 
frequency * 

This again is shown because of the claims made in the paper by 
Mr Warren that the standardization of average frequency is ot 
great value to the power companies in the ways enumerated: 

1 “By improving the service furnished to manufacturing es- 
tablishments, ensuring more uniform speed of motor-driven 
machinery and as a general result assuring the quality ot the 

Pr It will be seen from Fig. 3 that so far as giving good service to 
processes requiring accurate speed, the frequency represented by 
Fig 3 although having excellent average characteristics, is de¬ 
cidedly unsuitable and offers no improvement over some other 
frequency that might have the same characteristics, but which 
might be floating above or below the 59-cycle line as a base. 

2 “By facilitating interconnection with other power compa¬ 
nies which have correspondingly standardized their frequency.” 
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Again referring®to Fig. 3, it will be noted that's, frequency of the 
type shown there is not adequate in a large interconnected system 
although again it may be perfect-from an average frequency 
standpoint. The attempt to regulate frequency to make satisfac¬ 
tory interconnection is much more complicated and brings with 
it a train of many other problems, some of which will be men¬ 
tioned later. • 

3. “By enabling power companies to use synchronous motor 
movements in their maximum demand meters and graphic re¬ 
corders, thereby obtaining more accurate and synchronized 
records at lower cost of maintenance.” 

An examination of Fig. 3 will again show that a considerable 
error can be introduced in the timing of devices utilizing the 
frequency of the type indicated there, even though the average 
frequency is perfect. 

Mr. Warren again states that before master clocks were avail¬ 
able the inherent errors in frequency indicators were a handicap 
in system operation, particularly in synchronizing different sys¬ 
tems. It is, of course, a fact that two systems can have their 
average frequency almost perfect, and yet at the instant of syn¬ 
chronization be absolutely unsuited for coming together. The 
fact of the matter is that the average frequency has nothing to 
do with system operation, but that system operation was greatly 
facilitated and improved by the development of accurate fre¬ 
quency indicators. It is admitted,, however, that it is highly de¬ 
sirable to maintain average frequency equivalent to the nominal 
frequency of the system as long as there is the slightest claim 



Fig. 4 —Frequency Chart Taken During May 1931 

Illustrating to -what extent instantaneous frequency variations can be 
reduced 


an actual reversal of flow, then up again to approximately 
J 10,000 kw., and down to 20,000 kw. It is obvious that® this 
particular line, in so far as it was intended to function as a steady 
deliverer of power somewhere close to*its theoretical limits, was 
vitally handicapped by what it was doing in the way of maintain¬ 
ing system regulation so that a frequency shown in Fig. 4 could 
be maintained. 

A more definite relationship between tie-line loading and time 
deviation on an interconnected system is shown in Fig. 6. It 
will fie noticed that during the 2-hour period, the time deviation 



Fig. 5— Typical Example Showing the Effect of Close 
Frequency Regulation on the Loading of Tie-Line Con¬ 
necting the Regulating Station to the System 

from true time was at no time greater than approximately 2 
seconds, yet that involved carrying the tie-line through several 
very erratic and violent cycles of loading. Note, too, the definite 
relationship between time deviation and load picked up by th« 
tie-line and furnished to the system: 

For example, during the period from 5:00 p. m. to 5:20 p. m. 
load was coming on the system rapidly and the frequency control 
station was picking up this load as indicated by the tie-line chart 
in order to maintain frequency. At about 5:20 the upswing 
stopped and the regulating station bacl^d off about 70,000 kw. in 
a matter of some 10 minutes. The process was again reversed at 
even a more rapid rate between about 5:40 and 5:50 p. m. These 
violent swings in load, of course, have their repercussion on the 
operation of the plant from which this tie-line is fed and operation 
under these conditions is not at all a simple matter. For that 
matter the entire problem of frequency regulation on an inter 


with regard to constancy of frequency. A master clock along 
with a time deviation recorder is, of course, very desirable as a 
means of cheeking the accuracy of the frequency recorders. 

Mr. Warren is, of course, on solid ground when he states that 
the factors in power system development are tending to require 
continued improvements in frequency regulation. These factors, 
however, it should be pointed out, are totally independent of and 
have no relation to the problem of supplying time and it is doubt¬ 
ful whether the advantages of being able to supply correct time 
would pay #or the difficulties that are involved in maintaining 
such close frequency. He is not-right, however, in saying that 
very large interconnected systems, because of the heavy momen¬ 
tum, etc., give almost perfect time with no attachment of gover¬ 
nors for speed. In Fig. 4 there is shown a frequency chart taken 
on the same system which furnished the data in Fig. 3, the differ¬ 
ence being that it was taken approximately 5 years later. It will 
be noted that the instantaneous frequency here is almost perfect, 
having a maximum deviation of approximately plus or minus 
0.03 cycles. However, it was not obtained by merely bringing 
together a large power system and letting it run in parallel after 
the governors had been adjusted. 

In Fig. 5, for example, there is shown a typical loading on one 
of the tie lines of the particular system tying together two large 
portions of it during a day when frequency of the order given in 
Fig. 4 was obtained. It will be noticed that over this particular 
line within a period of less than 2 hours this tie-line had its load 
increased from zero to about 95,000 kw., back to zero again with 



Fig. 6—Typical Case of Power Transfer Across a Tie- 
Line as a Result of Holding Accurate System Time 

connected system is highly involved both from a technical and 
from an economic standpoint. It is important, therefore, that the 
impression be not allowed to remain that frequency regulation is 
rather simple; nor that it becomes more simple as more systems 
are thrown together in parallel; and that the mere installation of 
a master clock of the type shown in Fig. 3 of the paper will do the 
trick. 

Time service should be a logical by-product of system opera¬ 
tion; at the present time it appears safe to say that the ultimate 
method of operating large interconnected systems will be facili- 
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tated by extensive use of automatic frequency control devices 
and.vthat it will be possible to obtain very accurate time service, 
from such systems. 

Considerable use has bSen made of synchronous motor clocks 
in indicating type and in round chart type demand meters, as 
broil 'Hit 0ll t in Mr. Warren’s paper and this has effected consider¬ 
able economy and increased reliability in the use of these meters. 
There is, however, a need at the present time for a synchronous 
motor clock of sufficient power to drive the timing device as well 
as the reroll device in strip chart instruments. Some use has 
been made of synchronous motors in strip chart meters to date, 
but in practically all cases either an additional motor or a spring 
is used for the reroll. It is obvious that to replace these two units 
with single synchronous motors would simplify the construction 
and considerably lower maintenance. Such a device would be 
applicable to strip chart demand meters, wattmeters, ammeters 
voltmeters, etc. In the case of voltmeters, it would probably be 
advisable to incorporate some type of carry-over device in order 
that interruption and duration of interruptions would be properly 
indicated on the chart. 

R J Wensley: It is interesting to note that the first mteres 
displayed by the central station industry in synchronous time¬ 
keeping was in the use of such methods for the integration of 
demand against definite time intervals. Such devices bejat 
come into use some years before the distribution of time as a 
service was instituted by the power companies. As eaoh 
interval was short, usually 15 or 30 minutes, and as the * errors 
were not cumulative the variance from true time over the 
hour period found in the frequency of all power systems di 
, affect the commercial application of such devices. . 

As Mr Warren’s paper is historical in character, it is perhaps 
in order to add a few comments to complete the historical review 
5 Sin synchronous 5 

the main problem in the secondary clocks the various elasse 
motor and the origin of eagh are of some mteres . 

Self-starting synchronous motors suitable for P 

are of several varieties: 

1 Hysteresis motors, fully synchronous. 

(a) Smooth rotor hardened material. 

(b) Toothed rotor softer material. 

2. Reaction type, fully synchronous. 

(a) Phase split by resistance. 

(b) Phase split by capacitance. 

3. Sub-synchronous motors. 

(a) Two magnetic circuits and rotors. 

(b) One magnetic circuit, two rotors. 

( 0 \ One magnetic circuit, one rotor. . , 

Class ’1 is the oldest as the smooth core hysteresis motor de¬ 
class 1 is tne oinesu a j. flrf iened rotor was quite com¬ 
pending on the remanenee of lg87 . ^ toothed eore 

pletely described by Nikola Tes f slots f or its 

hysteresis motor depending on the re . patent ^ranted to 

synchronous characteristics first shows in the patent .ranted 

Durfee, of Rochester, New York, about 1910. ment _ T he 

use" of S ph.a,se ° S j^ed^dates 

- - * 

rieties of time service. Thomson described 

>•*» , PM d, 

as a magnetic escapement preven P tbiqfvne differing 
non. speed. Snb-sjnchro.o,.mototo » £d‘‘J®'*'22stod 

on* to a. dead. of : ^SSelristies 

' consists o< to induot.oneleme. , pe ed. All 

and a magnetic escapement to de d f rota tion for 

of these types have the advantage of slower speed 


a oiven size of motor. To counterbalance this* advantage is the 

rather critical nature of the design due to 

rate balance betweep the induction and synchronous elements 

Mr. Warren mentions the difficulty he experience' ^ P® rs ^ 
ing the central stations to agree to frequency regulaLom i 
verv interesting to note that the first inventor ^ ^ an applica 
tion in this country on a complete timekeeping ^ tern wa^Mr 
a f Poole who in 1914, filed on a system comprising a master 
• elol Sltor »d secondary .lock. «.b sy».l™no,,. »»««. 

Mr. Poole tried to bribe tie potter eomp.mes by■*»»“**" ' 

problem is not simple .s to. beep into *11 covered bj Mr. 
Sporn in his discussion. 

It might be well to mention at this time that t e usua power 

system is not regulated with sufficient aceiintervalsThe 
use of synchronous timing of extreme y s , . 

momentary variation may amount to as much as a tenth of a P 
cent or more. This error would.be too great to permit of the call 
bration of fine watches by stroboscopic methods using een r 
station frequency as a standard. Many such'^Sed^ 
sented to the manufacturers and of course must be refuse ; 

W A Dudley: Mr. Janson has described various time sei- 
Vil'^iel lie il.gr.pb companies furnish to 
and in this connection it may be well to mention another mpor 
taut time service which these companies provide for their 

PU Syncteoni Z ed clocks identical with those furnished to sub¬ 
scribers are provided throughout the several operating rooms 
A nffiJTof thelele-raph companies and usually one or more of 
Se eloi” lb e«b Ofce IS proved with emnA.per.ted e.ntoct, 

which, through suitable relays, toe «>«d tor A 

anti datino- stamps. The stamps are magnetically operated 1 

buf mey L. used ter stumping employees' tun. e«d. tod 
"SSttPSTL*. throughout .« «««re t.legmpb 

and cheeking speed of service. runtimes the 

J. c. Wilcox: Mr. Janson’s paper very ably 
technical characteristics of the equipment used to Jranm 
Naval Observatory time beats to master cdocks 3 fiU ^ 
correcting signals to subscribers eloe' f f ^.^ding 

scribers’ clocks are equipped with a special tjp „ OI 1 tinu- 

movement particularly adapted to the maintenance of a coutm 

ous correct time service, I would enlarge on that yat*** 
Janson’s paper which refers to-the movements and giy • 
further idea of their construction, use, and application. 

' .«d foremost stood, the toot th.t these dlodto « ^ 

pemdent operating unit.. They do not dop.nd 
energy for operation. They are spring-driven a * d 
operated A motor automaticaHy winds the mam s P r “! ; ^ 
each hour and maintains a constant tension on the mam spn g 
toenmto pendulum control. Clook, 
can be regulated within three or four second !' “ s Zchxo- 

£gsteJtl h to?°Their m outstanding feature^is J eir 
operate continuously and accurately regardless of outside 
interruptions. 
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This characteristic makes them particularly desirable for use in 
commercial and transportation fields. In New York we find 
every railroad and subway system, using s§lf-winding clocks in 
their stations and dispatching headquarters. The largest installa¬ 
tion is in Grand Central Terminal where over 1,000 units operate 
under the control of a central master clock which is checked daily 
with the noon time beats. The synchronizing line not only covers 
the terminal proper but extends as far out as Harmon, a distance 
of thirty miles. 

The Pennsylvania Terminal has a similar system with about 
250 clocks in the terminal proper at 33rd Street, and a separate 
synchronizing circuit running eastward to the Sunnyside freight 
yards at Long Island City and in the opposite direction as far 
west as Bristol, Pa., a distance of 67 miles. 

Local subway lines are similarly equipped. The Interborough 
Rapid Transit System uses about 600 self-winding clocks syn¬ 
chronized from a master at its 59th Street power house. The 
Brooklyn & Manhattan Transit has approximately 100. The 
Hudson & Manhattan under-river tubes has 50 synchronized by 
a Christopher Street master clock. Approximately 100 miles of 
new subway system is now under construction, and a master 
clock with suitable relay and battery ^equipment has been in¬ 
stalled in the 53rd Street power house and is available for inspec¬ 
tion. No estimate can be made of the number of clocks the new 
subway will use but probably between 200 and 300. 

I refer to these private installations only to point out the fields 
of application of this self-winding synchronized type of movement 
which is essentially the same as that used throughout the Tele¬ 
graph Company’s time service. 

Herman Lemp: A symposium of time and time services wouJ,d 
not be complete without mentioning the work of Mathias Hipp 
the pioneer in this art in Europe. Those who have traveled 
recently in Switzerland have undoubtedly seen the electric clocks 
on street corners, church towers, and hotels in the principal cities. 
These clocks have been in continuous service^sinee about 1868 
furnishing accurate time to a critical public, makers of Swiss 
watches and chronometers. 

At the Centennial exposition in Philadelphia in 1876 Mr. Hipp 
received Gold Medals for his exhibit. His electric clocks are 
known all over Europe. The underlying fundamentals of the 
first Central stations established to furnish accurate electric time 
are found in Mr. Hipp’S conception of using feeble impulses but 
of some duration following each other every minute with reversed 
polarity, to actuate polarized receiving dials. These impulses 
have the advantage of never causing the receiver armature to 
advance more than one step at a time, even if a bad contact such 
as might be likened to a wire passing over a file, should give many 
impulses in lieu of one. To cause the minute hand to advance 
another step, the current will have first to travel in opposite 
direction, and as stated above is independent of the number of 
impulses in the same direction. Hence if atmospheric inter¬ 
ference shoiild cause the hand on one dial to advance between 
legitimate signals the current frem the master clock would find 
its work already done and at the next minute the dial would be 
in step again. 

Mr. Hipp was the first to invent the tuning fork escapement 
for a chronoscope, used in technical schools to measure the time 
a ball takes to fall—say three decimeters. He then invented the 
Hipp escapement, a toggle joint electric contact making device, 
which would, upon lowering of the amplitude of a free swinging 
pendulum, send an impulse through an electromagnet acting 
upon an armature attached to the pendulum and thereby restore 
its amplitude. This device was unaffected by strength of current 
and permitted the master clock to be kept going indefinitely as 
long as electric energy was supplied and with an accuracy of a 
few hundredths of a second variation per day. 

It was my duty in 1878 to correct the master clock of the city 
of Neuchfitel every noon, by signals received from the Observatory 
of the same place. To ascertain deviation from observatory time 
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Mr. Hipp invented the “coincidence clock,” doing for time what 
a vernier scale does for linear dimensions. A pendulum^iext tp the 
^master clock pendulum had a period of oscillation of 60 beats in 
59 seconds. It was released by current from the observatory and 
started to swing immediately. If the master clock pendulum was ^ 
fast the coincidence pendulum lagged behind, each beat ap¬ 
proaching nearer that of the master clock. As soon as the two 
beats coincided, the number of beats was read on the dial, 
indicating the number l/60th of a second the master pendulum 
was fast. On either side of the master pendulum two others were 
provided which, when connected to the master pendulum, would 
either accelerate or retard the latter l/60th for each beat they 
were connected. As a check the coincidence pendulum was reset 
again and released a second time from the observatory when, 
if the master pendulum had been properly corrected, the beats of 
the two pendulums would coincide right at the first swing. 

Mr. Hipp was also the first to construct an astronomical 
pendulum of steel yith mercury compensation (Invar was un¬ 
known at that time) located in a glass tube hermetically sealed 
and kept under constant (vacuum) pressure and temperature. 
This pendulum was located in a vault in the observatory while 
its dial was placed next to the observer at the transit instrument. 
This astronomical pendulum which had a maximum variation of 
1 /200th of a second per day was exhibited at the first electric 
exhibition in Paris in 1881 and I think another was sent to the 
Naval Observatory in Washington. 

Mr. Hipp’s successor Mr. Albert Favarger greatly simplified 
the polarized synchronized dials in 1905 and his book on electric 
time measurements is today considered authoritative. ^ 

John D. Crawford : Time (integrated frequency) and fre- ^ 
quency (time rate) are similar aspects of the same physical idea. 

Yet these two ways of viewing the problems before us can cause 
very real differences of opinion. The discussion between Mr. 
Warren, who measures time, and Mr. Sporn, who measures fre¬ 
quency, illustrates this point. 

In the field of precision measurement, on the other hand, it is 
significant that Messrs. Loomis and Marrison have pooled their 
experiences with clocks and with frequency standards, respec¬ 
tively, to the very great benefit of both. This paper is the first 
summary of the field to appear (in recent years at least) and the 
authors are to be congratulated. I know that I can speak for 
one organization interested in frequency measurements when I 
say that we are glad indeed to know how the other half lives. 

In connection with Mr. Marrison’s reference to the use of 
distance as a measure of frequency in terms of the velocity of 
light, a mention of the recently completed measurements of the 
velocity of light in vacua may be of interest. This series of expeii- 
ments was undertaken by the late Dr. A. A. Michels on om a ranch 
near Santa Barbara, California^ The measurement involved the 
determination of the time it took light to travel ten times be- 
tween two sets of mirrors placed at the ends of an evacuated tube 
about a mile long. The distance, as measured by the United 
States Coast and Geodetic Survey, had a probable error of some¬ 
thing like one part in three and one-half million. A cr^tal clock, 
similar in operating principle to the one described by Mr. Marri¬ 
son, was used as the reference standard for time. Data that we 
have available on some 15 units of this type now in commercial 
service, indicate that, when working under the best conditions, 
it is capable of determining the average frequency to within 
three parts in ten million. The experimental details and the 
results of the measurements have not yet been formally pub¬ 
lished, but it seems as though the velocity of light will soon be 
known with .a somewhat greater accuracy than heretofore. 

If this increased accuracy is realized, it will be due as much to 
the high accuracy of comparison that is possible with a crystal 
clock as it is to its frequency stability. Due to the fact that the 
crystal is vibrating at 100,000 cycles per second, it is inherently 
better suited to precise, short-interval timing than is a pendulum 
clock whose bob vibrates once every second. Because of this 
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greater accuracy of comparison, it is a relatively easy matter to 
determine with high precision the rotational frequency of the 
rotating mirror used in the experiment. This point has already 
been mentioned by Mr. Yfarrison. 

So it may be that the Coast and Geodetic Survey will find it 
possible to follow out a suggestion made some time ago by Major 
William Bowie, Chief of its Division of Geodesy, and lay out 
precise base lines in archipelagoes, mountains, and other inac- ^ 
eessible places by means of a crystal clock and a beam of Jight. 
Distance would then be measured in terms of time and a standard 
base line, using the constant velocity of light as a transfer 
medium. 

R. C. Thayer: The noon beat signals as sent out by the two 
telegraph companies serve a very valuable purpose to the rail¬ 
roads of this country. These time signals as sent on the tele¬ 
graph companies’ wires are picked up by the railroad companies 
and re-distributed throughout their own network of communica¬ 
tion circuits, thus each of the railroad’s stations, and the train 
dispatchers receive the correct time daily. At terminals and the 
more important offices clocks designated as “standard clocks” 
are installed, whose accuracy is checked daily and recorded, with 
which the trainmen can compare their watches. The ability to 
obtain accurate time is of prime importance to the railroads, 
and without which it would be impossible to operate the fast 
train schedules now in effect in this country. 

H. E. Warrens In answer to the comments of Mr. Philip 
8porn I would not minimize the difficulties that stand in the way 
of securing satisfactory frequency regulation. I would agree with 
him that the requirements today are much more severe than, was 
the ease in 1916 when master clocks as an aid to regulating fre¬ 
quency first became available. 

At that time the need for extreme accuracy in frequency regu¬ 
lation was much less and the instruments which could be used 
were far inferior to those which are now available. Standardiza¬ 
tion. of frequency was then considered of rather minor importance. 
Power companies were operated regularly, for what seemed suffi¬ 
ciently good reasons, at frequencies as much as two or three 
cycles above and below 60, although rated as giving 60-cycle 
service. Many companies which were attempting to operate at 
60 cycles were actually delivering current as much as 1 cycle 
above or below that value on account of instrument errors. 


This state of affairs was not of course conducive to extensive 
interconnection. The use of the master clocks by the po\w i 
companies, whatever the reason may have been for adoption, 
did actually tend to standardize the average frequency at an 
exact 60-cycle value. Moreover the use of the master clocks w it * 
their very high inherent precision probably served both as a spur 
and an aid to the manufacturers and to the users of frequency 
meters. This is for the reason that errors in the meters could bo 
very easily discovered by comparison with the master clock so 
that all uncertainty regarding the relative precision of different 
meters for use on the same system could be readily removed. 

A condition has now been brought about, as pointed out by 
Mr. Sporn, where it is possible by commercial instruments to 
maintain frequency regulation that was utterly impossible fif teen 
years ago. Whether or not this result would have come about i! 
the use of the master clocks as basic standards for the average 
value of the frequency had not been generally adopted remains 
at least open to question. Certainly the adoption by many 
power companies of methods of regulation which call for the 
maintenance of exact average frequency, primarily or secondarily 
for the purpose of giving time service to their customers, has 
been a rather important factor in bringing about the present 
situation, where practically all power companies have the same 
exact standard of average frequency. 

I heartily agree with what Dir. Sporn lias said about the ex¬ 
tremely difficult problems of regulating station output on large 
interconnected systems so as to maintain tie-line loads within 
satisfactory limits and I certainly would not claim that the 
adoption of master clocks alone, has or could completely solve 
these problems. 

* One idea which I desire to convey in rny paper is that the adop¬ 
tion of the master clocks by the power companies has, apart from 
the time service that has been made possible, been a factor and 
aid in helping to solve the operating problems of some of the 
very large power companies. 

In answer to the comments of Air. R. J. Wensley I would 
recognize the background that has been ftirnished by numerous 
inventors in this field, as in practically all fields where something 
worth while ha« suddenly been accomplished. It seems to me 
that in most cases, however, the merit of the work that has been 
done can be measured by the accomplishment. 
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I T will be readily admitted that it is desirable, if 
possible, to reduce the study of the phenomena of 
high-current metal arcs, particularly iron arcs, owing 
to their importance in welding, to a state in which they 
can be exactly described and measured by a suitable 
number of parameters, so that the effect of any change of 
conditions may be specified by the changes in these pa¬ 
rameters. Owing to its intense brilliance the arc cannot 
be studied directly and the most convenient way of 
studying it is to project the magnified image on a screen 
by means of a lens in the manner shown for instance in 
Fig. 3. When this is done a series of remarkable phe¬ 
nomena at once becomes apparent^. Considering first a 
low current arc of four or five amperes between elec¬ 
trodes of about the same size as welding wire, say about 
an eighth of an inch in diameter, it is seen that the two 
ends of the electrodes each become fused into a globule, 
the positive electrode being materially hotter than the 
negative. In some cases the globule may be exclusively 
on the positive electrode while the negative electrode 
remains black containing only a small incandescent area 
corresponding to the cathode spot. On each electrode 
there is a brilliant incandescent spot and frequently a 
reflection of the cathode spot may be seen in the fused 



Fig. 1 


surface of the drop on the end of the positive electrode 
which presents a characteristic glazed appearance. 

The arc itself consists of a column of blue vapor sur- 
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rounded by a yellow envelope of burning iron which is 
suppressed if the arc is struck in nitrogen or other inert 
gas." All this has been the subject of much study, but if 
an arc between electrodes of similar area but carrying a 
welding current of say 150 amperes is examined in the 
same way, entirely different phenomena become appar¬ 
ent. Suppose that the positive electrode is a piece of 
steel plate of considerable area while the negative elec- 
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trode as before is a welding rod, the.drop on the end of 
the welding rod can be seen as before but now it appears 
to be the seat of violent forces. It oscillates to and fro 
and quivers like a jelly while on its surface are to be seen 
what seem to be fine wave formations. Moreover it does 
not drop off in the same manner as in a small current of 
say 5 amperes when the drop leaves the electrode very 
much as a drop of water leases a hose. When a powerful 
current is used the drop can be seen to grow to a certain 
diameter, usually somewhat larger than that of the rod 
and then there is a sharp explosion or crackling noise and 
the drop disappears, its motion being so fast that it is 
impossible to see it cross the gap between the electrodes 
either by the eye or by means of movie cameras of or¬ 
dinary speed. 

In Figs. 1 and 2 are shown two succeeding pictures on 
a film which was given 32 exposures per second. In the 
first the drop can be seen clearly while in the second it. 
has totally disappeared, (the end of the electrode being 
seen at A and the cathode spot at B) having therefore 
crossed the gap in less than this space of time (prob¬ 
ably a great deal less). These phenomena urgently 
need explanation since the origin of these forces is not 
at all well known. 
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Other .curious phenomena are that when weld¬ 
ing Overhead, the drop can travel in the direction oppo-' 1 
site to that of gravity;, and again, the crater or hollow 
space which appears to form under the welding rod 
requires explanation. This explanation resolves itself 
into two portions. 

1. What is the force that causes the drop to travel 

across the arc space? * 

2. Why is it that the drop is detached with explosive 
violence rather than gradually? Light was thrown on 
the first of these questions in the following way: 

1. Studying low current (five amperes) iron arcs by 
means of an apparatus which involved burning the arc 
inside a glass bell jar containing gas at atmospheric pres¬ 
sure it was found that, starting with a clean jar, within a 
few seconds of the arc being first started, a deposit began 
to form on the jar which gave sharp shadows of the 
electrode holders. This was apparently due to particles 
projected in straight lines which might be thought to 
give rise to mechanical forces on the electrodes. Within 
a few minutes this sharp pattern was blurred by the 
oxides, nitrides, etc., given off by the arc in vapor form. 
Investigation of these forces, whose magnitude must be 
far less than a gram, is difficult because the heavy arcs 
which it is necessary to use rapidly melt away any appa¬ 
ratus delicate enough to measure these small forces. 
Apparently the only way in which this difficulty can be 
overcome is to reduce the time of application of the 
heavy arc to a very short interval. 

In order to make use of this principle the following 
apparatus was designed based on the principle of the 
ballistic galvanometer. This is shown m Fig. 3 and con¬ 
sists of a brass rod about 5/16-in. diameter and 8 in. 
long terminated at either end by an iron electrode 
about 3/8-in. diameter and 2 in. long. This forms the 
moving system which therefore consists of a double 
headed T which is suspended at the center of gravity by 
a-bifilar suspension whose dimensions are as follows: 

Length 26.6 cm. Distance apart at the bottom 
2.93 cm. Distance apart at top 1.82 cm. Diameter 
0076 cm. Molybdenum wii£. 

A galvanometer mirror is also fixed to the suspended 
system and reflects a spot of light on a screen in the 
usual manner and a pin projects from it below, dipping 
into a mercury cup. This forms the moving electrode. 
There is in addition a fixed electrode which consists of a 
piece of welding wire held in a clamp as shown so that it 
may either be brought in contact with the end of the 
moving electrode or moved back to any desired distance 
by depressing the key. The current therefore passes 
through the fixed electrode, the arc between it and the 
moving electrode, then through the moving electrode 
and out through the mercury cup. ^ 

To strike the arc the fixed and moving electrodes must 
be momentarily touched together and then drawn apart 
. by depressing the key. This at first sight gives rise to a 

difficulty owing to the sensitivity of the suspension. No 
matter how light the contact between the fixed and 


moving electrode, it is sure to set the spot of light on the 
screen into violent, oscillation which may take a long 
time to die away" since the apparatus has no damping 
except that due to the pin immersed in the mercury cup. 
To overcome this difficulty, vanes are attached to the 
moving system on either side of its axis of“rotation and 
, arranged to dip into mercury troughs which could be 
raised or lowered by moving a lever. When the vanes 
are in the mercury troughs, the damping is extremely 
great so that contact can be made without agitating the 
spot of light. Having struck the arc it is possible to 
lower the mercury troughs and free the moving system 
without either shock or agitation of the spot, lhe 
method of operation of the instrument therefore con¬ 
sisted in striking the arc with a small current, say 5 
amperes, the forces due to which are very small, then 
throwing on the heavy current for a short period vary¬ 
ing from 0.1 second to 0.6 second and observing the first 
deflection of the spoffiof light. From this and the mo¬ 



ment of inertia the impulse may be readily calculated on 
the familiar principles of the ballistic galvanometer. 
The impulse of course is defined as the force multiplied 
by time of application. 

It was also desired to study the relation between these 
forces and the arc length, hence the moving and fixed 
electrodes and the arc between them were projected on 
a screen as shown in the separate sketch included 
in Fig. 3 with a magnification of approximately 23.8 
diameters which rendered the arc length readily 

measurable. . . , ._ 

Examining this apparatus it is obvious that currents 
passing into the moving element by means of the arc 
and out by the mercury cup will produce certain forces 
in conjunction with the earth’s field and the fields of 
other current carrying wires in the neighborhood. It is 
necessary therefore to find some means of estimating 
the magnitude of these forces. For this purpose a sec- 
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ond electrode is provided and arranged so that an arc 
may be struck onto the moving electrode from below, 
this second electrode being vertical. This is clearly 
shown in Fig. 3. When an arc is struck in this position 
the arc forces, which the apparatus is designed to mea- 



Fig. 4—Diagram of Connection No. 1 


sure, will act in a vertical direction, that is in a direction 
in which they cannot produce any motion. Neverthe¬ 
less the purely electromagnetic effects will be the same 
as before and hence this vertical electrode gives us a 
means of measuring them separately. On attempting to 
make these measurements, however, even with the 



Fig. 5—Diagram of Connection No. 2 

heaviest currents, it was found that the electromagnetic 
effects were so small as to be quite incapable of measure¬ 
ment by the instrument used. By this means it was 
proved that the deflection obtained when the horizontal 
electrode was used was entirely due to the arc forces and 


not to these electromagnetic forces. Two different types 
of circuit were used to throw on the heavy arc tor a 
short period. These are shown in Figs. 4 and 5. 

In Fig. 4 resistances Ri and R 2 are connected in series # 
with the arc, Ri being of such a value as to limit the 
current to the value which it is desired to study, say 150 
amperes while R 2 further limits it to a value of 5 am¬ 
peres. A revolving contact maker C is employed which 
short circuits resistance R 2 between brushes 1 and 2 for a 
certain period depending on its speed of rotation. Be¬ 
tween brushes 2 and 3 is connected the trip coil of a cir¬ 
cuit breaker so that the arc circuit will be broken as 
soon as brushes 2 and 3 are joined. This insures that the 
operation of short-circuiting R 2 shall take place once 
only and not periodically with the rotation of the con¬ 
tact maker. 

For very powerful currents this apparatus as con¬ 
structed was not found satisfactory owing to insufficient 
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brush area and therefore pother circuit shown in Fig. 5 
was employed. Here Ri and R -2 have the same mean¬ 
ings as before while Hi is a three-phase contactor, all 
three blades of which are placed in series, and which is 
fitted with an extra pair of contacts B 2 which close the 
trip coil circuit of the circuit breaker B s . With this 
circuit the heavy arc is thrown on only for a period 
depending on the time lag of the circuit breaker which 
can be adjusted to any figure desired. This was found 
to give very steady and reliable results, particularly for 
very short time intervals. 

In using this instrument it was not found possible to 
regulate the arc length beforehand to the desired value 
before measuring the impulse. It was necessary to take 
a considerable number of observations with constant 
current and random arc lengths after which it was found 
that a curve could be plotted without much difficulty. 

One of these curves is shown in Fig. 6 which shows the 
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relation Jaetween the angle of deflection of the instru¬ 
ment in radians and the arc length. It will be seen that 
the points are rather widely scattered but nevertheless 
not so much so that a fairly satisfactory curve cannot 
be drawn through them. All of these instruments are 
rather delicate and it may be noted that the points on 
the curves obtained by Duffield, Burnham, and Davis ' 
referred to below are quite as widely scattered.* At 
least one cause of these scatterings has been discovered 
(referred to below) and work is in progress by which 
it is believed it may be reduced. 

A set of curves similar to Fig. 6 was observed for cur¬ 
rents of 38, 68, 90,120, and 154 amperes. 

As may be shown easily from the theory of the bal¬ 
listic instrument, the angular deflection in radians is 
proportional to the impulse or force multiplied by time 
of application. The times of application of the force 
corresponding to these different currents were carefully 
measured in the manner described below and the forces 
calculated from the theory of the ballistic instrument as 



Fig. 7—Arc Length vs. Force for Varioiis Currents Based 
On Unit Time 

may easily be done. (It may be noted that the moment 
of inertia of the moving system is 6,760 gram-(cm.) 2 .) 
The result is shown in Fig. 7 which of course shows 
the smooth curves drawn through the rather widely 
scattered points such as those shown in Fig. 6. The 
most striking feature of Fig. 7 is the rapid increase of 
the force with decreasing arc length. Apart from this 
the curve for 120 amperes does not seem to be parallel 
to the others, at any rate for long arcs. This probably 
is due to the fact that arcs longer than 3 millimeters 
tend to take a curved form which does not lend itself to 
accurate measurement especially when it is remembered 
that this measurement has to be made within a period 
of 1 /10 of a second. 

From Fig. 7 values may be taken of the force corre¬ 
sponding to fixed arc lengths, say 1 millimeter, and this 
will give 5 points for the curve of force plotted against 
amperes. A set of such curves is shown in Fig. 8 and it 
will be seen that they are approximately at least parab¬ 
olas. In Fig. 9 the curves of Fig. 7 are replotted on 
logarithmic paper which shows that those for less than 3 


millimeters are straight lines while for greater lengths 
some disturbing cause appears to enter which gives rise 
to curvature. For arcs of less than 3 millimeters there¬ 
fore it is possible to obtain a simple equation. For 
instance for 1 millimeter log i = log 17 0.5 log F is 

obtained which when transposed gives 

i* 

F = 290 ‘ 

For different arc lengths the constants of this equa¬ 
tion will vary and the different values are plotted in 



Fig. 10 also on logarithmic paper. This gives a straight 
line which is parallel to other straight lines obtained by 
plotting arc length against force directly, these other 
curves being obtained simply by replotting Fig. 8 on 
logarit hmi c paper. From this curve we may ascertain 



how the constant in the above equation depends on the 
arc length and thus derive our final formula namely, 

0 035 i 2 

F = — - (F in dynes, i in amperes, l in millimeters) ■ 

VI 

A study of the literature reveals that very little work 
indeed seems to have been done on this subject. The 
only papers which the writers have been able to find are 
a paper by Duffield, Burnham, and Davis, in the Pro¬ 
ceedings of the Royal Society for 1920, v. 97, and a paper 
by R. Tanberg, in the Physical Review for 1930, v. 35. 
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Messrs. Duffield, Burnham, and Davis studied var¬ 
ious materials including iron and measured the force for 
currents lying between 3 and 10 amperes by means of a 
torsion balance which must have been a very delicate 
experiment. .The arc length corresponding to their 
curves is not very clearly stated but there are several 
references in the paper to arcs of 3 millimeters and the 
writers assume that this is the length of arc they 
employed. Their curves are reproduced in Fig. 11- 
Curve 1 showing the force with the moving system posi¬ 
tive and curve 2 with it negative. Curve 3 shows what 
the force should have been calculated by the formula 
given above and it will be seen that these two sets of 
results are of quite the same order although they do not 
exactly coincide. This is hardly to be expected con¬ 
sidering the difficulty of the experiments. The experi¬ 
ments of Duffield, Burnham, and Davis, and those 
described above can therefore be regarded as mutually 
confirming one another. 


can only be ascribed to the absence 6f atmospheric 
pressure in Tanberg’s case. This therefore enables us 
to give a probable explanation as-to why the force is so 
much greater with short arc lengths. The most reason¬ 
able hypothesis as to the origin of this force ascribes it 
to particles projected from the electrodes, particularly 



CURRENT IN AMPERES 

Fig. 11—Curve Sheet No. 1 



^ IG# —(A) Arc Length vs. Constant, Other Five Curves 
are Arc Length vs. Force 


Tanberg’s results were taken in vacuo which intro- 
duces a radical change of conditions. A few of the 
many interesting deductions which may be made from 
this striking investigation are mentioned below. 

Fig. 12 .shows in curve 4 Tanberg’s results which 
were taken with copper electrodes. Curve 6 shows the 
force which would be calculated from the above formula 
for arcs of 3 millimeters. This, of course, is for iron 
electrodes. But Duffield, Burnham, and Davis experi¬ 
mented both on copper and iron and found that the 
force in the case of the copper electrode is roughly 
double that obtained with an iron electrode under the 
same conditions. Curve 5 therefore has ordinates 
twice as great as curve 6 and might be supposed to be 
the curve which might be obtained by a series of experi¬ 
ments similar to the above, taken with copper electrodes 
at atmospheric pressure. 

Nothing can be more striking than the difference be¬ 
tween the forces obtained by Tanberg and those calcu¬ 
lated in the manner just described and this difference 


the cathode. The force measured on the electrodes 
therefore is a recoil due to the expulsion of these parti¬ 
cles and the greater the number of particles expelled the 
greater the force. In the absence of atmospheric pres¬ 
sure it is clear that many more particles can be expelled 
than when the atmosphere is present reducing the mean 
free path of the particle to small proportions. This is 
likely to be the explanation of the much larger forces 
observed by Tanberg. Again afatmospheric pressure 
the shorter the external path between electrodes the 



CURRENT IN AMPERES 

Fig. 12 —Curve Sheet No. 2 

greater the number of particles which can be expelled 
and therefore the greater the force which is in accor¬ 
dance with our observations. 

It will be observed that the quantity measured by the 
instrument described above is the impulse due to the 
arc forces, that is the product of force multiplied by 
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time of application. It is essential that the time of^ 
appfication should he accurately measured. This is 
normally done by measuring the speed of rotation of 
the revolving contact maker of Fig. 4, but in order to 
check this a number of oscillograms was taken some of 
which are reproduced in Fig. 13. 

Where the circuit of Fig. 5 is employed there is no 
other convenient method of measuring time except’ by 
the oscillograph. Fig. 13, (No. 1) shows the current 
impulse when the circuit of Fig. 5 is used, the arc being 
excited with rotary converter current. The effect of 


impulses which correspond to the same time of closing 
of the contact m^ker. It will be seen that the times 
during which the current is on are entirely different in 
these three cases which reveal some of the reasons why 
the points on the curves deviate from £he average. 
It will be seen that the current contains extremely pro- 
'nounced oscillations of very high frequency. Ap¬ 
parently if one of these oscillations becomes large enough 
to reduce the current to zero, it cannot restart, so that 
the length of the impulse depends entirely on these os¬ 
cillations, and not on the rate of rotation of the con- 



Fig. 

the slots in the rotary converter on the current wave 
should be noted. In order to eliminate this, battery 
current was substituted. The result of this is shown in 
Fig. 13, (No. 2) from which it will be seen that the 
oscillations have by no means disappeared. For the 
reasons mentioned below, a heavy self-induction was 
connected in series during this test and it will be seen 
that instead of the current rising instantly as it does in 
No. 1 it rises in the well-known exponential form. 

* When the contact maker of Fig. 4 is employed some 
remarkable phenomena become apparent as will be 
seen from numbers 3, 4, and 5. These show current 


13 

tact maker. In order to reduce these oscillations a 
large self-induction was placed in series with the arc cir¬ 
cuit. The effect is shown in numbers 6 and 7 and it 
will be seen that the oscillations are much reduced 
though not entirely suppressed. Numbers 8 and 9 
show a longer time period. In number 9 the oscilla¬ 
tions are almost entirely suppressed by the self-induc¬ 
tion but in number 8 taken under the same conditions 
as far as can be judged the oscillations are still pro¬ 
nounced. 

Considering the whole series of oscillograms it will be 
seen that the oscillations do not start immediately the 
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current is switched on but only after an interval which 
would seem to correlate them with t^ie heating of the 
electrodes. This is about the only comment that can 
be made in general since the cause of these oscillations 
has not yet been discovered. 

The Force Detaching the Globule 

Coming to the question of the nature of the force 
which detaches the globule from the welding rod; about 
25 years ago Carl Hering drew attention to what he 
called the “pinch effect” which is found in electric 



furnaces and a full theoretical study was published by 
Dr. E. F. Northrupy Phys. Rev., v. 24,1907, p. 474. 

In order to understand the pinch effect more clearly 
consider a flat conductor (Fig. 14) carrying a current of 
uniform current density flowing say at right angles to 
the paper and surrounded by magnetic material of the 
form shown. If we consider the central filament of 
current at a it will be surrounded by a field proportional 
to its magnitude which is very small, vanishingly so as 
the width of the filament decreases. A wider filament 
of current such as that between a and c will be sur¬ 
rounded by a field again proportional to its magnitude 
which is much greater. Hence the magnetic density 
will be zero in the middle of the strip and will rise in 
either direction towards the edges as shown in the 
curve below, whose ordinates represent B the magnetic 
density. Given this field distribution and assuming 
that the current is flowing upwards in the diagram, then 
it is clear applying the elementary rule, that the outer 
portions of the conductor will experience a force urging 
them towards the center and if the conductor is a fluid 
this will result in a hydrostatic pressure which becomes 
a maximum at the center reducing to zero at the cir¬ 
cumference. The pressure in dynes per sq. cm. at 
radius r (Fig. 15) is given by the formula 
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J 2 


9 = 


100 it R 4 


(R 2 - r 2 ) 


for the case of a circular conductor of external radius R t 
cm. carrying current I amperes. Clearly becoming a 
maximum when r = 0. 

If the values corresponding to a welding rod 4 mm. 
in diameter carrying 300 amperes are inserted in the 
formula, g = 7,000 dynes per sq. cm. at the center of 
the rod. The value of g in the above formula gives us 
for a fluid conductor the hydrostatic pressure, which is 
equal in all directions. The total pressure in an axial 
direction round the circumference of a circle of radius 
r is 

® 2 t r g 

and the total force on a plane perpendicular to the axis 
is 


J2^rgdr = / ^ -r>)]dr 

O O 

Carrying out this integration we get 

P 

F = total force = -^qq 

The total force is therefore independent of the radius of 
the cylindrical conductor. If I = 300 amperes F = 450 
dynes. This is approximately equal to the weight (at 
room temperature) of a spherical globule of iron 4.9 mm. 
(0.193 inches, a little over 3/16 in.) in diameter. 

Hence for dimensions usually employed the force due 



to the pinch effect tending to separate the globule from 
the rod is at least equal to its weight particularly if it is 
remembered that due to the high temperature and the 
occluded gases the weight of the hot globule is probably 
a good deal less than that of the cold one. 

Thus it is shown in general that the passage of a 
current through a fluid conductor, such as mercury or 
the molten contents of the electric furnace, causes a 
force of the nature of a hydrostatic pressure whose 
intensity is proportional to the square of the current 
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density. * Consequently if there is a constriction in the, 
fluid path at any point so that the current density is 
greater there than elsewhere, the fluid will be forced out 
at that point and will be heaped up on either side of the 
constriction as shown in Fig. 16. There is then a depres¬ 
sion in the fluid surface where the constriction occurs 
and a corresponding elevation at other portions, thq dif¬ 
ference of level between the two being sufficient to bal¬ 
ance the hydrostatic pressure due to the high current 
density in the constricted portion. But of course a 



and deeper (owing to the forcing out of the material in 
the smallest cross-section and to the fact that there is no 
means of replenishing it) until the conductor is broken 
in two. In other words the stability of the phenomenon 
depends on the free circulation of the flu?d, that is on 
the absence of viscosity. 

Now apply this to the case of the bead on the end of 
the welding rod. These electric forces must cause a 
constriction (see Fig. 17b) to form at the narrowest 
portion of the fluid mass, that is where it joins the solid 
material. This constriction forces out the material in 
the center of the bead the axial pressure being 7,000 
dynes per sq. cm. as calculated above, and as soon as the 
cross section becomes smaller the pressures are increased 
as the square of the current density. The total force 
tends to sever the parts stip attached, and remains con¬ 
stant no matter how small the area of the attached 
portions. Hence as^soon as the constriction starts it 


fluid cannot maintain the form shown in Fig. 16 with¬ 
out constant circulation hence the fluid is constantly 
flowing down the sides of the notch as shown in the 
dotted lines and being forced out of the portion having 
the minimum area thus setting up a circulation as 
shown. 

It is shown above that the force starting from zero 
at the outer circumference of the circular conductor 
becomes a maximum^ at the center, and if a circular 
liquid column is arranged vertically the conducting 
liquid will be forced out of the center and will fall back 
along the outer circumference thus producing a con¬ 
tinual fountain which remains in action as long as the 
current continues. 

Now consider a welding rod which is arranged in a 
vertical position with a fluid drop on the top (see Fig. 
17a) and a powerful current flowing through it leaving 
by an arc at the top of the fluid bead which has a di¬ 
ameter somewhat greater than the rod. It is not certain 
to what extent this bead is liquid or merely viscous. 
Since the diameter of the bead is larger than that of the 
rod, there is a constricted portion where the fluid bead 
joins the solid rod and at this portion the forces cor¬ 
responding to the pinch effect exert their maximum 
power. 

It was pointed out above that in the case shown in 
Fig. 16, the fluid in the narrowest cross section is 
constantly replenished by that running down the sides 
of the notch and that it is due to this alone that the 
phenomenon is a stable one, that is, that the depth of 
the notch has a definite value for each value of the 
current and may become shallower or deeper by 
decreasing or increasing the value of the current. But 
if there is a viscous fluid in which this replenishment 
cannot take place, then as soon as the electric forces 
become sufficiently powerful to overcome the viscosity 
of the fluid and cause the notch to begin to appear, it 
seems to the writers that this notch must get deeper 




Fig. 17 


deepens at an Aver increasing rate until the bead is cut 
off from the rod with explosive violence in a way which 
can be readily observed. It may be that some of the 
fine wave motion which is apparently observable in the 
bead is due to attempts to set up a circulation such as 
that described in connection with Fig. 16. As soon as 
the globule is detached the forces measured above are 
ample to carry it over. For instance with a current of 
300 amperes and an arc length of 0.1 millimeter the force 
is approximately 10,000 dynes or about 10 grams. 


Discussion 

J. Slepians Is force itself the proper measure of the capacity 
of the pinch effect in throwing particles from the electrode with 
considerable velocity? It would seem to me that impulse or work 
being more directly related to momentum and energy would be 
more appropriate units for describing the particle-throwing ca¬ 
pacity. Hence, it should be necessary to consider either the time 
factor or the distance factor, that is, for how long a time can the 
pinch effect force act so as to give the particle momentum, or 
through what distance does the pinch effect force act so as to 
give the particle kinetic energy? 

L. R* Ludwig*: Mr. Greedy has attacked a rather interesting 
problem in his paper in attempting to describe the means by 
which drops are caused to travel across the arc space during 
welding. He has assumed that the drop first breaks contact .with 
the welding electrode, travels across the space, and fastens itself 
to the work which is overhead. This, however, is not generally 
the case. Fig. 1, for example, is an oscillogram of the voltage and 
current taken during an overhead welding operation. It will be 
seen that the voltage drops from, arc voltage to a value of about 2 
volts very frequently, and it is believed that these voltage de¬ 
creases correspond to a period during which the drop actually 



504 

short-circuits the welding arc. In this event, it seems probable 
that when the drop of molten metal touches the work it freezes 
at the upper contact, and the surface tension will probably be 
sufficient to draw the drop up onto the work. It seems that 
Mr. Greedy has neglected to mention this possibility. 

With regard»to small drops, one must agree with Mr. Greedy 
that the vapor blast from the cathode of the arc may be an im¬ 
portant element in the transfer of the welding material if the 
electrode spacing is short. If this is to serve as an explanation, 
however, it is essential that the welding electrode be negative 
and the work positive. Overhead welding is frequently done With 
polarities opposite to those mentioned, and this fact again seems 
to mean that Mr. Greedy’s explanation of the transfer of material 
is not sufficient. 

In the latter part of his paper Mr. Greedy has discussed the 
effect of the “pinch effect” on loosening molten drops from the 
welding electrode. He has calculated a force of 450 dynes, which 
hardly seems sufficient to explain the explosive action which he 
has observed when the drops leave the electrode. In order to be 
certain of the results, either the fmpulse or the momentum given 
to the drop should be calculated. It seems possible that the ex¬ 
plosive action is really due to the very high temperature of the 
last point of contact between the drop and the electrode. The 
formula for the calculation of this temperature was given by 



Fig. 1 


Mr. Slepian before the A.I.E.E. in 1926. Thus, if it is assumed 
that due to the pinch effect the area common to the drop and the 
welding electrode is reduced to a very small value, the voltage 
between the welding rod and work would concentrate across the 
last contact point. This would give rise to a voltage drop of 2 
volts across the contact (takemfrom Fig. 1), which according to 
Slepian’s formula would result in a temperature of 13,000 deg. 
cent, at the last contact point. Although there are few data on 
the vapor pressure of iron at this temperature, an extrapolation 
would give a value of about 1,000 atmospheres. This pressure is 
of course exerted on a very small area, but some idea of this area 
may be had by calculating the amount of material vaporized as 
a function of the pressure, temperature, and area; finding from 
this and the latent heat of vaporization for iron the watts re¬ 
quired; equating this latter result to the actual watts input and 
solving for the area. The result is an area of about 10” 3 square 
centimeters. If the pressure given above acts on this area, the 
force would be about 10 6 dynes. This is much greater than the 
force calculated by Mr. Greedy. 

Such calculations are conceded to be very rough. The calcu¬ 
lated temperature of 13,000 deg. cent, is probably much too high, 
but it does seem as though the force due to this cause is of major 
importance in causing the transfer of welding material. 


Transactions'^. 1 

F. B. Lucas and E. C. Easton: Mr. Ludwig of th<i W 
house Company states in his discussion that the tran 
metal in arc welding is due to a globule building up on the 
the electrode until it comes into contact with the plate 
welded then pinching off, leaving part of the molten m< 
the plate and part on the electrode. Mr. Ludwig shows in 
that the voltage across the arc dropped to approximate 
volts at regular intervals, supposedly when metal was trans 



Fig. 2 


We have been experimenting with electric arcs and oui 
show that Mr. Ludwig’s statements are not necessarily 
all eases. 

We have constructed a contact maker which, when eo: 
to a moving picture camera, makes electrical contact ea 
an exposure is made by the movie camera. This contacl 
was connected in a circuit with one of the oscillograph v 
thus recording the moving picture exposures on the oseil 
film. Using the above apparatus we have been able to 
what is happening in the arc at each instant on the oscilloj 
In Fig. 2 the moving picture film has been printed ah 
oscillograph film. The upper curve, No. 1, is the curve r 
the contact maker. Curve 2 is the voltage across the ar 
3 is the current, and curve 4 is a 6&-cycle timing wa 



Fig. 3 


moving pictures clearly show that a globule of metal w 
ferred at exposure No. 21 but there is no change in the 
voltage as shown by the voltage curve. 

Fifteen pictures such as the one shown in Fig. 2 we 
and they all gave the same characteristics. 

Figs. 3, 4, and 5 are enlargements of exposures 20, 2, 
respectively. Fig. 3 shows the arc just before the globul 
The globule is suspended from the upper electrode as 
A and the arc is shown by the bright spot B. 
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In Fig. 4 the gljbule can be seen just as it starts across the arc. 
The*globule shows up as a dark gray space at A. The arc in this^ 
print has become quite short. 

Fig. 5 shows the arc after the globule has passed. The arc now 
is much longer than the are shown in Fig. 3 due to the globule 
of iron passing across to the larger electrode below. It can be 
noticed that the arc length in Fig. 5 is just about the same as 
the length of the arc plus the length of the globule in Fig. 4. 

These pictures show that metal can be transferred across the * 
are by means other than contact between the two electrodes. 
They also show that the transfer of metal is not necessarily ac¬ 
companied by a decrease in the voltage across the arc. The 
voltage and current both remain approximately the same. 
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G. E. Doan: So little is known about the welding arc that any 
data* resulting from a carefully planned experiment, such as the 
present one, are sure to be important. For some years I have 
inclined toward the opinion that while the force called gravitation 
is the principal one in transporting arc metal in horizontal weld¬ 
ing, that the force of first importance in overhead welding is the 
explosion of gases dissolved in the hot metal. If Mr. Creedy’s 
electrodes contained gases from the beginning, I think their 
explosion or sudden expansion as they are heated by the arc 
might be responsible for at least a part of the back pressure 
which he has measured. These results would hold, therefore, only 
for electrodes of this certain gas*content. The transfer by action 
of the “pinch effect” clearly explained by Mr. Greedy seems 
warranted except for one observation where it should operate but 
does not do so. Messrs. S. L. Hoyt and Gerald Brophy of the 
General Electric Laboratories observed several years ago that 
metal cannot be transferred upward, as in overhead welding, if 
the electrode is pure gas free iron, even in the hands of an expert 
operator. The metal merely melts and runs down the electrode 
somewhat as wax from a dripping candle. If the electrode con¬ 
tains gases, overhead welding is possible. For these reasons I 
consider the gas content of the electrode metal as important m 
determining the back pressure at the electrode and of greater 
moment than the pinch effect in overhead welding. 

J. Leland Myers Pressure not necessarily due alone to particle 
emission from the electrodes. The author has stated that the most 
reasonable hypothesis as to the origin of the force (on the elec¬ 
trodes) ascribes it to particles projected from the electrodes, 
particularly the cathode. The assumption of this same hypothesis 
led Tanberg 1 to the erroneous conclusion that the temperature of 


the cathode of a copper arc was 500,000° K. Tlcmiptorr has shown 
that it is unnecessary to assign this high temperature to the 
cathode, as the force on the cathode can be easily accounted for 
by the “accommodation coefficient” of the incoming positive 

In addition to the original work of Duffield 3 ’ 4 referred to by the 
author, there is a series of interesting papers by R*tnei\° Tyndall, 1 
and Duffield, 7 wherein the exact origin of the particles and the 
nature of their forces are discussed. The conclusions are by no 
means definite. More recent work by Schmick and SeeligeL on 
the transport of material in the iron arc shows that the loss of 
iron at the cathode is not a linear function of time and current. 
This is in disagreement with the energy balance theories of 
Compton, Gunther-Sehulze and Seeliger. It is evident that our 
knowledge in this general held is very meagre, and reliable data 
are verv much needed. At any rate, it does not seem justifiable 
to assume that all the pressure on the electrode is caused by 
particle emission. 

Polarity of the moving electrode not given. The author does not 
state whether the forces were measured on the anode or cathode 
of the iron arc. In view of the Widely different forces measured by 
Beer and Tyndall 9 for the anode and cathode of a carbon arc, it 
would seem desirable to mention the polarity of the moving 
electrode in the present investigation. 

Pinch effect not of sufficient magnitude to account for forces 
measured. The pinch effect has been applied to the arc as early 
as 1923 by Barlow. 10 Using Dufffeld’s data, he found that the 
pinch effect accounts for less than 30 per cent of the observed 
force. Likewise an examination of Fig. 8 in Mr. Creedy s paper 
shows that the pinch effect contributes only a fraction of the 
farces actually measured. 
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For example, the pinch effect for a 100-ampere arc should 
exert a pressure of 50 dynes on each electrode, while the actual 
measurements indicate forces of 100 to 300 dynes. For 150 
amperes the force of the pinch effect should be 112 dynes, while 
the measured forces lie between 440 and 800 dynes. The author’s 
calculations show that the pinch effect of a 300-ampere are gives 
just enough force on the average globule to counteract the action 
of gravity—allowing none to accelerate the globule upward. The 
discrepancy cited above is outstanding, and strongly suggests 
that there must be an additional force other than the pinch effect 
in overhead welding. 

Gas content of the electrodes possibly an important factor. It 
might prove useful to know something of the quality of metal in 
the electrodes, particularly as concerns their gas content. The 


1. See References. 
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“ thc elee tiwles might be expected to vary widely with 

different: qualities of iron. For exarmle with T /«T 
Sellerio 11 n ^ - , example, with a carbon arc, 

duahtwh-id n AT* method ? ls °) n °ted that the carbon 
forces ti d6 , al more infl uence on thS electrode repulsion 

madete t n ^ length ltself - Likewise Beer and Tyndall 9 
—„!. P , 116 eontent of their carbons. On plotting time 

tl.ev foundTcT' 68 ! (mamtaining eonstant ' arc length and current) 
> m nide, IT T SUVe Variati ° nS of 100:1 over a Period of 
L2T 2 ™ mUteS heating ’ the pressure reached a 

tamable 1 ^ 116 ’ and eoasistellt data were then ob- 

bons wbicl T1 T T W6re ° arried ° Ut With Aegasified car- 

lions w hich showed no pressure variations with time. 

b ® P rese nt in the metal electrodes, the intense heat of 

V c wd certainly cause gas explosions (i. e., very rapid ex- 

suchT 1 T 1Ud6d T UP ° n SUdd6n h6ating) - Tt is believed that 
1 oil ^as explosions afford a reasonable explanation for— 

in Fig llnd 9 SUaJly SUdden detaehment of the lobule, as shown 

2 The sidewise spattering of metal from the molten tip of the 
metal electrode. • 

3. The excess force which must be added to the pinch effect 
to account tor the actual forces observed. 

4 ‘ Tb ® random distribution of points £>n the force—arc length 
curve ot I ig. 6, as well as on similar curves of other observers 
An obvious test suggests itself, namely the repetition of these 
experiments with degasified iron. * 

i. F - f‘ r tf dys , Tlle discussion shows that the paper must have 
been badly phrased in . one respect at least since not only Mr 
Slepian but Mr. Myer have fallen into a serious misapprehension 
as to what was meant by it. It was not intended to maintain that 
the pinch effect” had anything whatever to do with the passage 
ot the globule from the electrode to the work. According to our 
view the function of the pinch effect is solely to separate the 
globule from the electrode and if there were no other forces in 
existence when the globule had been so separated it would fall 
to the ground under the action of gravitation. ,pur view' is that 
the pinch effect separates the globule which is then taken across 
by the forces measured in the first part of the paper, and these 
forces, which have nothing whatever to do with the pinch effect 
and which are measured but not explained in the paper, are those 
which are responsible for carrying the globule over. 

Referring to Mr. Ludwig’s remarks we agree that as soon as the 
connection between elecfcrode and globule is reduced to a small 
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area a great amount of heat v'ould he developed wdiich would 
assist the explosive effect noted, but w'e also think* that the 
explosive effect is partly due to the viscosity of the molten tart 
of the electrode. Study of the mechanics of the pinch effect, as 
lor instance described by Dr. Northrup and referred to in the 
paper, will show that its stability depends on the circulation of 
the liquid conductor. Where no circulation is possible, the re¬ 
duction of area once started must go forward with greater and 
greater rapidity and finally wdth explosive violence until the 
condRctor is completely severed. Thus the explosiveness is 
explained even without resorting to high temperatures. 

All those who have taken oscillograms of welding must have 
noted that the arc is frequently short-circuited by a globule in the 
manner referred to by Mr. Ludwig, but the work done in our 
laboratories by Mr. E. C. Easton and Mr. F. B. Lucas as men¬ 
tioned by them in the present discussion, has shown that it is 
quite possible for the globule to pass without any indication what¬ 
ever m the oscillograms. Thus not all the globules short-circuit 
the arc and we have to explain the passage of those that do not as 
well as of those that do. I am obliged to Mr. Myer for the 
interesting references wdiich he has given. At the same time I 
can not help feeling very skeptical as to the explanation of these 
forces as due to the explosion of occluded gases. Since the dis¬ 
cussion took place, tests have been made with especially purified 
gas free iron in vacuum and forces as high as 4 grams observed. 
Some of the references that Mr. Myer gives refer to work done 
with carbon, in some cases especially degasified. It is hardly 
conceivable in any case that particles of carbon in the solid form 
should fly off in the manner supposed since the products of com¬ 
bustion of carbon are gaseous. This is still more true, of course’ 
for the degasified carbons. ’ 
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, An Improved A-C. Arc Welder , 


' BY A. M. 

Member, 

T HE use of fusion welding processes has increased 
tremendously during the past decade having 
largely superseded the forge and hammer method 
of welding, due to the greater flexibility and yon- 
tinuity of the fusion processes. The two principal 
fusion processes are the gas (oxyacetylene) and the 
electric arc. This paper however will deal only with 
the arc process. 

In lighting service both direct current and alter¬ 
nating current arcs have been used in the past with 
only detailed advantages being advanced for either 
because, with the electrodes used, either direct current 
or alternating current produces a reasonably satisfactory 
arc. In the welding field however the d-c. arc in the 
past has been used much more extensively than the 
a-c. arc, in spite Of the fact that for a given rating the 
cost of the apparatus is less for an a-c. arc. 

There are several reasons for this former feeling 
among which are: 



//O Volts * ZZO Volts 

TenniNSL Boakd Connections 


Fig. 1— 100-Ampere Improved A-C. Arc Welder 

1. The open-circuit voltage of an a-c. welder is 
about double that of a d-c. welder thereby increasing 
life hazard. 

2. An a-c. arc is much more difficult to strike and 
hold especially with bare welding wire and for vertical 
and overhead welding. 

3. Low power factor. 

The improved a-c. welder however eliminates these 
objections. The open-circuit (secondary) voltage is as 

1. Westinghouse Elec. & Mfg. Co., East Pittsburgh, Pa. 
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low or lower than that of a d-c. machine. The arc is as 
easy to start and hold in any position binder normal 
conditions as is a d-c. arc. In fact under certain con¬ 
ditions where an interfering blast (termed magnetic 
blow) will seriously affect the d-c. arc, the troublesome 
blow will be materially less when the new a-c. welder is 
used. The power factor at fractional loads is above 
that of a commercial induction motor used to drive a 
correspondingly rated d-c. welding generator. 

The welding transformer proper shown as a part of 
the diagram Fig. 1 is perfectly standard in all of its 



Fig. 2— Performance Curves of an Improved A-C. Arc 

Welder 

100-ampere capacity, 110-220 
" votas, single phase, 50-60 
cycles, 7 H kva. 

• 

t* 

design characteristics and features and is identical with 
standard commercial distribution transformers in con¬ 
struction. It is provided with a primary which can be 
connected in parallel or series for 220 volts or 440 volts, 
and with a secondary which delivers a practically 
constant potential of 73 volts which is used on the 
welding system. In this respect from the apparatus 
standpoint the equipment is very similar to d-c. 
multiple operator systems where the d-c. e generator 
operates at a constant potential of approximately 60 
volts and the current is supplied to the welding circuit 
through a series of control resistors for stabilizing the 
arc and for permitting the operator to adjust the cur¬ 
rent delivered at the arc to the value required for the 
work at hand. It is therefore apparent that the most 
interesting and novel portion of this a-c. welding equip¬ 
ment is that of the oscillator circuit. 

Most of these and other desirable features are ob¬ 
tained by superimposing high-frequency oscillations 
on the welding circuit. The general basic idea of such 
use of an oscillating circuit is not new since it was 
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(according to records) proposed in 1879! However we 
do not know of any previous commercial use of the idea 
in this country. 

The scheme of connections for the welding circuits, 
oscillator circuits, and power input circuit is as shown 
by Fig. 1. The oscillator circuit comprises a small 
standard transformer, a condenser across the high side 
or secondary, two spark gaps, and an air core choke 
coil. The transformer is connected on the primary 
side to the power input for the welder, and supplies 
through its secondary the necessary voltage to charge 
the condenser and jump the spark gaps. This produces 


cause radio interference with sets in *the immediate 
‘territory. 

The voltage developed by the oscillator circuit is 
sufficiently high so that the discharge will actually 
start just before the electrode contacts the work. As 
soon as the discharge starts the ionized gases between 
' the electrode and work produce a low resistance path 
for the welding current so that the arc starts very 
easily, in fact just as easily as a d-c. arc. Some opera¬ 
tors actually prefer this circuit to some d-c. circuits 
because the arc can be started without actually making 
contact, thereby eliminating the sticking (freezing) of 
the electrode to the work. ■ 



Fig. 3— Improved . A-C. Arc Welder 

oscillation between the condenser and choke coil of a 
frequency determined by the relation between the 
capacity of the condenser and the inductance of the 
choke coil. This particular equipment is designed so 
that the frequency is below the radio broadcast band to 
prevent interference and as an additional assurance a 
condenser is connected across the power input terminals 
of the equipment. On the other hand the frequency 
selected is .sufficiently high to preclude the possibility 
of any injurious physiological effects upon the person 


So long as the welding arc length is maintained, the 
oscillator continues to discharge between the electrode 
and the work and eliminates the tendency for the arc to 
snuff out each time the welding current passes through 
zero. In previous designs of welding transformers these 
characteristics were approached by designing for an 
open-circuit secondary voltage of about 125 volts 
(compared with 73 volts for the improved transformer) 
and for high leakage reactance to throw the voltage 
and current out of phase so that when the current 
passed through zero the maximum voltage would be 



Fig. 4—Provision for Handling 


using the apparatus. 

To perform the desired functions it is necessary to 
have the oscillator circuit discharge between the weld¬ 
ing electrode and the work but it is also necessary to 
prevent the welding circuit from supplying any energy 
to the oscillator, therefore two small condensers are 
placed in the circuit between the oscillator and the 
welding electrodes. These condensers block the low- 
frequency welding current but allow free passage of the 
high-frequency discharge through the welding elec¬ 
trode and the work. Similarly a condenser is con¬ 
nected across the input terminals to prevent the oscilla¬ 
tor from feeding into the power circuit which might 


available to prevent the current from being interrupted. 
The old design naturally produces a very low power 
factor (25 to 35 per cent) compared with approximately 
90 per cent for the improved transformer. (Fig. 2.) 

The welding operator will not experience any bother¬ 
some shock from the welding circuit nor from the 
oscillator circuit because of the very high frequency of 
the oscillator circuit producing the well-known “skin- 
effect,” and because of the low capacity of the oscillator 
circuit. 

The mechanical construction of the new welder is 
both simple and sturdy, the general appearance being 
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as indicated by*'Fig. 3. The welding transformer, oscil- 
lat$r, and current regulating resistors are assembled 1 
in an arc-welded sheet metal case, which is provided 
with wheels and a suitable handle for conveniently 
moving the unit as shown in Fig. 4. 

The current regulating resistors are connected to five 
switches and are designed so that currents of 4, 8, 16, 
32, 64 amperes, and any combination from 4 to' 120 
amperes in steps of 4 amperes may be obtained. It is 
therefore possible to adjust the current value to within 
2 amperes of any desired value. The equipment is 
especially desirable for welding sheet steel and aluminum 
in the thinner gages below No. 16 in which field the d-c. 
arc has not been particularly satisfactory up to the 

present time. ° 

The quality of the welds made with this improved 
a-c. welder is in every respect equal to d-c. welds. 
Many tests of such welds have been made and in one 
series of ten tests using hot rolled steel plate the aver¬ 
age tensile strength was 52,000 lb. per sq. inch. 

Because of the low no-load losses, low investment 
charges an d low maintenance (no rotating parts) the 
a-c. equipment is very economical to operate especially 
when welding materials of 16 gage and less. It is prob¬ 
ably destined for extensive use particularly in fields 
where the d-c. arc has not made much headway. 


Discussion 

J. B. Gibbss For a long time inventors and designers have 
recognized that an a-c. Welder would be very desirable, on ac¬ 
count of its simplicity, low cost, and absence of moving parts. 
Several a-c. welders have been built, but they have not found 
wide acceptance, for the reasons given in the paper. The low 
power factor might perhaps have been tolerated on account of 
the economy of the apparatus, but the combination of danger to 
the operator and difficulty of operation has made the field for 

a-e. welders of the old type rather small. 

The addition of the oscillator removes the difficulties which 
seemed to be inherent in a-c. welding. It is another example of 
the combination of well-known ideas to produce a useful result 
a combination which having been perfected is of obvious ad¬ 
vantage* but however, requiring a breath of vision and a knowl¬ 
edge of the art. - . 

The new a-c. welder is essentially a transformer. The details 
which are added to secure portability, current _ control, and 
stability of arc are of importance but they are so simple that the 
whole apparatus can be built in a factory designed exclusively 
for the manufacturing of transformers. 

The quality of the welds made with this a-c. welder is fully up 
to the hig h standard which is expected of d-c. welds. In the series 
of tests mentioned in the paper, the hot rolled steel plates were 
welded together, machined to a standard dimension, and tested 
to destruction. The final failure occurred sometimes in the parent 
metal and sometimes in the deposited metal, indicating approxi- 
. mutely equal strength. 

’ J& The interest displayed in this welder since its announcement a 
few months ago indicated that it meets an existing need and that 
it is now feasible and economical to apply electric arc welding to 
many uses for which, heretofore, it has been found unsuitable. 

R. E. Hellmuod: During the last eight or ten years a great 
deal of discussion has taken place regarding the relative merits of 


a-e. and d-c. arc welding and the possibility of using a-e. welding 
to a greater extent. However, up to this time the a-c. welder has 
not been commercially exploited to any extent in this country. 
This is rather surprising in view of the fact that such welders 
have been commercially available in Europe for almost ten years. 
Quite a number of them was exhibited in England about 1924 or 
1925, and on the Continent both single-phase and three-phase 
a-c. welding were carried on commercially about that time. 
Shortly after this, about 1925 or 1926, one of the first a-e. welders 
with high-frequency “keep alive” was commercially available in 
France and it gave reasonably good results as far as the weld was 
concerned. Unfortunately it was possible for the operator to re¬ 
ceive severe and disagreeable shocks under certain conditions, a 
factor which of course would not have made this welder very 
popular in this country and which carried with it a certain hazard, 
not so much from the danger of the shock itself as from the fact 
that the reaction from the unexpected shock might result in 
other accidents, such as falling, etc. 

Possibly it is to be regretted that a-c. arc welders were not 
available earlier in this country, as they might have hastened a 
more general introduction of arc welding because of their some¬ 
what lower cost, greater .portability, and the absence of a rotating 
member and consequent reduction in attendance and mainte¬ 
nance. On the other hand, if we consider that arc welding in 
general in the absence of reliable test methods for the finished 
weld had to overcome many prejudices, it may be fortunate that 
the inferior welds likely to be obtained with the earlier types of 
a-c. welders were not added to the many other difficulties which 
had to be overcome in the introduction of arc welding. Now that 
ap a-c. welder which is not only equal but in some respects 
superior to the d-c. welder is available, it will most likely open 
up new fields and broaden the application of arc welding. 

C. J. Holslags As we were the first ones to manufacture a-c. 
welders we are naturally interested in the article presented by 
Mr. Candy. A description of our welders was published by the 
American Institute of Electrical Engineers^ 1919 f . 

The open-circuit voltage of an a-c. machine is not generally 
double that of a d-c. welder as stated by Mr. Candy. At the 
present time, the use of a “shielded” arc makes it necessary to 
have about 70 volts open-circuit voltage in d-c. welding, ^h^ is 
the open-circuit voltage of the a-c. arc waders we are now manu¬ 
facturing and is the same as the a-c. welders now manufactured 
in Europe. 

Power factor and efficiency with either alternating current or 
direct current are closely related. In fact, the power factor 
depends on how much loss there is in the welding circuit. The 
best conditions for welding, either alternating current or direct 
current, require some dead resistance. With an a-c. transformer 
we can'weld without resistance—this results in an efficient ap¬ 
paratus but a poor power factor. With 75 volts open circuit and 
35 volts across the arc the power factor is around 50 # per cent. If 
resistance is introduced in the circuit, the power factor will be 
raised. This is also true in the d-e. circuit except that the power 
factor is better because of the higher loss in the motor and genera¬ 
tor. In general, with an a-c. welding transformer we have an 
efficiency of 80 per cent and the power factor of 50 per cent; 
whereas, in the d-c. circuit the total efficiency is around 50 per 
cent and the power factor 80 per cent. In other words, there is 
about the same current demand on the main line. 

Mr. Candy’s second point is decidedly controversial. We 
would also like to have Mr. Candy comment on the safety of 
his circuit from the operator’s standpoint especially for trans¬ 
formers of the larger size. 

A. M. Candy: Output capacity of the welding transformer has 
no bearing on the safety to the operator inasmuch as the voltage 
of the welding circuit remains the same. 
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T HE rapid expansion of are welding in recent years 
has served in an ever increasing degree to focus 
attention on the design and operating characteris¬ 
tics of arc welding generating equipments. Up until a 
few years ago the d-c. arc welding circuit invariably 
constituted a welding system rather than a welding 
generator. This applies even to the variable voltage 
individual operator sets as well as to the constant po¬ 
tential multiple operator equipments. Generally speak¬ 
ing, the so-called arc welding generator does not possess 
all the characteristics required for arc welding, and to 
compensate for this, external auxiliary devices of one 
kind or another are introduced. The generator to be 
discussed in this paper is designed so as to have inher¬ 
ently all the characteristics /equired for arc welding 
without the assistance of any external auxiliary appara¬ 
tus whatever, and is, therefore, in every respect an “arc 
welding generator.” 

Resistance Characteristics of Arc Welding f 
Circuit 

It is well known that the negative resistance charac¬ 
teristic of the arc makes it inherently unstable when 
operating from a constant potential cirqiit. To over¬ 
come this instability, the circuit must have a drooping 
volt-ampere characteristic; that is, the voltage must 
decrease with increasing current. Individual operator 
welding generators are, therefore, designed to have a 
drooping volt-ampere curve. 

When there is no actual transfer of material across the 
arc so that its inherent resistance characteristic is the 
only cause for instability, the requirements are not very 
exacting. For example, very little more than a drooping 
volt-ampere characteristic is required to maintain a 
carbon arc. However, when there is metal transferred 
across the arc, as in metallic arc welding, and abrupt 
changes in the arc resistance are caused thereby, the 
conditions J>ecome much more complex and exacting. 

When welding with a mild steel, bare, or lightly flux 
coated electrode, oscillograms show that the voltage 
across the arc drops to zero at more or less regular inter¬ 
vals. This drop of voltage takes place whenever a drop 
of molten metal goes across the arc and thus momen¬ 
tarily short-circuits the arc, at which instant the resis¬ 
tance of the arc is reduced to zero. 

The time during which the arc remains short-circuited 
is exceedingly short, being on the order of one to two 
hundredths of a second. As compared with the length 

1. K. L. Hansen Engg. Co., Inc., Milwaukee, Wisconsin. 
Presented at the Winter Convention of the A.I.E.E ., New York, 
N. F., January 25-29, 1932. 


of time on short circuit, the average interval of time 
between drops is approximately four to five times the 
length of time on short circuit. The resistance of the 
metallic arc, therefore, varies rapidly between the value 
zero and such a value of resistance as to make the drop 
across the arc at normal welding circuit equal to the 
normal arc voltage. 

The variations in arc resistance resulting from metal 
transfer across thp arc are much wider and much more 
rapid than variations in the arc resistance caused by its 
inherent negative resistance characteristic. Because of 
the predominating character of these resistance fluctua¬ 
tions, the circuit to which an arc welding generator is 
delivering energy consists, from the standpoint of the 
generating equipment, of a resistance which is periodi¬ 
cally being short-circuited at a rate of from ten to 
twenty times per second. 

The equivalence of the metallic arc to a circuit, the 
resistance of which varies continuously and rapidly from 
a definite value to zero and back to its original value, is 
of great importance in the mathematical investigation 
of the instantaneous values of current fluctuation in 
welding generators. In a mathematical paper, 2 the 
writer made the following statement: 

It must, of course, be understood that it is not attempted to 
calculate the current fluctuations in the arc circuit when welding 
is being performed, but merely the momentary increase or de¬ 
crease in current that would take place if the resistance in the 
main circuit is suddenly changed from one value to another; as, 
for example, from open circuit to short circuit. It is, however, 
fair to assume that any special features in design of the machine 
which will reduce the fluctuations when calculated in this manner 
will also reduce the fluctuations during the welding operation and 
thus help to stabilize the arc. 

It has been argued against this method of treating the 
problem that the are does npt obey Ohm’s law in so far 
as the voltage across the arc is not proportional to the 
current, but remains approximately constant over wide 
range of current, and that the arc should not, therefore, 
be considered a resistance, but an independent? electro¬ 
motive force. However, this objection to the method 
used in the writer’s earlier paper does not appear to be 
well taken. 

Regardless of whether the arc obeys Ohm’s law or 
not, it is in its nature a resistance inasmuch as it always 
consumes electrical energy and voltage and is not a 
source of voltage. Furthermore, the reaction of the ma¬ 
chine to abrupt and wide changes in the external re¬ 
sistance is, of course, precisely what it is desired to 

2. Design of Constant Current Generator for Arc Welding, 
Trans. A.I.E.E., Vol. XXXIX, Part 2,1920. 
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know. Indeed.Jail tests that have so far been suggested 
for measuring the ability of welding generators to meet 
properly the exacting conditions of metallic arc welding 
consist of methods for determining the amount and 
duration of the momentary increase or decrease in 
current when the external resistance is suddenly 
changed from one value to another. 

Trend in Design 

The importance of minimizing the momentary current 
fluctuations, or transients as they are frequently called, 
is clearly discerned in the most recent modifications 
made in design of arc welding generating equipments. 


•» 
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Fig. i—C omplete Stator of 200-Ampere Hansen Arc 

Welder 


Publications which have appeared lately on the subject 
indicate that considerable effort has been directed 
toward that end. For example, in some makes of 
apparatus the well-known reactor, which has been used 
extensively to smooth out the current fluctuations, has 
been modified to utilize impulses from it to speed up the 
flux changes in the field. One such modification, known 
as the “flexactor,” has been described by Blanken- 
buehler 3 ^and another, the “transformer reactor” by 
Bergman. 4 These modifications of the reactor have ap¬ 
parently resulted in marked improvement in operation. 

In the writer’s paper referred to, the desirability of 
eliminating the external stabilizer was strongly empha¬ 
sized. Furthermore, it may be of interest to quote from 
this paper comments made therein on the self-excited 
’machine in use at that time, that is, about a dozen years 
ago. These comments referred to the well-known sys¬ 
tem of self-excitation using a two-pole armature in a 

3. An Improved Arc Welding Generator , Trans. A.I.E.E., 
Vol. 50, June 1931, p.657. 

4. A New System for D-C. Arc Welding , Trans. A.I.E.E., 
Vol. 50, June 1931, p.678. 


four-pole field structure and a third brush. The quota¬ 
tion follows: 

*» 

Since there are only two sets of main brushes, the commutator 
must be longer than in the four-pole machine to keep the same 
current density in the brushes. On the whole the material is not 
so economically employed as in the four-pole generator with 
separate excitation. 

Furthermore, since the series field turns generally have to be 
changed for different current values, either by shunting or by 
taps, the current adjustment is not comparable to the fine ad¬ 
justment that can easily be obtained over a wide range in the 
separately excited machine. 

On the whole, the writer feels that the advantage obtained by 
eliminating the separate excitation is not sufficient to compensate 
for the disadvantages mentioned. Undoubtedly efforts will be 
continued in this direction, however, and if a generator can be 
developed possessing all the desirable features of the present 
separately excited machine without the need of separate excita¬ 
tion, the advantage of such a machine is obvious. 

It probably will be conceded that an ideal welding 
generator is one in which: 

(1) The external reactor has been eliminated, pro¬ 
vided it has been accomplished without introducing 
undue complications. 

(2) Current impulses in the main circuit are reflected 
into the field to quicken flux changes in the field and 
thereby make the machine more responsive to changes 
in the external resistance. 



Fig. 2—Cross Sectional View of Main Poles and Shunt 
Coils of 200-Ampere Welder 
Stabilizing and short-circuit windings omitted# 


(3) The exciter has been eliminated without resort¬ 
ing to the two-pole armature four-pole field structure. 

(4) All regulating rheostats and switches have been 
eliminated and still a wide range of welding currents can 
be obtained in fine steps which will have desirable arc 
characteristics over the whole range. 

A generator which, in the writer’s opinion, fulfils 
these requirements is briefly described in the following 
section. 

Completely Self-Contained Arc Welding 
Generator 

The first two of the objects enumerated above have 
been attained by a novel design of the commutating 
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winding, shunt windings and main poles, and by adding 
a special winding consisting of ,one turn short-circuited 
upon itself. 

The armature is similar to a standard d-c. armature, 
except that it is wound with a relatively large number of 
turns and correspondingly large number of commutator 
bars. In arc welding generators, this is desirable for - 
several reasons. 


ROTATION 
-3-S 



It is generally recognized that with a high number of 
turns on the armature a comparatively great change in 
the terminal voltage requires only a small change in the 
field flux, which makes the machine more responsive to 
external resistance variations. Furthermore, with a 
high number of commutator bars, the volts per bar is 
low, which becomes a marked advantage in connection 
with the schenfe of excitation to be described later. 

Fig. 1 shows the field ring with all poles and field 
windings in place. It will be noticed that the commutat¬ 
ing aoils, instead of being wound in the usual way on 
the commutating potes, have been extended to and com¬ 
pletely imbedded in the main pole flanges. The com¬ 
mutating winding thus extended and surrounded by 
laminations, functions both in capacity of stabilizing 
winding and commutating winding. The desired sta¬ 
bilizing effect is obtained without adding any windings 
to those ordinarily employed in commutating pole 
machines. 

The method of assembling the pole flanges around the 
stabilizing*winding can readily be observed from Fig. 1, 
assisted perhaps by a reference to Fig. 2. The pole, it 
will be noticed, is made up of two parts, the upper and 
the lower part or pole shoe. The upper part is bolted to 
the fr am e. The stabilizing coil, which has been wound 
and formed to the proper curvature on a press, is then 
laid in slots in the upper part of the poles. The pole 
shoe is then put in place and bolted to the upper part. 

From Fig. 2 it will also be noticed that the generator 
has two shunt coils separated by a magnetic bridge. 
The function of this arrangement and of the short- 
circuited winding shown in Fig. 1 will be described later. 
The pole shoe, it will be seen, serves as a common mag¬ 
netic path for the stabilizing flux and the flux due to 
armature cross-magnetization. 


It may be pointed out here that the' axial length of 
the back of the pole, that is, the part bolted to the fratne, 
is considerably shorter than the a^ial length of the part 
of the pole constituting the magnetic circuit of the 
stabilizing winding. 

Excitation and Current Control 

The well-known reentrant volt-ampere curve of the 
shunt generator is not at all suited for arc welding. It is 
essential that the permanent short-circuit current be 
equal to or greater than the welding current. For that 
reason some source of excitation must be available even 
on short circuit when the voltage across the main 
brushes is zero. Reference to Fig. 3 will show how this 
is accomplished. . 

In addition to the main brushes, the machine is 
equipped with two sets of auxiliary brushes spaced from 
50 to 60 electrical degrees ahead of the main brushes. 
These excitation brushes have a very high contact re¬ 
sistance and can without commutation difficulties 
handle a much higher voltage per bar than is ever 
reached in these generators, which, as already pointed 
out, is unusually low. 

Line A represents the no-load field form. It will be 
seen that the auxiliary brushes take in part of the nega« 
tive portion of the field form. The voltage across the 



Fig. 4—Volt-Ampere Curves of 300-Ampere Hansen 
Arc Welder 

Nos. 1, 2, 3, etc., indicate different brush positions 

auxiliary brushes on open circuit is therefore propor¬ 
tional to the rectangle BCDE. What will be the con¬ 
dition on some load, for example, on short circuit? 
Ass um e that saturation is negligible on short circuit so 
that fluxes are proportional to m.m.fs. The voltage on 
the shunt coil excited from the main brushes falls to 
zero on short circuit and the m.m.f. of the field is re¬ 
duced to line F. In addition, there is direct demag¬ 
netizing force from the armature which reduces the 
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an the held still further to line H. The remain¬ 
ing m.m.fs. are those due to the armature cross-mag¬ 
netization and the stabilizing winding. 

The distribution of flux in the air gap under the mam 
poles is not directly affected by the m.m.f. of the sta¬ 
bilizing winding. It is indirectly affected by this m.m.f. 
when the pole shoe becomes saturated, but neglecting - 
that for the moment, the flux distribution is the re- 


/STABILIZING COMMUTATING 
/ WINDING 



Fig. 5 


sultant of the net m.m.f. of the field and the m.m.f. of 
armature cross-magnetization. This is shown in Fig. 3 
as a dotted line. The area included between this line 
and the base line, and lying above the base line, repre¬ 
presents positive flux, and similarly the area below the 
base line represents negative flux. It will be noticed that 
on short circuit there is still a considerable positive flux 
between the auxiliary brushes, whereas the net positive 
flux between the main brushes has been considerably 
reduced. 

When the main and auxiliary brushes are shifted 
forward simultaneously, two phenomena become pro¬ 


values the voltage on the auxiliary brushes remains 
about constant up to about normal current for that 
setting and then'drops off some at short circuit. How¬ 
ever, even at short circuit there is plenty left to main¬ 
tain a sufficiently large value of short-circuit current. 
For lower current values, the tendency for the auxiliary 
brush voltage to remain substantially constant down to 
short circuit becomes more pronounced. 

It has been mentioned that when the pole shoe which 
carries the flux of both the stabilizing and the armature 
cross-magnetization becomes saturated, the air gap is 
tribution, and consequently the compounding of the 
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auxiliary brushes, are affected thereby. This saturation 
can, therefore, be modified by introducing air gaps in 
, the path of the stabilizing flux, as, for example, at points 
marked G in Fig. 2. 

Momentary Current Fluctuation and Arc 
Recovery * 

Fig. 5 is a diagram of the actual circuit of the machine, 
except that the one turn short-circuited winding is not 



Fig 7—Oscillogram of 300-Ampere Welder When External Resistance is 
Changed from Zero to Give 25 Volts Drop at 300 Amperes 


nounced. The armature demagnetization is increased 
. and the voltage on the auxiliary brushes is decreased. 
Both of these tend to reduce the current so that a wide 
variation in current can be obtained with a relatively 
small shift of the brushes. The brushes are shifted by 
means of a micrometer screw arrangement, making pos- 
• sible minute graduations of welding current. 

Fig 4 shows a set of volt-ampere curves of a 300- 
ampere welder. It will be noticed that for larger current 


shown. However, this diagram is of no assistance in 
forming a mental picture of the interactions between 
the various circuits during transient conditions, and an 
equivalent diagram to facilitate this has been shown in 
Fig. 6. It should be understood that this is not an 
actual diagram of the circuits, the separation of the 
armature cross-magnetizing and demagnetizing turns, 
for example, being for convenience only. 

The stabilizing winding and armature cross-mag- 
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netizing turns *are shown opposing eacfi other with a 
common magnetic circuit, the pole shcje, between them. 
The armature demagnetizing turns are shown opposed to 
the two shunt fields and it should be observed that it is 
the flux within these turns which is responsible for the 
voltage at tlie main brushes. The magnetic circuit, 
encircled by the auxiliary field winding, is the main pole 
body, and the magnetic bridge is interposed between 
the auxiliary field and main field windings. In the 



To make the machine still faster in response to vajia- 
*tions in the external resistance, the short-circuited 
winding is made to form a link between the stabilizing 
winding and the field windings. When the current in 
the stabilizing winding increases rapidly, a current will 
flow in the short-circuited winding, assisting in reducing 
» the field flux. When the current in the stabilizing wind¬ 
ing is decreasing rapidly, the transient current in the 
short-circuited winding assists in building up the main 
flux. In this method of utilizing impulses from the arc 
circuit to speed up flux changes in the field, there are 
no high potentials generated in any circuit at any time 
to put undue strain on the insulation. 

The A.I.E.E. test of a welding generator for momen¬ 
tary current fluctuation and arc recovery is as follows: 

Adjust generator on resistance load to obtain normal 
current at 25 volts. Short circuit one-half the resistance 
and allow current to settle. Then suddenly open the 



Fig. 9—Oscillogram op Current and Voltage op 300-Ampere Welder in Passing 
from Open Circuit to Short Circuit and Back to Open Circuit 


absence of saturation there is no mutual induction be¬ 
tween the stabilizing winding and the two shunt wind¬ 
ings, so they have been shown as having separate mag¬ 
netic circuits. 

The two shunt coils are excited in the same direction, 
and unless the main pole body is saturated, little flux 
passes through the magnetic bridge on open circuit. 
What flux there is passes through in the direction indi¬ 
cated by arrow a. On short circuit the m.m.f. of the 
main field winding disappears and an opposing m.m.f. 
of armature demagnetization appears. Now a con¬ 
siderable amount of flux passes across the bridge in the 
direction of arrow b; that is, instead of reducing the flux 
in the main pole body, which flux interlinks with the 
auxiliary field winding, most of it is on short circuit 
diverted through the bridge. The result is that the 
energy stored in the auxiliary field changes but very 
little as the terminal voltage varies up and down. The 
advantage of eliminating the necessity of changing the 
energy stored in this field when the external resistance 
varies is obvious. 



Fig. 10—Oscillograph Record op Current and Voltage 
op 300-Ampere Welder in Passing prom Open Circuit to 
Short Circuit and Back to Open Circuit • 


short circuit and reinsert the resistance in circuit. The 
current momentarily drop's below normal and the time 
of recovery is the time required for the current to return 
to within 5 per cent of its original value. 

This test is of little value because the resistance varia¬ 
tion is not wide enough to cause any noticeable depres¬ 
sion of current below normal upon reinserting the re¬ 
sistance in the circuit; that is, if the machine is worth 
being termed an arc welding generator. The Navy spec¬ 
ification calls for the same test for arc recovery with 
the exception that all of the resistance must be short- 
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circuited and tnen reinserted. This test means some¬ 
thing. 

An oscillograph record of a test made according to 
Navy specifications at normal load on a 300-ampere 
welder is shown in Fig. 7. The timing is a standard 60- 
cycle wave. As the current and voltage scales are in 
opposite directions on the oscillogram, it has for con¬ 
venience been replotted to scale in Fig. 8. The dotted 
line indicates the drop in current and the time of re¬ 
covery permitted by the Navy specifications. It will be 
noticed that whereas the Navy permits a drop of cur¬ 
rent to 180 amperes, it actually drops to only 272 
amperes. 


action is that its current must not rise to a hign value during t 
short circuit. On the other hand the welding arc is subject to 

many rapid variations of voltage and current which the generator 
is called on to follow if the are is to be stable. . 

One of the principal eauses of instability may be variation m 
gas dissociation about the arc as suggested by Alexan er m • 
At any rate, there does not seem to be sufficient evidence just 
now for believing that short-circuiting of the arc by drops is the 

chief cause of instability. . , 

The generator described by Mr. Hansen is a clever g 
which certainly combines into one machine all of the major 
requirements of a d-c. welding apparatus. The question of tbe 
desirability of such a combination is an economic one; the use 
of two associated pieces of apparatus would certainly have no dis¬ 
advantage from a technical standpoint, but such design may have 
advantage from a standpoint of cost and simplicity. 
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Fig. 11 


Fig. 9 shows the record of current and voltage of the 
same machine in passing from open circuit to short 
circuit and back to open circuit. As in the preceding 
case, the voltage and current scales are in opposite 
directions, and for that reason voltage and current have 
been replotted to scale in Fig. 10. 

Fig: 11 is a record of welding current and arc voltage 
.when welding with a bare, mild steel electrode; average 
welding current, 200 amperes; average arc volts, 20. 


Discussion 

L. R. Ludwigs Mr. Hansen makes the point in his paper that 
the chief cause of the welding arc instability is the frequent short- 
circuiting of the arc by molten drops. Instability apparently is 
taken as-meaning that the arc will extinguish, and must be 
manually restruck. The paper states in particular that when 
there is no transfer of material across the arc its inherent re¬ 
sistance characteristic is the only cause of instability and further, 
the carbon are is cited as being very stable because there is no 
transfer of material. This stability of the carbon arc is more 
probably due to another reason and that is the thermionic 
nature of its cathode, which has been carefully discussed by 
K. T. Compton. The cathode of the usual welding arc is probably 
not thermionic as evidenced by its rapid motions.. 

The paper also states that variations in are resistance resulting 
from metal transfer, are wider and more rapid than variations in 
arc resistance caused by its inherent negative resistance charac¬ 
teristic. It is difficult to see why the short-circuiting of the arc 
by drops will cause it to be unstable since the arc certainly re¬ 
strikes with ease when the drop breaks away from the electrode. 
The only requirement placed on the generator by this bridging 


The characteristic curves of Mr. Hansen’s generator shown in 
i Fig. 4 can hardly be accepted as ideal. The stability of an 
, is increased if the change in terminal voltage is made as great 
possible for a given change of current. It is for this reason 
at an arc is more stable on a high-voltage circuit than on alow- 
ltage one. In order to avoid high open-circuit voltage the 
=al welding generator characteristic would be quite steep in 
; region corresponding to about 25 volts, and flat m the vicinity 
the open-circuit voltage, which is almost the opposite of 
rves given by Mr. Hansen. Transient characteristic curves of 
urse are of utmost importance, hut they cannot be steeper than 
e so-called static curves; that is, those taken point by pom . 

R. E. Hellmund: Mr. Hansen has discussed in his paper an 
eeedingly interesting arrangement of an arc welding generator, 
hich by skillful design can most likely be made to opera , 
tisfaetorily. I doubt, however, that the definition of ^ idea 
elding generator” as given at the beginning of Mr Hansen s 
® is correct for present-da} manufacturing conditions. The 
,tter dictate that in order to obtain the best economic resul , 
I apparatus and arrangements, although they may aceomphsh 
leeial results, should he an assembly of standard parts manu- 
ictured in quantity. This is essential both for the sake of mini- 
mm manufacturing costs and of general availability ° s P aie 
arts for nation-wide distribution at a minimum investment. 
Phile I can conceive that the solution offered by Mr. Hansen 
uy work out satisfactorily for a small eoneem, oer ^ J 
ot the ideal solution for the large manufacturer As fax as the 
ser of the apparatus is concerned, it is immaterial to him 
he desired results are obtained by a theoretical combination m a 
inde machine or by a well-designed physical combination of 
tandard parts; possibly he would prefer the latter m order to 

aeilitate his renewal part problem. . . , 

Conditions as just described are often most dl ^”agmg to the 
nrip-matinsr such arrangements as covered m th p p , 
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but inasmuch as* we are dealing with practical engineering 
questions we cannot overlook the economical factors mentioned 
in this connection. They are uncompromising and have pre¬ 
vented the commercial exploitation of many otherwise very in¬ 
genious arrangements. Of the many hundred schemes which 
have been proposed for combining the functions of several pieces 
of apparatus intT> one, very few have commercially survived; of 
those which have, the most outstanding in this country are the 
synchronous rotary converter, which is extremely simple, and 
the third-brush generator used in automobiles, which is also very 
simple and does not present great difficulties on account of the 
low voltage of the commutator and which, furthermore, is manu¬ 
factured in large quantities for its.own specific application. All 
this merely means that conditions have to be particularly favor¬ 
able if specialized combination arrangements are to win out over 
combinations of standard parts. 

D. W, Ver Planck: From a theoretical standpoint, at least, 
the Hansen generator is very interesting. 

In all welding generators so far described it is necessary, in 
order to obtain the desired volt-affipere characteristic, to have a 
change in the amount of field flux linking the armature, as the 
terminal conditions vary from open circuit to short circuit or 
vice versa. The method of accomplishing this in separately ex¬ 
cited machines is to cause the total flux to decrease toward zero 
by cancelling out the exciter m.m.t. with a m.m.f. derived from 
the welding current. In the self-excited machine described by 
Mr. Bergman* the flux from one pair of poles remains constant 
while that from the other set is reversed by means of a series 
field carrying welding current. Both of these methods require 
that the net number of flux linkages of the entire field circuit 
change by an amount equal to a little less than their no-load 
value. The Hansen generator is unique in that its main field flux 
is not changed in magnitude, but is diverted from the armature 
into the magnetic bridges between the coils. This involves little 
change in the auxiliary field linkages but the main field linkages 
are decreased to nearly ^ero. The total net change in flux linkages 
for both fields is somewhat less than one-half of the normal no- 
load linkages. This is an excellent point in the Hansen machine 
and indicates that equally as good transient characteristics as 
those of the Bergman type could be obtained by the use of a 
small corrective device. 

The oscillogram of Fig. 9 when compared with the one given 
by Mr. Bergman seems to indicate that the two machines have 
about the same transient performance. However, closer examina¬ 
tion shows that the short-circuit on the Hansen machine was 
interrupted quite slowly, six times more slowly than on the Berg¬ 
man machine. Now it can be shown by analysis, and experience 
bears this out, that “instantaneous recovery voltage,” or the 
minimum of the recovery voltage, is higher the more slowly the 
short circuit is interrupted. This emphasizes the need for making 
tests of this kind on a standardized basis so that a comparison of 
results will n£fc tend to be misleading. 

Referring to the volt-ampere characteristics of Fig. 4, the 
question arises as to whether or not the nearly perpendicular 
approach of the curves to the zero axis is desirable. It would 
seem that this is approaching dangerously near to an unstable 
condition. 

The use of a third brush as it is done in the Hansen generator 
appears to be a somewhat questionable practise because this 
brush must commutate coils which are well under the poles where 
the generated voltages are high. The use of a high resistance 
brush may limit the short-circuit current in these coils, but even 
so one would suspect that considerable sparking with the conse¬ 
quent commutator blackening would result when the machine 
began to get dusty. It should be noted that the use of the excita¬ 
tion brush in the Bergman generator is quite different from this 

*A New System fat D-C. Arc Welding , by S. R. Bergman, A.I.E.E. Trans., 
June 1931, p.678. 


as it commutates coils which are in the neutral Tone between the 
cross and main poles. 

K. L. Hansen: Mr. Ludwig is undoubtedly correct in his 
statement that the stability of the carbon arc is conditioned by 
the thermionic nature of its cathode. The point which I desired ® 
to bring out was that if very wide and abrupt variations in arc 
resistance are superimposed on the resistance variations due to 
-the inherent instability, the conditions, from the standpoint of 
the generating equipment, become much more severe and exact¬ 
ing than if the inherent instability alone has to be taken care of. 

For example, let us assume that a carbon arc is so arranged 
that its negative electrode periodically touches the positive at a 
rate of 15 to 20 times per second, separating the electrodes to a 
distance of about one inch between strikes, and each time, at the 
moment of striking, a portion of the negative electrode is left 
deposited on the positive. Under these conditions, the resistance 
of the arc will vary l^etween wide limits, and the conditions for 
thermionic emission from the cathode will change with each 
stroke. Also assume, as frequently happens in metallic arc weld¬ 
ing, that there are forces present, such as magnetic fields, tending 
to disrupt the arc. The reestablishment of the arc after each 
extinction on short circuit would then probably not be so readily 
accomplished as Mr. Ludwig seems to think. At any rate, the 
demand upon the welding generator to maintain a uniform 
current under these conditions is without the slighest doubt much 
more severe than if it simply had to maintain a carbon arc with 
approximately constant distance between the points of the 
electrodes. 

However, the only purpose for bringing this discussion into my 
paper was to justify my contention that the mathematical 
analysis of the arc welding generator can best be approached by 
investigating its reaction to wide and abrupt changes in the 
resistance of the external circuit. Mr. Ludwig, I believe, agrees 
with me on this point. 

Before introducing the latest innovation, the magnetic bridge, 
in the Hansen arc welder, it had a volt-ampere characteristic 
substantially like the one described by Mr. Ludwig as being the 
ideal one. The introduction of the bridge, modifying the volt- 
ampere characteristic to the one shown in the paper, immea¬ 
surably improved the machine for welding. Whether or not the 
modification in the volt-ampere curve had anything to do with 
this improvement in operation, or whether it was entirely due to 
improvement in the transient conditions, such as stability and 
arc recovery, is problematical. 

Mr. Hellmund states that the arrangement discussed in the 
paper “can most likely be made to operate satisfactorily.” This 
and other statements in his discussion lead me to believe that 
he labors under the impression jh&t the Hansen arc welder is 
just being introduced as an untried novelty. He may be inter¬ 
ested to learn that the Hansen arc welder, in substantially its 
present form, has been on the market since 1927. 

The number of machiijes now in operation is well on the way to 
the second thousand, one customer having had for the past three 
years 327 machines in operation in factory and field. Mr. Hell¬ 
mund may have been influenced by the title of the paper. The 
more recent developments which the title has specific reference 
to are the short-circuited winding and the magnetic bridge, the 
latter being the latest innovation. However, as the distinctive 
features of excitation and stabilization had not been previously 
described in any technical publication, the machine was dis- . 
cussed as a whole. 

It may be remarked that the introduction of the bridge has 
very markedly improved the welding characteristics of the 
generator, entirely overcoming occasional criticism in the opera¬ 
tion of the earlier models. There is, therefore, every reason to 
believe that the machine will be even more favorably received in 
the future than it has been in the past. I wish to emphasize this 
because the justification for developing a distinct generator to 
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meet a specific application naturally depends on the number of 
unit$ that eventually go into operation. When this^ number isr 
large enough the machine obviously becomes a “standard” 
machine for that application, and the parts are regularly carried 

in stock. _ 

In developing the Hansen arc welder, every effort was exerted 
to reduce the number of parts to a minimum. The reduction of 
the number of electric circuits or windings to less than one-half 
the number required when the usual auxiliary devices, such as 
stabilizer and exciter, are used, is an indication of how well that 
effort has succeeded. Furthermore, attention was concentrated 
on the elimination of those parts which experience has shown to 

be most vulnerable in operation. 

The result has been to reduce the demand for spare parts, aside 
from brushes, and on rare occasions bearings, both of which are 
standard, to an astonishingly small amount. This was considered 
a much more satisfactory solution of the renewal problem from 
the user’s standpoint than furnishing an n excess number of 
standard parts which can readily be supplied from convenient 
distributing points, although the latter may have some attractive 
features from the manufacturer’s standpoint. 

As compared with another standard make of welding equip¬ 
ment, the elimination of unnecessary parts by correct design of 
the generator itself has made possible a reduction in weight from 
35 to 47 per cent. Or, putting it the other way, the excess baggage 
required for the external auxiliary devices ranges from 54 to 
90 per cent. Conservatively estimated, the average amount of 
finished material saved per machine is 500 pounds. The amount 
s#ved on the machines in operation so far is, therefore, moving 
towards the million pound mark. _ 

If a large manufacturer, because of rigid adherence to stand¬ 
ards, lacks flexibility to take advantage of a scheme which effects 
such savings while a small concern can do it, the reflection ap¬ 
pears to be on the large manufacturer rather than on the scheme. 

Mr. Hellmund is obviously under the impression that the 
experience of developing *and assisting in putting on the market 


the generator in question must have been a discouraging one to 
the writer as the originator of the arrangements covered in the 
paper. I am sure that he will be pleased to know that quite the 
opposite has been the case. The experience has been a most 
interesting one and well worth while. The fact that economic 
forces are uncompromising is a help rather thana hindrance o 
those who wish to exploit new schemes of real merit. They are 
indeed the forces which assist the inventor in overcoming the 
inherent tendency in human beings to oppose change, or what 
might be termed human inertia. However, to. succeed it isi no 
sufficient that the proposed scheme be ingenious. It must have 
merit, that is, have a distinct advantage over the schemes already 
in use, and that advantage must in some form or other be an 
economic one. 

Mr Ver Planck evidently sees the full significance of the mag¬ 
netic bridge between field coils, and I wish to express my appre¬ 
ciation of his comments on this point. The rather slow inter¬ 
ruption of current on oscillogram, Fig. 9, at the instant of opening 
the short circuit, is evidently caused by the tenacity of the arc 
which is formed to hang on when the circuit is broken. On the 
earlier machines, with slower arc recovery, this phenomenon was 
not observed, and the voltage would have an instantaneous sharp 
rise due to the inductance of the circuit. Increased tenacity ot 
the arc to hang on is obviously the result of improvement m de¬ 
sign with reference to arc recovery. I do not believe that the 
minimum voltage following the first rapid rise would have been 
any lower if means had been employed to break the arc more 
rapidly. That is a point, however, which can be definitely settled 

by some additional tests. 

Regarding the auxiliary brushes operating in the field, it was 
pSinted out in the paper that the combination of low voltage 
between bars and high resistance brush has insured entirely 
satisfactory operation. In fact, five years of experience wi i 
this system of excitation have shown that the commutator 
will polish just slightly better where the auxiliary brushes are 
bearing on it in addition to the main brushes. 
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